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1

SYSTEM AND METHOD FOR MOMENT
TENSOR MIGRATION IMAGING

CROSS-REFERENCE TO RELATED
APPLICATIONS

This application 1s a national stage under 35 USC 371 of
International Application No. PCT/US12/460358, filed on 10

Jul. 2012, which claims priority to a Provisional Application
No. 61/572,695, filed on 19 Jul. 2011. The entire disclosures

of these prior applications are incorporated herein by this
reference.

TECHNICAL FIELD

The present disclosure relates generally to seismic explo-
ration, fracture detection and production monitoring, and in
one example described below, more particularly relates to a
system and method for analyzing distribution and properties
ol microseismic events.

BACKGROUND

Seismology typically uses recordings of vibration to infer
information about a source that created the vibration, and/or
to infer information about properties of the earth. Generally,
the vibration 1s modeled as a propagating wavelield between
the source and a receiver.

BRIEF DESCRIPTION OF THE DRAWINGS

FI1G. 1 1s a diagram representatively illustrating a geometry
of force couples for a seismic moment tensor, in which an
example pairing of equal elements 1s depicted by shading.

FIG. 2 1s a diagram representatively 1llustrating particle
motion for P and S-wave propagation.

FI1G. 3 representatively 1llustrates an interaction of a wave-
field with discrete changes inelastic properties, creating
reflected and converted waves.

FIG. 4 1s a representative diagram depicting P-wave and
S-wave particle motion at an interface.

FIGS. 5A & B representatively illustrate polarization of

P-waves (FI1G. 5A) and S-waves (FIG. 3B) emanating from a
moment tensor source.

FIGS. 6 A-C are representative snapshots of a numerical
simulation of seismic wave propagation 1n a three-layered
medium.

FIGS. TA & B representatively 1illustrate example geom-
etries for microseismic monitoring.
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FIG. 8 representatively illustrates an example display of 50

sensor outputs.

FIG. 9 15 a representative diagram demonstrating diffrac-
tion stack migration.

FIG. 10 1s a representative diagram demonstrating data
selection for a diffraction stack migration approach.

FIG. 11 1s a representative example image for a seismic
source obtained through the diffraction stack migration
approach.

FIG. 12 representatively 1llustrates a plurality of diffrac-
tion stack 1mages obtained using the same geometry as FIG.
11 except with double couple (fault-like) sources.

FIG. 13 1s a diagram representatively demonstrating data
selection for interferometric source 1imaging.

FIG. 14 1s a diagram representatively illustrating beam
migration.

FIGS. 15A-C are representative example snapshots from a
reverse time migration to determine a source location.
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2

FIG. 16 1s a representative flow chart for general imple-
mentation of one example of a moment tensor migration
imaging method.

FIG. 17 1s a representative diagram of ray geometry

between a subterrancan 1mage point and a surface sensor
module.

FIG. 18 1s a representative diagram of a processing system
which may be used to implement a method for 1imaging a
subterranean region of interest, which system and method can
embody the principles of this disclosure.

DETAILED DESCRIPTION

Representatively illustrated 1n the drawings are a system
and associated method which can embody principles of this
disclosure. However, 1t should be clearly understood that the
illustrated system and method are merely examples of appli-
cation of the principles of this disclosure 1n practice, and a
wide variety of other examples are possible. Theretfore, the
scope of this disclosure 1s not limited at all to the details of the
system and method described herein and/or depicted 1n the
drawings.

A relationship between a source, a propagating wavefield
and an observed wavefield at a recetver can be summarized
using a convolution of a Green’s function with a point force,
as follows:

J=3 (1)
di(r, )= )" Gylr, s, 1=7)% fils, 7)
=1

where f (s,T) represents a component of the force acting at the
source position s, and time T. T 1s also referred to as the origin
time of the source, and s 1s also referred to as the hypocenter.
The components 1 and j refer to spatial axis, hence d (r,t) refers
to the recorded seismogram with motion in direction 1 posi-
tioned at the receiver location r. Note that the function §,(s,t)
varies 1n both time and space, indicating that the source can be
anywhere and at any time.

The signal (wavefield) from the source propagating to the
receiver 1s modeled by a time domain convolution, *, of the
point force with the Greens function, Gg(rjs,,t). In other words,
the Green’s function represents the transier of the point force
signal into the recorded seismogram, d.(r,t). The seismogram
can be considered a sum of point forces acting at different
positions and origin times, as follows:

(2)

where the integral 1s performed over some volume containing,
the potential sources.

Equations 1 and 2 are of limited use in seismology, as
carthquakes are not described well by point forces. This 1s
because equations 1 and 2 do not provide for motion caused
by slip along a fault.

Instead, seismologists typically characterize sources using
a moment tensor, M. The moment tensor 1s a 3x3 matrix with
cach element representing a force couple about a point. The
moment tensor 1s defined as:
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where each element represents a force couple about a point, as
depicted 1n FIG. 1. Although the moment tensor contains nine
force couples, the tensor 1s symmetric, and so there are only
s1x independent elements. Hence, M, =M.

The moment tensor 1s incorporated into the model for the
seismic source by using a spatial dervative of the Greens
function:

dGi(r, s, 1)
ax;{

(4)

Gf_f,:'r{ (ra Sa I) —

where the derivative operator 1s applied at the source, s.
Equation 1 then becomes:

(5)

-

—3 j=3
Gija(r, s, 1= T)xmp(s, 7)

1 =1

d,‘ (}"‘, I)

o
I

and Equation 2 becomes:

k=3 j=3

d;(r, 1) = fy: y: Giig(r, s, 1 —=T)emp (s, T)ds

k=1 j=1

(6)

Equation 6 can be re-written using an un-wrapped moment
tensor m, consisting of the six independent components of the
seismic moment tensor, as follows:

(7)

=111, 2,122, 7113,/23,1H33)

Thus, Equation 5 becomes:

=6 (8)
d;(r, 1) = fz éij(r, S, I—T)xm;(s, T)ds
=1

where Gg(rj s, t—T) represents the corresponding element of
the un-wrapped Green’s function. The expression of Equa-
tion 8 1s simplified by transforming the data into the fre-
quency domain, thus the time-domain convolution becomes a
multiplication:

(2)

It 15 also useful to discretize Equation 9 and express 1t in
matrix form, as follows:

d=Gm (10)

where d 1s a vector containing the Fourier coetlicients of all
the observed seismograms on all components placed end to
end, the elements of G correspond to the Green’s functions
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for each point 1n the region of interest, and the vector m
contains the six independent moment tensor elements for
cach potential source location and frequency.

Forward Modeling of the Seismic Wavefield

Ray Theory

So far, 1t has been described how the observed seismic
wavelield can be modeled using a combination of Green’s
functions. However, the foregoing has not described how the
Green’s Tunctions themselves might be computed. Those of
ordinary skill in the art will appreciate that an approach 1s to
use ray tracing to model the wave propagation between the
source and the recerver.

Typically, seismic data 1s described using elastic wave
propagation which, for convenience, 1s often divided into
different types or modes of propagation. For example, surface
waves are 1solated to regions near large changes 1n material
properties, such as at the surface of the earth, hence the name.
However, for purposes of this disclosure, discussion can be
limited to the modes of propagation that travel through the
medium of interest, which are known as body waves.

FIG. 2 shows the two types of body wave phases, P and S.
P-waves (also referred to as primary waves) travel faster and
hence arrive first. They consist of particle motion parallel to a
direction of wave propagation. S-waves consist of particle
motion 1n a direction perpendicular to the direction of wave
propagation.

The body wave parts of the seismogram may be modeled as
a sum of P and S-wave arrivals, as follows:

d: = (11)

FH
2,

m=P1,51 ... PN SN

The summation 1n Equation 11 refers to all possible differ-
ent P and S-wave arrivals at a receiver. In a homogenous
1sotropic medium, there will be only one P-wave arrival and
one S-wave arrival. However, the presence of seismic velocity
variations (heterogeneity) in the medium will create reflec-
tions and conversions (e.g., as depicted 1n FIG. 3), as well as
triplications 1n a wavefront, resulting in multiple arrivals at
the recerver (e.g., as depicted 1n FIG. 4).

FIG. 4 shows that the presence of strong variations in
clastic properties can cause the wavetront to fold back on
itself, creating triplications. This figure 1s dertved from
Chambers, et al. (2008).

In FIG. 4, each black line shows the position of the wave-
front at a given time. A varying background depicts a varying
seismic velocity. As the wavelront progresses, 1t forms a
swallow tail pattern which results 1n at least three arrivals at
receivers on the right, whereas there will only be one arrival at
receivers on the lett.

The triplication begins at around X=-4000, where the
wavellield 1s refracted upward from the high velocities at the
base of the model and 1t begins to overlap a down-going
wavellield 1n the overlying medium. Hence, a sensor placed at
the top of the model at X=-1000 will observe three arrivals
corresponding to triplicated parts of the wavetront. Toward
the right of the model, many more arrivals will be seen as the
wavelront 1s repeatedly triplicated.

Far-field ray based synthetics for the P-wave and S-wave 1n
a homogenous medium can be expressed as follows:
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di = ul +u; (12)
where
. e (13) 5
u; = P =YY jYimp ot —r/vp)
=1 k=1 VR T
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=3 k=3 (14)
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L; = T — (05 —Yiyjyemp ot —r[vs)
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In the above, p 1s the density of the medium, and v, and v
are the respective velocities for P-waves and S-waves in the 15
medium. r 1s a distance between the source and the receiver,
hence the term 1/r1s a decay in amplitude due to spreading out
1 of the wavelront as 1t moves away from the source (also
called geometrical spreading). v, is the i’ direction cosine

describing the direction of the rays leaving the source posi- 20
tion. The quantity o,; 1s given by:
1 i=j 15
5 = { ! Y
0 i+
Finally, the function o( ) 1s the dirac delta function:
30
1 x=0 (16)
o(x) =
{ 0 x+0

The moment tensor of a seismic source has a dramatic 35
cifect upon the observed wavetorms. FIGS. SA & B depict
polarization directions and magnitudes for waves emanating,
from a moment tensor source as per Equations 13 and 14
above. FIGS. 5A & B are derived from Shearer, Introduction
to Seismology (Columbia University Press, 1999). 40

As can be seen from the figures, the polarization of the
observed wave depends on the wave type and the direction of
take-off for the ray leaving the source.

