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METHOD AND APPARATUS FOR
ACOUSTOELASTIC EXTRACTION OF
STRAIN AND MATERIAL PROPERTIES

CROSS-REFERENCE TO RELATED
APPLICATIONS

This application 1s a divisional of U.S. application Ser. No.
11/549,865 U.S. Pat. No. 7,744,535 filed Oct. 16, 2006 which
1s a continuation-in-part of U.S. application Ser. No. 11/192,
230 U.S. Pat. No. 7,736,313, filed Jul. 29, 2005, which claims

the benefit of U.S. Provisional Application 60/592,746 filed
Jul. 30, 2004 hereby incorporated by reference.

STATEMENT REGARDING
FEDERALLY-SPONSORED RESEARCH OR
DEVELOPMENT

This mvention was made with United States government
support awarded by the following agency: NIH AR049266.
The Umted States has certain rights in this invention.

BACKGROUND OF THE INVENTION

The present mvention relates to ultrasonic imaging and
quantitative measurements and, in particular, to an improved
apparatus and method for making ultrasonic measurements of
material strain and stifiness.

Conventional ultrasonic imaging provides a mapping of
ultrasonic echo signals onto an image plane where the inten-
sity of the echo, caused principally by relatively small differ-
ences 1n material properties between adjacent material types,
1s mapped to brightness of pixels on the image plane. While
such 1mages serve to distinguish rough structure within the
body, they provide limited insight into the physical properties
of the imaged matenials.

Ultrasonic elastography 1s a new ultrasonic modality that
may produce data and 1images revealing stifiness properties of
the material, for example, strain under an externally applied
stress, Poisson’s ratio, Young’s modulus, and other common
strain and strain-related measurements.

In one type of elastography, termed “quasi-static” elastog-
raphy, two 1mages of a maternial in two different states of
compression, for example, no compression and a given posi-
tive compression, may be obtained by the ultrasound device.
The material may be compressed by a probe (including the
transducer itsell) or, for biological materials, by muscular
action or movement of adjacent organs. Strain may be
deduced from these two 1mages by computing gradients of the
relative shift of the material in the two i1mages along the
compression axis. Quasi-static elastography 1s analogous to a
physician’s palpation of tissue in which the physician deter-
mines stiflness by pressing the material and detecting the
amount of matenal yield (strain) under this pressure.

The process of deducing the shift in material under com-
pression may start by computing local correlations between
the 1mages, and then evaluating differences in echo arrival
time for correlated structures before and after compression.
Differences 1n echo arrival time are converted to material
displacement (or strain, which 1s displacement normalized by
length) at different points within the material by multiplying
the difference 1n arrival times by the speed of sound through
the matenial.

The amount of material strain indirectly provides an
approximate measure of stiffness. Material that exhibits less
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2

strain under