Equations 13 and 14 can be generalized to heterogenous

media as follows: 3
P b s )= AP 5y O =T, s)—r)}(vp(s)m))% (7
L A7p(s)Vh(s) vp(r)p(r) “
HOV O /=3 k=3
5] xzrf;(r, 9> il Sy syl simje(s, ™
— j=1 k=1
HE (= T5(r, 5) - D} vspis) 2 oyz U8 s
& . _oAS _
Ug(r: 1.5, T) = AT(T ) drp(s)vi(s) (vg(r)p(r)) (5‘5] .
=3 =3 k=3
Z 50 5) > > (S5 = ilrs sy, )y r, SIm (s, 7)
— i=1 k=1
60

Where A”(r,s) and A°(r,s) represent ray amplitudes for the
ray traveling between the source and receiver, they can
include amplitude loss due to reflection, transmission and
conversion at interfaces, anisotropic polarity changes, as well 65
as phase shifts due to triplications in the wavetfield. The func-
tion, H*{ } is used to denote a Hilbert transform, where the

6

order of the transform, K, 1s the KMAH index of the ray
raypath forr,s. T“(r,s) and T°(r,s) are the corresponding travel
times for the ray.

Note the parameters p(s), v (s), v, (s) are now evaluated
at the source or recerver positions. The term 3€2/3S represents
a ratio of the area of solid angle at the source to an area of
wavelront at the receiver for an infinitesimal tube of rays
connecting the source and receiver (the geometrical spread-
ing term). I qf and I’ qf are the matrices projecting the vector
of motion at the source onto the components at the receiver.
For P-waves:

Fz_‘;'P(i’? S):rIIIP('F:S)YjP(F:S ) (19)

and for S-waves:

ry'g(i’?ﬂ):n 1'( l)(i’?ﬂ)\’j( l)(ﬁﬂ)“’l f(z)(f? S)Yj(z)(f’?ﬂ) (20)

where 1, is the component of the vector describing the ray
arrival’s direction at the receiver. n,'" and m,* form an
orthoganol set along with the ray direction vector n,””. Simi-
larly yj(l) and Yj(z) form an orthoganol set with the ray direc-
tion vector leaving the source.

In practice, in Equations 17 and 18 there should also be a
summation over all possible ray paths connecting r and s.
Furthermore, there 1s no allowance for frequency dependent
propagation eflects, such as attenuation. Corrections to the I'
matrices may also be required 1f the receiver or source 1s
located at a free surface. Finally, for anisotropic media there
will be two S-wave equations corresponding to fast and slow
shear waves.

Numerical Methods

Formally, ray tracing 1s also a numerical method, as 1t 1s
generally implemented on a computer. However, for the pur-
poses of this disclosure, 1t 1s convenient to describe numerical
methods for modeling wave propagation as those which
simulate the wavefield directly and do not trace rays. Com-
mon examples of numerical methods for modeling seismic
wave propagation include finite difference and finite element
solutions to the wave equation. FIGS. 6 A-C together show an
example simulation of seismic wave propagation.

These methods are advantageous in that they generally
allow for a more realistic simulation of the seismic wavefield,
including aspects for wave propagation that are 1gnored or not
modeled well by ray theory, such as frequency dependent
phenomena and interactions with complicated structures.

Microseismic Monitoring,

The analysis of the distribution and properties of
microseismic events has proved a useful tool 1n unconven-
tional resource development, global seismology, glaciology
and volcanology. However, population statistics {for
microseismic events are biased toward the presence of many
smaller events, and fewer large events. Thus, 1t 1s important to
be able to extract information within the population of events
with low signal amplitudes.

Monitoring Scenarios

The small magnitude of production related events normally
makes the use of borehole sensors preferable (see F1G. 7A). A
typical downhole monitoring scenario may consist of: sen-
sors 10 (perhaps up to 20 or more) deployed in a borehole
(e.g., an observation well, see FIG. 7A), typically less than
500 m from a region of activity (e.g., a treatment well), with
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cach sensor measuring three components of motion. Wave-
form attribute methods are typically used to locate events.
One reason for the use of downhole sensors 10 (sensors in
a borehole) 1s to provide data with signal to noise ratios high
enough to allow observation of arrivals from events in indi- >
vidual records. These arrivals are characterized using wave-
form attributes, such as travel time and wavetorm polariza-
tion, which are then used to locate the event (see next section).
A majority of microseismic momitoring studies are cur-
rently performed using downhole sensors 10. However, an
alternative 1s the use of large numbers of sensors 10 deployed
at the surface. A typical surface monitoring study (see FIG.
7B) may consist of: many sensors (e.g., perhaps 1000 or
more) placed on the surface above a region of activity (e.g.,

perhaps about 2.5 km from the source), with each sensor
measuring a single component of motion. In other examples,
the sensors can measure multiple components ol motion.
Diffraction stack imaging can be used to locate events.

In general, signals from microseismic events are not .,
readily visible above noise levels 1n surface recordings. How-
ever, the use of stacking and 1maging methods provides a
means to enhance these arrivals.

At this stage, 1t 1s important to make a distinction between
the geometry used to collect microseismic data (surtace ver- 4
sus downhole) and the methodology used to locate microseis-
mic events (wavelorm attribute versus imaging). Although
wavelorm attribute methods are generally applied to down-
hole data, and 1maging methods are generally applied to
surface data, 1t 1s contemplated that this does not have to be
the case (wavelorm attribute methods could be applied to
surface data, and imaging methods could be applied to down-

hole data).

10

15

Wavelorm Attribute Based Methods 15

A majority of microseismic processing focuses on mea-
surement of wavetorm attributes, such as arrival times and
polarization angles of seismic phases. FIG. 8 depicts an
example of a display of individual sensor outputs. This figure
also demonstrates an example of arrival picking.

In this example, three seismic traces (one for each compo-
nent of motion) are generated for each receiver/sensor 10. An
analyst or automated procedure picks the arrival times of
seismic phases from the event (shown as vertical bars). The
relative amplitudes of the different traces for each sensor/
receiver will give the polarization of the arrival.

A variety of schemes exist for determining the position of
a source from observations of wavelorm attributes. A simple
approach ivolves mimmizing the misfit between observed
arrival times, as follows:

40

45

50

min_| WP (#)- W (rx) X (21)

where W°(r) 1s an observed wavetorm attribute at the receiver
and W"(r,x) 1s a calculated waveform attribute for a source at 55
a position, X, and observed at a receiver, r. The index p 1s
referred to as the norm of the desired solution. Typically, p=2,
gving a least squares solution. Equation 21 1s a non-linear
iverse problem, and 1s typically solved either though a grnid
search over potential source locations, or by an iterative pro- 60
cedure known as Geigers method (similar to Gauss-Newton
optimization).

Although usetul, the wavetorm attribute approach does not
utilize all the available mnformation present 1n the data. In
particular, it generally requires the presence of clear arrivals 65
observable 1n the seismic records. The requirement for visible
arrivals reduces the method’s effectiveness at signal to noise

8

ratios close to unity, and makes the approach untenable where
signal to noise ratios are less than one.

Diffraction Stack Imaging

To date, reservoir monitoring studies that wish to make use
of wavelform information to characterize the source do so
using a procedure similar to diffraction stack migration. For
example, a method proposed by Duncan (2008) uses pre-
computed travel time tables to align data for a particular point
in the reservoir. The aligned data 1s then stacked to produce an
amplitude for each point and time 1n the volume of interest
(also referred to here as a stack function). The position of
sources 1s 1nferred from the presence of high values in the

stack function. Similar approaches can be found in Baker et
al. (2005), Dasgupta (2006), Kochnev et al. (2007), and
Chambers et al. (2010).

FIG. 9 1s a diagram representatively depicting difiraction
stack migration. On the top are shown data records for a suite
ol sensors. On the bottom 1s a cross section showing sensor
locations at the surface and sources at depth. The travel time
from the 1mage point to each of the sensors follows a move-
out (or travel time) curve through the data records.

In FIG. 9, two travel time curves are shown as dashed lines.
The flatter of the two corresponds to the true source location
(at the dot), whilst the more curved travel time curve corre-
sponds to an 1correct source location to the right of the dot.

When the data amplitudes are summed (stacked) along the
correct travel time curve, constructive interference creates a
high stack amplitude. When the data amplitudes are summed
along an incorrect travel time curve, destructive cancelling
results 1n a low stack amplitude. By working through a grid of
image points and origin times, a 4D 1mage 1s generated 1n
which the high amplitudes correspond to the positions of
sources.

An example procedure for diffraction stack migration 1is
depicted 1n FIG. 10. Each horizontal row represents a seismic
trace, with each square being a sample. The desired samples
for an 1image point are determined by the desired origin time
and the travel time for the seismic phase from the image point
to the recerver.

Basically, the procedure 1s as follows:

1. Pre-compute travel times from recervers to a gnd of

image points in the region of interest.

2. Pick an image point and origin time 1n the subsurtace.

3. Using the travel time from the image point to each

recelver, select the data from each sensor that could have
come from that image point and origin time (e.g., see
FIG. 9).

4. Stack the selected data.

5. Repeat for next image point and origin time.

The above procedure can be numerically optimized/tuned
for hardware and software implementations.

The diffraction stack approach has the advantage that 1t 1s
casily automated, and works when the arrivals from
microseismic events are not visible 1n the pre-processed data.
This makes the technique well suited to large arrays of surface
SENSOrs.

Mathematically, the diffraction stack procedure 1s
expressed as a stack function:

Ix o) =w(rx)d(nt=t+1(rx))dr (22)

where 1(x,T) 1s the 1maged value, d(r,t=t+T1(r,x)) 1s the data
sample for a single component sensor, with the time consis-
tent with an arrival from the 1image point. w(r; X, T) are the
summation weights for each sensor.
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Various different weights are possible depending upon the
type of stack function desired. For example:

w(rx,T)=1/N (23)

corresponds to an average value (assuming there are N sen-
sors), while

dir,tr=17+7T(r, x))
Nf[d(a, t=1+T(a x)da

(24)

wir, x, 7) =

corresponds to a semblance stack.

The result of the diffraction stack 1s a four-dimensional
(4D) data cube (three spatial dimensions, as well as origin
time), 1n which image points with high amplitudes corre-
spond to the positions of sources. In many cases, 1it1s desirable
to display the source(s) as points in space and time rather than
as an 1mage. Accordingly, maxima 1n the stack function can
be selected as potential point source locations (Duncan,
2008).

However, the presence of source mechanisms (e.g.,
moment tensors) creates additional problems when 1maging,
seismic sources. Radiation patterns for seismic waves from
moment tensor sources (€.g., as discussed above and depicted
in FIGS. 5A & B) can cause amplitude and polarity changes
across large arrays of sensors 10. This, 1s turn, creates com-
plicated focusing patterns which depend on the positions of
the sensors relative to the source.

The presence of a moment tensor source causes distortion
of the 1deal source 1mage (e.g., as depicted 1n FIG. 11), 1n
many cases creating a complicated pattern with low stack
amplitudes at the source position and high amplitude side-
lobes. Until now, practitioners using difiraction stack proce-
dures to locate events have had to locate the source positions
from diffraction stack images by selecting maxima of the
side-lobes and computing an average (e.g. Eisner et al.
(2010)). Polanty and amplitude vanations also make the uti-
lization of multiple wave types and multi-component data 1n
diffraction stack imaging problematic.

Recently, several authors have proposed methods for cor-
recting the polarity variations from moment tensor sources,
prior to applying diffraction stack approaches. Thornton and
Eisner (2011) apply a series of polarity changes to the seismic
traces to correct for the source mechanism. Alternatively, 1t 1s
possible to incorporate the source mechanism into the image
space. While efifective, these approaches are computationally
intensive, 1n that they require multiple stacks to be computed
for each 1mage point.

FIG. 12 representatively 1llustrates a plurality of dififrac-
tion stack 1mages obtained using the same geometry as FIG.
11, except with double couple (fault-like) sources. The
moment tensor produces variations in the polarnity of the
P-wave. In many cases, the varying polarity causes low or
zero stack amplitudes at the true source position with high
amplitude side-lobes creating a complicated focusing pattern.

Interferometric Source Imaging,

Interferometric imaging can be thought of as a variation on
the basic diffraction stack approach. The procedure makes
use of the identity that a cross-correlation of two traces A and
B 1s the same as convolution of the B with the time reversed
signal A. Thus, cross-correlated signals preserve the relative
time delay between arrivals at the different sensors.

In other words, 1f there are two traces recorded at stations A
and B, respectively, with arrival times T , and T,, one can

10

15

20

25

30

35

40

45

50

55

60

65

10

compute a cross-correlated trace using B relative to A, and the
arrivals position 1n the cross-correlated trace will occur at
T,-T,.

Hence the stacking procedure described above can be
adapted to use with cross-correlated records X(r .r,:;t), giv-
ng:

I(-x) = ffW(Fg,. Fha X, I)X(Fﬁr, Fp, I = T(f‘b, I) — T(;,-ﬂ_J -x))ﬂfrbﬂfrﬂ (25)

where the summation 1s performed over all possible reference
stations r, and comparative stations r,,.

FIG. 13 demonstrates an example of how data 1s selected
from the cross-correlated traces for stacking. Each horizontal
row represents a cross-correlated seismic trace, with each
square being a sample. The desired samples for an 1image
point are determined by the travel time from the 1image point
to the comparative station minus the travel time from the
image point to the reference station.

The use of relative move-out 1n the interferometric imaging
approach has useftul properties of producing images that are
not dependent on the origin time, and reducing the computa-
tional cost, as 1t only requires saving a small portion of the
cross-correlated signals. Hence, very long traces can be
cross-correlated, but only short traces saved to perform the
imaging.

However, the procedure 1s not frequently used due to other
problems, such as, crosstalk from multiple arrivals and events
can create artifacts in the resulting 1mages, the presence of
correlated noise 1n the data can produce erroneous or mis-
leading results, and the summation requires all pairs of traces,
which can be very large.

As with the diffraction stack approach, mterferometric
imaging does not lend itself easily to multi-component data.
The resulting 1mages from moment tensor sources are likely
to be even more complicated than in the diffraction stack
approach, since the cross correlated traces are not linearly
dependent on the moment tensor elements.

An example of the interfermetric 1imaging approach 1is
given with acoustic data in Norton and Carr (2006).

Beam and Wavelorm Attribute Migration

Various practitioners have used beam migration style
approaches to combine the diffraction stack approach with
wavelorm attributes to map source positions (Rentsch et al.
(2007), Drew (2009), Khadhraou1 (2009)).

Mathematically, these approaches can be expressed as:

Ix)=w(nx)(W2(r)- W™ (#.x))dr (26)

I1 the summation weights are the data values selected at the
correct times:

w(rx)=d(ri=1(rx)+T1) (27)

and the attribute 1s the polarization direction of the P-wave
arrival, then Equation 26 becomes a beam migration. This
procedure 1s equivalent to:

1. Measuring the P-wave polarization at each receiver;

2. Using the polarization as the 1nitial starting direction for

a cone of rays; and

3. Propagating energy back along the rays and looking for

regions where the rays converge.

An example of this procedure 1s illustrated in FIG. 14,
derived from Rentsch, et al. (2007). The measured polariza-
tion of the P-wave at each recerver 1s used to initialize rays R.
The rays R will converge at the source location.
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In practice, some processed version of the data (such as the
envelope function) might be used 1nstead of the actual data
values, 1n order to remove 1ssues related to polarity and subtle
wavelorm changes.

These procedures are typically used 1n situations where the
sensor coverage 1s not extensive enough to allow the full
diffraction stack approach to be etflective, but the speed and
simplicity of imaging solutions 1s desired.

Reverse Time Migration

It1s possible to use the recorded data signals as a source and
numerically back propagate the energy through a known
velocity field. Such methods are referred to as boundary value
migration (BVM), reverse time migration (RTM) or reverse
time 1maging (RTI). The resulting series of time steps from
the numerical propagation will show the energy focusing at
the source position (McMehan (1982, 1983), Gajewski and
Tessmer (2005), Artman et al. (2010), Saenger et al. (2010)).

FIGS. 15A-C depict an example of an RTM source loca-

tion. These figures are dertved from Gajewski and Tessemer
(2005).

In this case, sensors recorded the wavefield at the top of the
model. The recorded traces were then used as mput sources
for the reverse propagation. The snap shots (progressing
sequentially from FIG. 15A to 15C) show the backward
propagating wavelield coalescing at the source position and
origin time.

As with diffraction stack imaging, the presence of a
moment tensor source radiation complicates the focusing
pattern produced by reverse time migration. The exact results
will depend on the numerical scheme used to back-propagate
the wavefield. As an example, if an acoustic simulation 1s
used, the results may be similar to those depicted 1n FIG. 12.

While less computationally intensive than full mversion,
the reverse time approach 1s still impracticable 1n many cur-
rent day applications, where a volume of interest 1s very large
and computing power 1s finite. Furthermore, a primary eifi-
ciency gain from this approach 1s the simultaneous propaga-
tion of the wavefield from all receivers. However, this limaits
the 1maging condition to the minimization of an L.2-norm.

Moment Tensor Imaging

Moment tensor imaging attempts to solve the problems
created by moment tensor sources and their associated radia-
tion patterns by producing images for each moment tensor
component, rather than just a single stack amplitude. The
procedure 1s a form of reverse time migration, and 1s very
closely related to the full wavelorm inversion discussed
above, and as outlined by Kawkatsu and Montagner (2008).
Ideally, 1t would be desirable to mvert Equation 10:

m=(G*G) L G*d (28)

to obtain a full moment tensor distribution at each point in the
region of interest. G* is the adjoint transpose of the Green’s
functions G. In many cases:

(G*G)y l=al (29)

where a 1s some real proportionality constant. Accordingly,
Equation 28 becomes:

meoG*d (30)

The link between Equation 28 and reverse time migration
1s obtained by recognizing that:
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=3 (31)
RHS = Z f G (r, x, W)di(r, w)dr
=1

_ZIE”(X r, w)d, (r, w)dr

where E, "(x,r,w) 1s the element of the stram tensor observed
at x due to point source directed in the n” direction at r.

d *(r,m) 1s the complex conjugate of the Fourier transformed
data (which amounts to a time reversal). So, the moment
tensor 1image 1s basically the time-reverse image computed
using a different reverse Green’s function, E,". The stress
Green’s function E,"(X,r,w) 1s given by:

0Gip(x, r, W)
ﬂrj

(32)

0G ,,(x, r, w
E(x,r, w) = q,-( ! )]

Eir,_-

Hence, we obtain a reverse time migration expression giv-
ing the moment tensor at each 1image point:

(33)
m;i(X, w) = afo (X, w)dy,(r, w)dr

Only very few studies have applied Equation 33 to deter-
mine source properties (Nath Gharti etal., 2011). This may be
partly because application of Equation 33 requires one of:
explicit computation and or storage of the stress Green’s
functions relating each component direction at each sensor to
the moment tensor component at each 1mage point 1n the
monitored volume, or an “on the fly” type approach (such as
reverse time migration), whereby the Green’s function’s
action on the data 1s computed as the receiver wavetield 1s
back propagated.

As an example of the computational 1ssues associated with
constructing a library of Green’s functions for a realistic
microseismic survey, consider a case with the following:
2000 single component time samples (leading to 1025 fre-
quency samples), 1000 sensors, monitored volume consisting
of a 61x61x61 cube, and 6 Green’s functions (one for each
independent moment tensor component) per point. Based on
two 32-bit tloats for each complex value to store the Green’s
functions, this leads to a library of approximately 10.14 TB.
The size of this library would put considerable strain on
current computing resources, increasing the cost of the pro-
cedure and turn-around time for results.

Alternatively, the “on the fly” approach suflers from a
problem that the monitored volume 1s often relatively small
relative to the area of the array. For example, a typical moni-
tored volume might be a cube with sides of 1 km, whilst the
surface array aperture might be 6 km. Hence, the reverse
propagation of the wavelield takes place 1n a very large vol-
ume (approx. 6x6x3 km) of which we are only 1nterested 1n a
very small portion. Most of the computational effort 1s taken
up with the propagation of the wavefield from the receiver
positions to the region of interest.

Finally, both approaches require the computation of full
clastic Green’s functions and/or simulation of the full elastic
wavelleld at high frequencies. In 1tself this can be a time
consuming and computationally intensive task.

Full Wavetorm Inversion

As mentioned above, 1t 1s possible to invert waveform data
for source properties by solving Equation 10 for the vector
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describing the full moment tensor at each point 1n the region
of interest. However, the computational effort required to do
this makes 1t impracticable 1n most situations.

In addition to requirements of a limited number of sensors
and size of monitored volume, applications of wavelform
inversion to date have also required either an approximate
iversion scheme (Vera Rodriguez et al. (2010)), or the
restriction of solutions to the minimization of an L2-norm
(Leaney et al. (2008) and Kawakatsu and Montagner (2008)).
The latter can be heavily biased toward outlying residuals.

The computational 1ssues associated with a full wave form
inversion are the same as or similar to those encountered with
moment tensor imaging. Except, in this case, the 1ssues are
exacerbated by a necessity to compute and invert the elements
of the mner product matrix G*G, 1n Equation 28.

Other Methods

Practitioners of the art have previously focused on the
retrieval of the source location and source properties, such as
moment tensor elements. Many studies choose to perform the
determination of source location and source properties as
separate steps. For example, Eisner et al. (2010) use the
diffraction stack approach to locate source positions for
selected events. The authors then solve for moment tensor
clements at the source location.

This 1s equivalent to solving Equation 10 with a moment
tensor vector consisting of just the six independent elements
at a single point. While this approach provides a fast and
tractable solution to the problem of determining source loca-
tion and properties, 1t 1ignores trade-oils between source posi-
tion and moment tensor components, which can be signifi-
cant.

Moment Tensor Migration Imaging

In the disclosure that follows, 1n the interest of clarity, not
all features of actual implementations are described. It will of
course be appreciated that in the development of any such
actual implementation, as in any such project, numerous
engineering and technical decisions must be made to achieve
the developers’ specific goals and subgoals (e.g., compliance
with system and technical constraints), which will vary from
one 1implementation to another.

Moreover, attention will necessarily be paid to proper engi-
neering practices for the environment in question. It will be
appreciated that such development efforts might be complex
and time-consuming, outside the knowledge base of typical
laymen, but would nevertheless be a routine undertaking for
those of ordinary skill 1n the relevant fields.

It would be desirable to provide a method for the simulta-
neous determination of source location and moment tensor
clements (such as moment tensor 1imaging) but with compu-
tational speed and efliciency comparable to the diffraction
stack procedure. In examples described below, such a method
1s provided to the art.

In one embodiment, reference 1s made to Equation 50,
where the moment tensor imaging approach is cast 1n a form
similar to a diffraction stack procedure. The method 1s then
turther developed to use a (faster) ray-angles only approxi-
mation, as by Equation 57. Finally, the method 1s adapted to
the case of cross-correlated wavetorms, as 1n interferometric
imaging (Equations 64 and 65).

Overview of One Embodiment

Throughout the following description, 1t 1s assumed that
the method 1s applied to the processing of microseismic data
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collected for reservoir development and production monitor-
ing. However, the method has much broader application.
Within seismology and the earth sciences, potential areas of
application can also include mining and geothermal environ-
ments, glaciology, volcanology, and tectonic studies.

General conditions for application of the method can be
broadly cast as follows: there 1s a desired knowledge of an
unknown moment tensor source, there exist remotely sensed
data that can be modeled using the convolution of the signal
from one or more moment tensor sources with ray theoretical
Green’s Tunctions, and the principle of reciprocity holds for
the ray based Green’s functions. That 1s, the same result 1s
obtained 11 source and recerver positions are interchanged.

Ray Based Moment Tensor Imaging,

The equations for P-wave and S-wave ray-based synthetics
in heterogenous media (Equations 17 and 18) can be summa-
rized as:

AM( (34)

r, X)
RM(r, x)

uf (r,x,7) = HY6-TY (r, 5) - 1)} %

1=3

J
Z Fg’? (r, X)

i=1

t

k=

L

Fii(r, X)m (X, T)

L

|
—_—
—_—

k=

where the superscript M refers to the propagation mode. FI:;.M
now describes the radiation pattern for the moment tensor
source:

(35)

FM =

{ Yivivi- M =P
i

(05 —yivi)veM =S

where 1/R™(r,x) is the geometrical spreading factor

and the scalar amplitude factor

| ( v(x)o(x) )é
drp(x)v? (x) \v(r)p(r)

has been incorporated into the ray amplitude A™Y(r,x).

Comparison with Equation 11 shows that a version of
Equation 34 for each arrival phase can be combined to form
the far-field response. Hence:

(36)

d;(r, 1) = ffz uf (r. 0 x, )dxdrt
M=1
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Expanding, we obtain:

b1 - fz

AM (r. YHE IS = TV (7, 5) = 7)) (37)

RM(F, $)

=3 3

) 3
E lrg?(r,s)x 1 1F;{E(F=5)*mjk(5,f)af5

— =1 k=1

P
|l

By comparing Equation 37 with Equation 6 1t can be seen
that the ray based Green’s function for a heterogenous
medium 1s given by:

Goin(r, s, D) = (38)
M Kis, oM
AT
M=1 : =1
In the frequency domain, Equation 38 becomes:
AM(r, 5) & M —i(w Ty (rsHK/2) (52)
Ggin(r, s, w)= Z R, 5); [ i (rs $)F Mr, s)e M

M=1

Equation 39 can now be used as a basis for an operator that
will project data onto moment tensor components, allowing 1t
to be used 1n moment tensor migration imaging. Equation 32
can be written as:

E S (x,r,0)=c; (G, AX,7,0)+G, (X, 7,0)) (40)

I1.j

Substituting 1n Equation 39 we obtain:

E;}(xa ra '[U) — Cf_f %

=1

AM (x, 1) (41)

RM(x, r)

— 8t T g (rx)+Kmf2)

{=3 \
[ [ Fx, r)+2r Fi(x, r)le
{=1 /

Now Equation 41 1s 1n a form in which it can be used with
the moment tensor 1imaging formula (Equation 33) to obtain a
ray based moment tensor 1maging approach:

mzj(xa '[U') = (42)
n=> AM (x, 1) [ 23 [=3 ”~
o E Cii E R (x. r)[z r?ng(x, r)+ZFﬁFﬁ(x, r)
— Y =1 =1 )

E—E(MTM (Fx)+Km/2) d:; (F", {,d)ﬁf}"‘

Note that, although Equation 42 mmvokes the summation
over the three components of motion at each sensor, this does
not have to be the case. The moment tensor imaging will work
with single component data.

The equation can also be simplified by recognizing that the
term 1n brackets 1s a matrix with non-dimensional compo-
nents that projects the data, d, onto moment tensor compo-
nents:
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=3 (43)
Y (x, r) = Zr FM(x, r)+2r FM(x, r)
=1

The use of ray based Green’s functions for moment tensor
imaging has several advantages relative to numerical meth-
ods. For example, most or all of the quantities in Equation 42
can be stored 1n a series of lookup tables. For example, a suite
of rays can be propagated from each recerver location and, as
they pass through the region of interest, desired quantities can
be mterpolated at a grid of points.

Desired quantities could include the arrival and take-off
angles used to compute WV, M(x,r), the amplitude factors used
to compute

AM(x, r)
RM(x, r)’

and the travel time, T(X,r). The si1ze of these lookup tables are
several orders of magnitude smaller than what 1s required to
store the entire Green’s function (which 1s used to apply
Equation 33 directly).

Where the lookup table approach 1s used, the efficacy of the
method does not depend on the size of the modeled volume.
Rather, 1t depends on size of the region of interest (e.g., the
volume over which the 1mage 1s calculated, and not the vol-
ume through which the wavefield i1s propagated).

The method allows for the use of either single or multi-
component data. Standard diffraction stack approaches use
single component wavelform data. Alternatively, beam form-
ing or wavelorm attribute migration use a mixture of difirac-
tion stack and wavetform attributes with multi-component
data.

Equation 42 allows for the arbitrary inclusion of different
wavelleld phases and propagation modes. For example, any
combination of direct P and S, as well as reflected, transmitted
or converted, waves 1s possible. Reverse time and waveform
inversion 1mplemented by numerical procedures generally
require the incorporation of all wavefield phases.

Equation 42 allows for the detection of smaller magnitude
events. By projecting the data onto moment tensor compo-
nents, the method ensures coherent summation of the entire
dataset at the source position, something that 1s not done 1n
the standard diffraction stack or reverse time approaches.

Relationship Between Ray Based Moment Tensor Imaging,
and

Diffraction Stack Migration
Although Equation 42 provides a significantly faster and
more practical alternative to direct imaging of the moment
tensor, 1t can lose some of the speed and simplicity of the
diffraction stack imaging approach. For example, to apply
Equation 42 directly requires a Fourier transform of the trace
for each moment tensor component at each image point,
which can be time consuming.

Furthermore, applying Equation 42 directly lacks some of
the flexibility of the diffraction stack approach that comes
from being able to weight the summation over recervers.
However, Equation 42 can be manipulated 1into a form where
an implementation as a diflraction stack imaging procedure 1s
possible.

Transtferring the complex conjugate to the Green’s func-
tion (rather than the data):
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(44)

mi(x, w) =

n=3
AM(x, r) |
o E Ci; E LY M (x, PeT WM SR g e Nd y
f 1) RM (xa F) Un( ) ( ) 5
n=1 M=1

Transterring the stationary phase shift associated with
KMAH changes along the ray path to the data term:

10
m;;(x, W) = (45)
N AM (x, 1)
) A P M +itT g (1,5) +iK7/2
arZ CUZ R (X, e M (r, w)e dr 15
n=1 M=l
Transtorming back to the time domain, we obtain:
20
myi(x, 1) = (46)
n=3
AT (1) kK
EEZ fc;jz R (x, r)‘l’im(x, X+ Tylx, N—1r)«H -
n=1 M=1
{du(r, ©')}dr
which by the shifting property of the delta function becomes: 3q
myi(x, 1) = (47)
AM*(x, r) 33

Wi )X H ™M d,,(r, 14 Ty (x, 1)} r

n=>3
n=1 M=1

RM(x, r)

Finally shifting the origin of the time axis back to =1 we

obtain: 40

n=>3 (48)
mzj(xa T) = fﬂ'y‘
n=1 45
Z AM(x,
RM g : ‘l‘ﬁf‘,’i(xﬁ F) X H_K{dn(r, =7+ Tyx, r)idr
M=l
50

Equation 48 1s now 1n a format similar to the formula for
diffraction stack imaging (Equation 22). Substituting:

(49) 55

yields the image for a moment tensor component as a linear
stack. In other words, the weight of a data sample 1n the stack
1s determined by the projection operator.

However, Equation 48 does not have to be applied this way.
For example, instead of substituting the projection operator
tor the diffraction stack weight, 1t might be desirable to sub-
stitute the projected data for the difiraction stack data, d(z,
t=t+1(r,x)), in Equation 22. Thus Equation 47 becomes:

65
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n=3 M
mi(x, T7) = arfz C;'J'Z w' (s x, T) {;M i: 3

n=1 M=1

(50)

M (x. X H™Md (r, t = 7+ Ty (x, Idr

3n

where we have also swapped the order of the summations
over the data components, n, with that over the receivers, r,
and included a weight term for each propagation phase, w"/(r;
X,T). Equation 50 1s now 1n a form where 1t retains the speed
and flexibility of the diffraction stack approach, but allows for
the scope of 1maging moment tensor components, and 1ncor-
poration ol multiple propagation modes and data compo-
nents.

Note that, where the source-receiver ray path has under-
gone triplications and corresponding increments in the
KMAH index, 1t 1s preferable to migrate the inverse Hilbert
transform of the data rather than the data 1tselt. However, the
symmetry of Hilbert transforms, namely:

HYx}=H"{x}=x
H{x}=-x

H{xj=-H"{x} (51)

means that 1n practice only the data and 1ts inverse Hilbert
transform are actually used, together with a sign term.

Ray Angles Only Approximation

Equation 48 and Equation 50 can be further approximated
by recognizing that the terms ¢ and

AM(x, r)
RMx. r)

are just scalar amplitude adjustments. Going back to Equation
28, the normal equation for full wavetform inversion can be
written as:

/

[ =6 3

Z f@;(r, x, m)éﬁ(r, x, wdrim;(x, wdx =

=1 /

(52)

j=6
fz é;(r, X', w)di(r, w)dr
=1

where we have reverted to describing the moment tensor and
the Green’s function 1in un-wrapped form. In the imaging
approximation used for moment tensor imaging in the dis-
cussion above, the inner product matrix was approximated as:

j=6 ) (53)
fGU(r, x', w)Gji(r, x, wydr = ad;6(x —X')

J=1
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However, an alternative approximation might be:

J=6 ) (54)
Z ng(r, X', w)Gi(r, x, w)dr = a(x)6;0(x —x')
=1

where o(X) is a non-zero scalar. The factor a™'(X) can be
thought of as a compensation for energy loss due to wave
propagation. It will ensure that image points in different posi-
tions with the same source magnitude produce the same mag-
nitude of source 1n the imaged solution.

Using Equation 52 with Equation 33 we obtain:

(93)
mi(x, ) = af_l(x)Zf G(x, r, W)y (r, w)dr

and similarly we can carry through to the ray based approxi-
mation to moment tensor 1maging to get:

o (x) (50)

m;(x, w) =

=3
2]
—1 AM=1

The ray-angles only approximation 1s made by assuming:

3 AM (x, 2y
1
N ““fz R

where k 1s a non-zero scalar. In other words, the amplitude
scaling factor, o™ (x), multiplied by the sum of the ray ampli-
tude factors, averages out as a constant value across the entire
image. Hence, we obtain the ray-angles only approximation
of the moment tensor 1maging;:

M
A %, r)‘l’?i(x r)x eI sHRTID g (o) r
RM (x, r) /

(57)

IIE

(58)

m;i(x, w) = E f Uzqiﬁi(x F)E+MTM(IF)J (r, w)dr

so named because the projection of the data onto the moment
tensor components depends on the elements of ‘PWM(X,I'),
which are determined by the take-oil angles for rays leaving
the receiver, and the mcident angles for rays arriving at the
image point.

Equation 58 can also be mampulated into a diffraction
stack form giving:

(59)

myi(x, 7) =

IZ CUZ w' (r: x, T)‘I’U”(x, NXd,(r,t=17+ Tylx, rdr

The use of the ray-angles only approximation further sim-
plifies the calculations 1n the imaging approach, as it can be
implemented with only storage of the ray-angle 1n lookup
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tables. For 3D heterogenous media this means that only seven
numbers per image point are used (three direction cosines
describing ray take-off angles, three direction cosines
describing arrivals angles, and the ray travel time). For media
with symmetry, fewer values are needed.

Adaptation to Interferometric 1maging

So far, we have discussed the implementation of ray based
moment tensor migration as a diffraction stack approach.
However, 1in certain settings 1t might be desirable to 1mple-
ment the migration as iterferometric 1maging.

To begin, consider the image computed by a single back
projected trace from Equation 33:

mi(x, w; r) = Z EZ(x, ¥, w)dy,(r, W) (60)

Define a cross correlation at the image point of two traces
back projected from different recervers:

Xy (X, 00,7, )= A X, 0,7 ) * 1 (X, 00,73 (61)

il

where the signal back propagated from r_ 1s used as the rei-
erence signal. Substituting in Equation 58 and moving the
complex conjugates to the stress Green’s functions we get:

Xij (%, w3 rg, 1p) = (62)
(Z EP (X, Far ) diy(Fas m)]*(; EP (X, Ty 0)* (1. m)]
m=1 =1
Then rewriting we obtain:
ij(-xa (W; Fay ¥p) = (63)

(ES(x, gy WE

i

1 1 (X Fps ) Ndy (rg, 0) dy(ry, w))
=1 k=1

The term 1n the second set of brackets 1s the cross-correla-
tion of two traces. Hence, the interferometric moment tensor
image 1s obtained by comparison with Equation 33:

(64)

my(x, w) =

)

m=1 k=1

(E5 (X, Fas OEJ(X, rp, 0)) X (di(Fa, ©)* dn(rp, )

dr,dry

As with the diffraction stack approach, Equation 62 can be
adapted to use ray based Green’s functions. By substituting in
Equation 41 we get:

(63)

my;(x, W) =

( Y AY (x, r,) “‘
RM(XB rﬂ)
o | dr, | dryXcy X
f f : AM*(xj ) i
rjm (};' Ya) ‘P:'_,r'k (X, rp)

RM(x, )

/

E—EM(TM (I?Fb)_TM (I’rﬂ)) (dk (Fﬂ’ {J’_})*dm (rbj {J’_}))
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Note that, 1n the mterest of simplifying the above algebra we
have assumed the KMAH index for the rays connecting the
image point to each receiver 1s zero. However, 11 this 1s not the
case, then a compensation can be applied using imnverse Hil-
bert transforms 1n a manner similar to that described above.

Finally, by proceeding through a development similar to

that described above, we obtain a diffraction stack-like for-
mula similar to Equation 25:

mxj(x);wfdra
»

Y m=1
dry W (Fgs Fps X)X Cj y X
AT (X, p)
M=1 qjjjk (JC, rb)

RM (x, rp)
\ k=l y

(66)

AM(x, rg) )
R (x5, 7 im0 T

Xﬁ;m(rﬂf; Fp, I = TM(X:- Fb) - TM(-X:- rﬂ))

where X' _ (r :r,,t) 1s the cross correlation of traces d,(r_,t)
and d, (r,,t). A ray-angles only varnation of Equation 64 1s
also possible:

mii(x) = fdrgfdrb

W (rﬂa rb,X)XCU[ % qlifﬂ(x rﬂjzwﬁ(xa rb) X

m=1

(67)

M=l

Xém(rﬂ; Fhs I = TM(XE Fb) _ TM(X, rﬂ))

Diffraction Stack Migration Example

In accordance with one example, a general implementation
ol moment tensor migration 1maging as a diffraction stack
migration 1s described as follows:

The procedure basically describes how Equation 50 or
Equation 67 can be implemented in a processing work tlow.
An accompanying flow chart for the processing work flow 1s
representatively depicted i FIG. 16.

Step 1 The processing system 1s deployed on a device that

can record, transier and manipulate seismic data (e.g., a
computer).

Step 2 Seismic data 1s recorded at receivers/sensors 10 of

known position and passed to the processing system.
The seismic sensors 10 may consist of one or more
vibration sensitive or pressure sensitive components.
These vibration sensitive components may be sensitive
to vibration in one specific direction. The seismic energy
from sources detected by the sensors may or may not be
apparent upon 1mtial examination of the data records.

Step 3 The processing system filters and pre-processes the
data using standard techniques (such as frequency filter-
ing). If multi-pathed arrivals are to be used, the inverse
Hilbert transform (i.e., H*{d (r,t)}) is computed for
cach trace.

Step 4 Quantities necessary to determine the data weights
1n _Jquatlon 50 are computed for rays propagatmg from
cach recewver position to a set of 1mage points in the
volume of interest. Desired quantities could include the
complex ray amplitude A¥(x.r), the geometrical spread-
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ing factor R*(x,r), the source direction cosines or angles
v, recerver direction cosines, 1), and KMAH index for the
ray, K. This 1s done for each propagation phase of inter-
est, M. FIG. 17 shows aray propagating from the sensor
module to an 1image point location, along with associated
take-off and arrival angles. Data 1s selected from a sen-
sor 10 using origin time plus the travel time along the
ray. The data component(s) can be rotated 1nto moment
tensor components using the incidence angles of the rays
at the image point and the take-oil angles at the receiver.

Step 5 For each recerver and component, n, the data sample
1s selected for a given 1image point and origin time (e.g.,
H™{d (r,t=T(r,s)+t)}). if the value of K is greater than
1, then the symmetries in Equation 1 are used to get the
correct value. If a finer spacing of image points 1s desired
than 1s allowed for by the table construction in step 4, 1t
1s possible to interpolate elements of the table at this
stage. FIG. 10 diagramatically demonstrates the data
selection process.

Step 6 The selected data 1s projected onto a moment tensor
component 1,], by forming the vector

from the prior determined quantities 1n the travel time tables
(step 4) and computing the vector product with the selected
data d_(r,t=t+71,{X.1)).

Step 7 The projected data are summed according to the
desired weights, w*/(r; x,t). This produces a cumulative
result for the chosen moment tensor component using
the chosen propagation phase at the chosen 1mage point
and origin time. The summation can take a variety of
forms depending on the chosen weights (including sum-
mation, averaging or other descriptive statistics).

Step 8 Repeat step 7 for the other moment tensor compo-
nents.

Step 9 Repeat steps 5 through 8 for additional propagation
phases. The results from each phase are combined to
produce a cumulative result for each moment tensor
component at the chosen 1mage point and origin time.

Step 10 A source intensity or strength 1s calculated using
the moment tensor components for the image point and
origin time (step 9). For example, the source intensity
could be computed as the sum of the squares of the
moment tensor components. However, the source inten-
sity could be any scalar measure of the combined mag-
nitude of the moment tensor components at an 1mage
point.

Step 11 Repeat steps 5 through 10 for each image point and
origin time in the volume of interest.

Step 12 Point source locations are selected from the source
intensity function.

Diffraction Stack with Projection Example

The procedure of the Diffraction Stack Migration Example
described above embodies an implementation of Equation 50
or Equation 67, where a stacking loop 1s over both spatial
image point and origin time. However, seismic data 1s often
stored 1n computer memory as traces or a series of samples
representing seismic traces, and considerable computational
gains can be made by reordering the loops 1n the above
procedure so as to exploit the memory locality.
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The details of an optimal procedure will depend on the
available hardware and data volume. However, the following
1s a guide for persons of ordinary skill as to how the procedure
can be accelerated on most computer systems, assuming the
data samples are ordered by component, then by time sample,
and finally by receiver.

Step 1 The processing system 1s deployed on a device that

can record, transfer and manipulate seismic data (e.g., a

computer).
Step 2 Seismic data 1s recorded at recervers of known

position and passed to the processing system. The seis-
mic sensors may consist of one or more vibration sensi-
tive or pressure sensitive components. These vibration
sensitive components may be sensitive to vibration 1n
one specific direction. The seismic energy from sources
detected by the sensors may or may not be apparent upon
init1al examination of the data records.

Step 3 The processing system filters and pre-processes the
data using standard techmiques (such as frequency filter-
ing). If multi-pathed arrivals are to be used, the inverse
Hilbert transform (i.e., H™*{d (r,t)}) is computed for
cach trace.

Step 4 Quantities necessary to determine the data weights
in Equation 50 are computed for rays propagating from
cach recerver position to a set of 1mage points in the
volume of interest. Desired quantities could include the
complex ray amplitude A¥(x.r), the geometrical spread-
ing factor R¥(x,r), the source direction cosines or angles
v, recerver direction cosines, 1, and KMAH index for the
ray, K. This 1s done for each propagation phase of inter-
est, M.

Step S A projection vector

1s computed for the first receiver.

Step 6 Data 1s selected for an 1image point and the earliest
desired origin time (e.g., d (1,t=T, (X,1))).

Step 7 The data vector 1s projected on the moment tensor
components.

Step 8 The projected data 1s added to a running sum for
cach moment tensor component. The running sums used
will be determined by the nature of the stack function
(e.g., the weights). For example, if semblance 1s used,
then a running sum and sum of squares 1s used.

Step 9 Steps 6-8 are repeated for the next origin time until
all desired origin times have been done.

Step 10 Steps 5-9 are repeated for each receiver.

Step 11 The running sums are combined to produce a stack
function for each origin time at the 1image point.

Step 12 Steps 5-11 are repeated for other phases, and the
results are combined to produce a cumulative stack func-
tion for each origin time at the 1image point.

Step 13 A source intensity or strength 1s calculated for each
origin time using the moment tensor components for the
image point.

Step 14 Steps 5-13 are repeated for each image point in the
volume of interest.

Step 15 Point source locations are selected from the source
intensity function.

Interferometric Imaging with Projections Example

The following gives a description of how the interferomet-
ric diffraction described in Equations 66 and 67 can be
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accomplished. The procedure 1s somewhat similar to that
described above, with primary differences being the compu-
tations ol cross-correlated signals, and the loop over origin
time 1s replaced with a double loop over the sensors and
components.
Step 1. The processing system 1s deployed on a device that
can record, transier and manipulate seismic data (e.g., a
computer).

Step 2 Seismic data 1s recorded at receivers ol known
position and passed to the processing system. The seis-
mic sensors may consist of one or more vibration sensi-
tive or pressure sensitive components. These vibration
sensitive components may be sensitive to vibration 1n
one specific direction. The seismic energy from sources
detected by the sensors may or may not be apparent upon
initial examination of the data records.

Step 3 The processing system filters and pre-processes the
data using standard techniques (such as frequency filter-
ing). IT multi-pathed arrivals are to be used, the inverse
Hilbert transform (i.e., H*{d (r,H)}) is computed for
cach trace.

Step 4 Quantities necessary to determine the data weights
in Equation 50 are computed for rays propagating from
cach recerver position to a set of 1mage points in the
volume of interest. Desired quantities could include the
complex ray amplitude A¥(x,r), the geometrical spread-
ing factor R¥(x.r), the source direction cosines or angles
v, recerver direction cosines, 1), and KMAH index for the
ray, K. This 1s done for each propagation phase of inter-
est, M.

Step S The recorded data 1s used to construct a set of cross
correlated signals X' _ (r :r,,t) where the signal from
receiver, r_, component, k, 1s taken as the reference sig-
nal and the signal from r,. Note that not all pairs of cross
correlated signals are requured. If r_=r, then k=m, as this
1s the autocorrelation trace and introduces no new 1nfor-
mation. Also, by symmetry of cross-correlations X',
(r ;r,,0)=X"_.(r,.r_ ,—t), so only half the combinations of
receiver-recerver cross correlations need to be carried
out. Finally 1t 1s not necessary to store the entire cross-
correlation trace only the time range +max_|T(x,r,)-T
(x,r_)| 1s used. That 1s the maximum differential move-
out between two recervers from a point in the region of
interest.

Step 6 Data 1s selected for an 1mage point and receiver pair
according to X', (r :.r, ,t=1,(x,r,)-T,(x,r )). FIG. 13
shows a diagrammatical representation of the data selec-
tion.

Step 7 The selected data 1s projected on to a moment tensor
component 1,], by forming the matrix

AM(

AM(x, ) .

-xa rb) M
RV (x, 1) om0 Fin 70)

RM(x, rp) "

from the prior determined quantities in the travel time tables
(step 4) and computing the vector product with the selected
cross-correlation data X', (v .r,t=1,(x,r,)-T,AX,r.)).
Where a finer spacing of image points 1s desired than what 1s
allowed for by the table construction in step 4, 1t 1s possible to
interpolate elements of the table at this stage.

Step 8 The projected data are summed according to the
desired weights, w”/(r_;r,.x), thus producing a cumula-
tive result for the chosen moment tensor component
using the chosen propagation phase at the chosen 1image
point and origin time. The summation can take a variety
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of forms depending on the chosen weights (including
summation, averaging or other descriptive statistics).

Step 9 Steps 7 & 8 are repeated for other moment tensor
components.

Step 10 Steps 6-9 are repeated for all reference traces, and
for all comparative traces.

Step 11 Steps 6-10 are repeated for additional propagation
phases.

Step 12 Steps 6-11 are repeated for each recerver.

Step 13 Steps 6-12 are repeated for other image points 1n
the volume of interest.

Step 14 Point source locations are selected from the source
intensity function.

System Example

Representatively 1llustrated 1n FIG. 18 1s an example of a

system 20 for imaging a subterranean region of interest. The
methods described herein may be implemented using the
system 20, or any other methods within the scope of this
disclosure may be implemented with the system. However, 1t
1s not necessary for the system 20 to be used, in keeping with
the principles of this disclosure.

In the FIG. 18 example, the system 20 includes a computer
22 having at least one processor 24. Instructions 26 for per-
forming one or more of the above described methods are
loaded 1into computer memory 28. The instructions 26 could
be supplied 1n any form, but are preferably embodied in a
computer readable medium (such as, on a hard drive, solid
state memory, or any other type of storage device). Alterna-
tively, the instructions 26 could be transmitted to the com-
puter 22 via any other means (e.g., wired or wireless commu-
nication, etc.).

Data 32 from the sensors 10 1s also iput to computer
memory 30. The memory 30 may be the same as, or different
from, the memory 28. For example, if the computer 22 is
dedicated to performance of the method, then the instructions
26 may be stored 1n non-volatile ROM-type memory, whereas
the sensor data 32 may be stored in RAM-type memory. Any
type of memory may be used for either of the memories 28,
30, 1n keeping with the scope of this disclosure.

The processor 24 carries out the instructions 26, using the
input data 32. Additional inputs may be supplied (e.g., by an
operator to select options, mitiate routines, etc.) via a separate
input device 34 (such as, a keyboard, mouse, etc.). Any type
of mnput device 34 may be used, in keeping with the scope of
this disclosure.

A separate graphics processor 36 may be used to produce
suitable graphics for presentation on a display 38 (such as, a
computer monitor, a video screen, a printer, etc.). Any type of
display 38 may be used, 1n keeping with the scope of this
disclosure. The graphics processor 36 may also be used to
carry out the instructions 26.

From the foregoing description and disclosure of various
embodiments, 1t will be apparent that significant 1improve-
ments are provided thereby for analyzing the distribution and
properties of subsurface events. Various embodiments of the
method are described herein solely for the purposes of illus-
trating the 1nvention in 1ts various aspects.

It 1s contemplated and to be explicitly understood that
various other substitutions, alterations, and/or modifications,
including but not limited to any such implementation variants
and options as may have been specifically noted or suggested
herein, including inclusion of technological enhancements to
any particular method step or system component discovered
or developed subsequent to the date of this disclosure, may be
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made to the disclosed embodiments without necessarily
departing from the technical and legal scope of this disclo-
sure.

The following variations are specifically contemplated:

1. With respect to event probability/certainty, 1t 1s contem-
plated that it may be advantageous to combine the
moment tensor migration 1maging procedure disclosed
herein with a technique for estimating the probability
density function for a stack amplitude to generate a
likelihood for position and time being a seismic source.

2. With respect to event location error, 1t 1s specifically
contemplated that combining the moment tensor migra-
tion 1imaging procedure with probability analysis can be
used to estimate an error associated with seismic source
location.

3. With respect to a method for full wavetorm moment
tensor 1nversion, the use of moment tensor migration
imaging 1s contemplated as a first step 1n an mversion
scheme for the moment tensor components.

In examples described above, a method of imaging a sub-
terranean region 1s provided to the art. The method can com-
prise: recording actual seismic data output from seismic
receivers (e.g., sensors 10) having known positions; inputting
the seismic data to a processing system; and the processing
system executing instructions which project a selected data
sample from the seismic data onto a moment tensor compo-
nent.

The method can also 1include the processing system com-
puting desired quantities for determining data weights in the
equation:

n=>3
my(x, 7) = arfz CI'J'Z w'! (r; X, T)

n=1 M=1

M
2 v i 3 W (e, )X H M dy(r, 1= 7+ Ty (x, r)}dr

where the variables are defined as set forth above.

The desired quantities can include complex ray amplitude
AM(x,r), geometrical spreading factor R*(x,r), source direc-
tion cosines or angles v, receiver direction cosines, 1), and ray
KMAH index, K, for each propagation phase of interest, M.

The method can also include, for each receiver and com-
ponent, n, selecting a data sample for a selected 1mage point
and origin time as defined by the equation: (d, (r,t=t+T1, (X,
r)))-

The processing system executing can also include project-
ing the selected data sample onto the moment tensor compo-
nent 1,1, by forming the vector

from prior determined quantities in travel time tables as
defined by the equation: d_(r,t=t+T, {X.1)).

The method can also include summing the projected data
according to the desired weights, thereby producing a cumu-
lative result for a selected moment tensor component using a
selected propagation phase at a selected 1mage point and
origin time. The summing may comprise at least one of sum-
mation and averaging.

The method can include repeating the summing for any
other moment tensor components, thereby producing a cumu-
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lative result for all moment tensor components using the
selected propagation phase at the selected image point and
origin time.

The method can also include repeating the summing for
any additional propagation phases, thereby producing a
cumulative result for each moment tensor component at the
selected 1mage point and origin time.

The method can also include calculating a source intensity
using the cumulative result for each moment tensor compo-
nent at the selected 1image point and origin time.

The method can also include repeating the summing and
calculating steps for each image point and origin time 1n a
volume of interest.

The method can include selecting point source locations
from a source intensity function.

Calculating the source itensity can comprise computing,
the source intensity as the sum of the squares of the cumula-
tive result for each of the moment tensor components. Calcu-
lating the source intensity can comprise computing a scalar
measure of a combined magnitude of the cumulative result for
cach of the moment tensor components at each image point.

The plurality of seismic receivers (e.g., sensors 10) con-
s1sts of one or more vibration sensitive or pressure sensitive
components. Each of the plurality of seismic recervers may be
sensitive to vibration in only one specific direction.

The method can also include pre-processing the seismic
data by frequency filtering.

A system 20 for use 1n 1maging a subterranean region of
interest 1s also described above. In one example, the system
20 can nclude instructions 26 which operate on recorded
actual seismic data 32 output from seismic recervers (e.g.,
sensors 10) having known positions, and at least one proces-
sor 24. The instructions 26 cause the processor 24 to project
a selected data sample from the seismic data 32 onto a
moment tensor component 1,].

The instructions 26 may cause the processor 24 to compute
desired quantities for determining data weights in the equa-
tion:

n=>3
mi;(x, T) = arfz CL\;Z w (r; X, T)

n=1 M=1

M
Z:M g 3 WY e, VX H M d,(r 1= 7+ Ty (x, )} r

where the variables are defined as set forth above.

The instructions 26 may cause the processor 24 to, for each
receiver and component, n, select a data sample for a selected
image point and origin time as defined by the equation: (d, (x,
t=t+1, {X.,1))).

The 1nstructions 26 may cause the processor 24 further to
project the selected data sample onto the moment tensor
component 1,], by forming the vector

from prior determined quantities 1n travel time tables as
defined by the equation: d, (r.t=t+T1, {X.1)).

The 1nstructions 26 may cause the processor 24 to sum the
projected data according to the desired weights, thereby pro-
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ducing a cumulative result for a selected moment tensor com-
ponent using a selected propagation phase at a selected image
point and origin time.

The projected data may be summed by at least one of
summation and averaging.

The instructions 26 may cause the processor 24 to repeat
the summing for any other moment tensor components,
thereby producing a cumulative result for all moment tensor
components using the selected propagation phase at the
selected 1mage point and origin time.

The instructions 26 may cause the processor 24 to repeat
the summing for any additional propagation phases, thereby
producing a cumulative result for each moment tensor com-
ponent at the selected image point and origin time.

The nstructions 26 may cause the processor 24 to calculate
a source intensity using the cumulative result for each
moment tensor component at the selected image point and
origin time.

The instructions 26 may cause the processor 24 to repeat
the summing and calculating for each image point and origin
time 1n a volume of interest.

The mstructions 26 may cause the processor 24 to select

point source locations from a source ntensity function.

The instructions 26 may cause the processor 24 to calculate
the source 1ntensity as a sum of squares of the cumulative
result for each of the moment tensor components.

The nstructions 26 may cause the processor 24 to calculate
the source intensity as a scalar measure of a combined mag-
nitude of the cumulative result for each of the moment tensor
components at each 1image point.

The 1instructions 26 may cause the processor 24 to pre-
process the seismic data by frequency filtering.

Also described above 1s a method of 1maging a subterra-
nean region. In one example, the method can comprise:

Step 1 recording seismic data at seismic receivers of known

position and passing the data to a processing system;

Step 2 filtering and pre-processing the seismic data;

Step 3 computing desired quantities to determine the data

welghts 1n an equation:

n=>3
~ M.
my(x, 7) = aff E Cij E W (r; X, T)
n=1 M=l

M
:M i: 3 ‘l’g’i(x, r) X H_K{dn(r, =17+ Tylx, ridr

where the variables are defined as set forth herein. The
equation preferably retains the speed and tlexibility of
the diffraction stack approach, but allows for the
scope of 1maging moment tensor components, and
incorporation of multiple propagation modes and data
components, from each receiver position to a set of
image points 1n the volume of interest;

Step 4 For each recerver and component, n, selecting a data
sample for a given 1mage point and origin time (d (T,
t=t+T1, (X.1)));

Step S projecting the selected data onto a moment tensor
component 1,], by forming the vector

AM (e, r)
Cf_,f RM (x, r) LPUH (xa r)
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from the prior determined quantities in travel time tables
d (rt=t+T, (X,r)).

Step 6 summing the projected data according to the desired
weights, w”(r; x,t), thereby producing a cumulative
result for the chosen moment tensor component using
the chosen propagation phase at the chosen image point
and origin time;

Step 7 repeating step 6 for other moment tensor compo-
nents;

Step 8 repeating steps 4 through 7 for additional propaga-
tion phases to produce a cumulative result for each
moment tensor component at the chosen image point
and origin time;

Step 9 calculating a source intensity using the moment
tensor components for the image point and origin time of
step 3,

Step 10 Repeating steps 4 through 9 for each 1image point
and origin time 1n the volume of interest; and

Step 11 selecting point source locations from the source
intensity function.

The plurality of seismic receivers may consist ol one or
more vibration sensitive or pressure sensitive components.
Each of the plurality of seismic recetvers may be sensitive to
vibration 1n one specific direction.

The step of filtering and pre-processing the seismic data
may include frequency filtering.

The desired quantities may include the complex ray ampli-
tude AM(x.r), the geometrical spreading factor R¥(x,r), the
source direction cosines or angles vy, receiwver direction
cosines, 1, and the ray KMAH index, K, for each propagation
phase of interest, M.

The summation may comprise summation, averaging or
other descriptive statistics, depending on the chosen weights.

The step 9 of calculating a source intensity may include
computing the source 1ntensity as the sum of the squares of
the moment tensor components.

The step 9 of calculating a source 1ntensity may comprise
computing a scalar measure of the combined magnitude of
the moment tensor components at an 1mage point.

Another method of 1maging a subterranean region
described above can include:

(1) recording seismic data at seismic receivers of known

positions, and passing the data to a processing system:;

(2) computing quantities to determine data weights 1n a
moment tensor imaging migration, the quantities being
any measurement derived from tracing of one or more
Se1SmIC rays;

(3) constructing a set of cross correlated signals where a
signal from each recerver component is taken as a refer-
ence signal, and cross correlated with a comparative
signal from another receiver;

(4) for each recewver and component, selecting a data
sample for a given 1mage point and receiver pair;

(5) projecting the selected data sample onto a moment
tensor component 1,], by forming a vector from the prior
computed quantities in travel time tables and computing
a vector product with the selected cross correlated sig-
nals;

(6) summing the projected data according to the desired
weights, thereby producing a cumulative result for the
chosen moment tensor component using the chosen
propagation phase at the chosen 1image point and origin
time;

(7) repeating steps (5) and (6) for any other moment tensor
components;

(8) repeating steps (4) through (7) for any additional ret-
erence signals, and any additional comparative signals;
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(9) repeating steps (4) through (8) for any additional propa-

gation phases;

(10) repeating steps (4) through (9) for each additional

recerver; and

(11) repeating steps (4) through (10) for each 1image point

and origin time 1n the volume of interest.

Although various examples have been described above,
with each example having certain features, it should be under-
stood that 1t 1s not necessary for a particular feature of one
example to be used exclusively with that example. Instead,
any of the features described above and/or depicted in the
drawings can be combined with any of the examples, 1n
addition to or in substitution for any of the other features of
those examples. One example’s features are not mutually
exclusive to another example’s features. Instead, the scope of
this disclosure encompasses any combination of any of the
features.

Although each example described above includes a certain
combination of features, 1t should be understood that 1t 1s not
necessary for all features of an example to be used. Instead,
any of the features described above can be used, without any
other particular feature or features also being used. The
embodiments are described merely as examples of useful
applications of the principles of the disclosure, which 1s not
limited to any specific details of these embodiments.

The terms “including,” “includes,” “comprising,” “com-
prises,” and similar terms are used 1n a non-limiting sense in
this specification. For example, if a system, method, appara-
tus, device, etc., 1s described as “including’™ a certain feature
or element, the system, method, apparatus, device, etc., can
include that feature or element, and can also include other
features or elements. Similarly, the term “comprises”™ 1s con-
sidered to mean “comprises, but 1s not limited to.”

Of course, a person skilled in the art would, upon a careful
consideration of the above description of representative
embodiments of the disclosure, readily appreciate that many
modifications, additions, substitutions, deletions, and other
changes may be made to the specific embodlments and such
changes are contemplated by the principles of this dlsclosure
Accordingly, the foregoing detailed description 1s to be
clearly understood as being given by way of illustration and
example only, the spirit and scope of the invention being
limited solely by the appended claims and their equivalents.

TABLE OF MATHEMATICAL SYMBOLS

Conventions

Scalars use normal text
Matrices and Vectors use bold

SYMBOLS

r Recetver position vector

s Source position vector

X Image point position vector

t Time

T Origin time of source

o Angular frequency

d.(r,t) Seismic data recorded on component, 1, and receiver
position, r and time t.

f (s,T) Component of point force at position s and time T.

G, (1,s,t) Green’s function transtorming point force com-
ponent 1 at s into recerver component 1 at .

G, 1(r,8,t) Spatial derivative of the Green’s function with
respect to direction k at s.

m,(s,t) Element of moment tensor
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Gg(r,s,t—t) Unwrapped Green’s function
H*(x) Hilbert transform of function x.
H™(x) Inverse Hilbert transtform of function x.

u.” Part of wavetield corresponding to propagation mode m
on component 1.

v, P-wave velocity

v S-wave velocity

0 Density

r Radial distance between source and receiver

AM Ray amplitude for the ray traveling between the source
and receiver, with propagation phase M.

TY(r,x) Travel times along the ray with propagation phase
M.

Jd L}
as

Geometrical spreading in heterogenous media. Theratio of
the area of solid angle at the source to the area of wave-
front at the receiver.

I qz.M Matrices projecting the vector of motion at the source

onto the components at the receitver for propagation
phase M

n,””>,m,", n,® Ray direction at the receiver and two other

vectors forming an orthogonal set.

vy Wy (2 Ray direction at source and two other vec-
tors forming an orthogonal set.

W?(r) Observed wave form attribute

W"(r,x) Modeled wavetorm attribute

I(x,T) Image/stack function at image point and origin time
w(r;x, 1) Data weight in diffraction stack migration

X(r .r,:t) Cross correlation of traces at sensors r, and r,
using r, as the reference.

w(r,_.r,,X,1) Weight for cross-correlation summation
c. Real proportionality constant of 1maging approximation

E, " (X,r,w) Element ot the strain tensor observed at x due to
point source directed in the m” direction at r. Also

referred to as a stress Green’s function 1n text

FI_.;.;CM Operator describing radiation pattern from point
source 1n component, 1, for wave type m.

1/RM(r,x) Geometrical spreading factor

‘PWM(XJ) Non-dimensional projection matrix for wave
type M observed at recerver, r, and component, n, onto
moment tensor components 1j.

o' (x) Imaging balance factor in ray-angles only approxi-
mation. Can be thought of as compensation for energy
loss due to wave propagation ensuring image points 1n
different positions with the same source magnitude pro-
duce the same magnitude of source 1n the solution.

k Non-zero scalar used in ray-angle approximation

m,(x,£2;r,) Back projected moment tensor component
from a single receiverr ..
X (x,8:r,.r,) Frequency domain cross-correlation ot back

projected moment tensor from receiverr , with that from
recetver r,.

X' (r_:r,,t) Time domain cross-correlated signal between
receiver r, component k, and recerver r, component m.
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Operators
8 Time domain convolution
a* Complex conjugate for scalar, a
A* Conjugate transpose of matrix A

What 1s claimed 1s:

1. A method of imaging a subterranean region, the method
comprising;

recording actual seismic data output from a plurality of

seismic receivers of known positions;

inputting the seismic data to a processing system; and

the processing system executing mstructions which project

a data sample from the seismic data onto at least one
moment tensor component.

2. The method of claim 1, further comprising the process-
ing system computing a plurality of quantities for determin-
ing data weights in aray based moment tensor imaging migra-
tion, the computed quantities being dertved from tracing of
OnNe Or more se1smic rays.

3. The method of claim 2, wherein the computed quantities
include complex ray amplitude, geometrical spreading factor,
source direction cosines or angles, recerver direction cosines,
and ray KM AH index, for each propagation mode of interest.

4. The method of claim 2, wherein the data sample corre-
sponds to a specific 1mage point and origin time.

5. The method of claim 4, wherein the processing system
executing further comprises projecting the data sample onto
the moment tensor component by forming a vector using the
computed quantities and travel time tables.

6. The method of claim 2, further comprising summing the
projected data according to the determined data weights,
thereby producing a cumulative result for the moment tensor
component based on a first propagation mode.

7. The method of claim 6, wherein the summing comprises
at least one of summation and averaging.

8. The method of claim 6, further comprising repeating the
summing for any other moment tensor components, thereby
producing a cumulative result for each of the other moment
tensor components based on the first propagation mode.

9. The method of claim 8, turther comprising repeating the
summing for any additional propagation modes, thereby pro-
ducing a cumulative result for each of the moment tensor
components based on the additional propagation modes.

10. The method of claim 9, further comprising calculating
a source intensity using the cumulative result for each of the
moment tensor components.

11. The method of claim 10, further comprising repeating
the summing and the calculating for additional origin times
and 1mage points 1n a volume of interest.

12. The method of claim 11, further comprising selecting
point source locations from a source intensity function.

13. The method of claim 10, wherein calculating the source
intensity comprises computing the source intensity as a sum
ol squares of the cumulative results for the moment tensor
components.

14. The method of claim 10, wherein calculating the source
intensity comprises computing a scalar measure of a com-
bined magnitude of the cumulative results for the moment
tensor components at each 1image point.

15. The method of claim 1, wherein the plurality of seismic
receivers consists ol one or more vibration sensitive or pres-
sure sensitive components.

16. The method of claim 1, wherein each of the plurality of
se1smic recervers 1s sensitive to vibration i only one specific
direction.
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17. The method of claim 1, further comprising pre-process-
ing the seismic data by frequency filtering.

18. A system for use in 1maging a subterranean region of
interest, the system comprising;:

instructions which operate on recorded actual seismic data

output from a plurality of seismic recervers having
known positions; and

at least one processor, whereby the 1nstructions cause the

processor to project a data sample from the seismic data
onto at least one moment tensor component.

19. The system of claim 18, wherein the instructions cause
the processor to compute a plurality of quantities for deter-
mimng data weights in a ray based moment tensor 1maging,
migration, the computed quantities being derived from trac-
INg one or more se1smic rays.

20. The system of claim 19, wherein the computed quan-
tities include complex ray amplitude, geometrical spreading
factor, source direction cosines or angles, recerver direction
cosines, and ray KMAH index, for each propagation mode of
interest.

21. The system of claim 19, wherein the data sample cor-
responds to a selected image point and origin time.

22. The system of claim 21, wherein the istructions cause
the processor to project the data sample onto the moment
tensor component by forming a vector using the computed
quantities and travel time tables.

23. The system of claim 19, wherein the instructions cause
the processor to sum the projected data according to the
determined data weights, thereby producing a cumulative
result for the moment tensor component based on a first
propagation mode.

24. The system of claim 23, wherein the projected data 1s
summed by at least one of summation and averaging.

25. The system of claim 23, wherein the istructions cause
the processor to repeat the summing for any other moment
tensor components, thereby producing a cumulative result for
cach of the other moment tensor components based on the
first propagation mode.

26. The system of claim 25, wherein the istructions cause
the processor to repeat the summing for any additional propa-
gation modes, thereby producing a cumulative result for each
of the moment tensor components based on each additional
propagation mode.

277. The system of claim 26, wherein the instructions cause
the processor to calculate a source intensity using the cumu-
lative result for each of the moment tensor components.

28. The system of claim 27, wherein the instructions cause
the processor to repeat the summing and the calculating for
additional origin times and 1mage points 1n a volume of inter-
est.

29. The system of claim 28, wherein the istructions cause
the processor to select point source locations from a source
intensity function.

30. The system of claim 27, wherein the instructions cause
the processor to calculate the source intensity as a sum of
squares of the cumulative results for the moment tensor com-
ponents.

31. The system of claim 27, wherein the instructions cause
the processor to calculate the source intensity as a scalar
measure ol a combined magnitude of the cumulative results
for the moment tensor components at each 1image point.

32. The system of claim 18, wherein the plurality of seis-
mic recervers consists ol one or more vibration sensitive or
pressure sensitive components.

33. The system of claim 18, wherein each of the plurality of
se1smic recervers 1s sensitive to vibration 1in only one specific
direction.
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34. The system of claim 18, wherein the istructions cause
the processor to pre-process the seismic data by frequency
filtering.

35. A method of imaging a subterranean region, the method
comprising;

(1) recording seismic data at a plurality of seismic receivers
of known positions, and passing the data to a processing
system;

(2) filtering and pre-processing the seismic data;

(3) computing a plurality of quantities to determine data
welghts 1n a ray based moment tensor 1maging migra-
tion, the quantities being derived from tracing of one or
more se1smic rays;

(4) obtaining a data sample corresponding to a selected
image point and origin time;

(5) projecting the data sample onto a moment tensor com-
ponent by forming a vector using the computed quanti-
ties and travel time tables:

(6) summing the projected data according to the deter-
mined data weights, thereby producing a cumulative
result for the moment tensor component based on a first
propagation mode;

(7) repeating (6) for any other moment tensor components;

(8) repeating (4) through (7) for any additional propagation
modes to produce a cumulative result for each of the
moment tensor components based on the additional
propagation modes;

(9) calculating a source intensity using the cumulative
results for the moment tensor components;

(10) repeating (4) through (9) for additional origin times
and 1mage points 1n a volume of interest; and

(11) selecting point source locations from a source nten-
sity function.

36. The method of claim 35, wherein the plurality of seis-
mic recervers consists ol one or more vibration sensitive or
pressure sensitive components.

377. The method of claim 35, wherein each of the plurality
ol seismic recervers are sensitive to vibration in one specific
direction.

38. The method of claim 35, wherein the step of filtering,
and pre-processing the seismic data includes frequency f{il-
tering.

39. The method of claim 35, wherein the computed quan-
tities include a complex ray amplitude, a geometrical spread-
ing factor, source direction cosines or angles, recerver direc-
tion cosines, and a ray KMAH 1ndex, for each propagation
mode of interest.

40. The method of claim 39, wherein the summation com-
prises at least one of summation and averaging.

41. The method of claim 40, wherein the of calculating a
source 1ntensity comprises computing a sum of squares of the
cumulative results for the moment tensor components.

42. The method of claim 40, wherein the calculating a
source mntensity comprises computing a scalar measure of a
combined magnitude of the cumulative results for the
moment tensor components at each 1image point.

43. A method of imaging a subterranean region, the method
comprising:

(1) recording seismic data at a plurality of seismic receivers
of known positions, and passing the data to a processing
system;

(2) computing a plurality of quantities to determine data
welghts 1n a moment tensor imaging migration, the com-
puted quantities being derived from tracing of one or
more se1smic rays;

(3) constructing a set of cross correlated signals, where a
signal from each seismic receiver 1s taken as a reference
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signal, and cross correlated with a comparative signal
from another seismic recerver:

(4) for each seismic receiver pair, obtaiming a data sample
for a selected 1image point and origin time;

(5) projecting the data sample onto a moment tensor com-
ponent by forming a vector using the computed quanti-
ties and travel time tables, and computing a vector prod-
uct with the cross correlated signals;

(6) summing the projected data according to the deter-
mined data weights, thereby producing a cumulative
result for the moment tensor component based on a first
propagation mode;

(7) repeating (35) and (6) for any other moment tensor
components;

(8) repeating (4) through (7) for any additional reference
signals, and any additional comparative signals;

(9) repeating (4) through (8) for any additional propagation
modes;

(10) repeating (4) through (9) for each additional receiver;
and

(11) repeating (4) through (10) for each additional origin
time and 1mage point in a volume of interest.
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44. The method of claim 43, wherein the plurality of seis-
mic recervers consists ol one or more vibration sensitive or
pressure sensitive components.

45. The method of claim 43, wherein each of the plurality
ol seismic recervers 1s sensitive to vibration 1n one speciiic
direction.

46. The method of claim 43, further comprising filtering
and pre-processing the seismic data.

4'7. The method of claim 46, wherein the filtering and
pre-processing the seismic data includes frequency filtering.

48. The method of claim 43, wherein the computed quan-
tities include a complex ray amplitude, a geometrical spread-
ing factor, source direction cosines or angles, receiver direc-
tion cosines, and a ray KMAH 1ndex, for each propagation
mode of interest.

49. The method of claim 43, further comprising:

(12) calculating a source intensity using the cumulative
results for the moment tensor components for the origin
times and 1image points 1n the volume of 1nterest; and

(13) selecting point source locations from a source inten-
sity function.
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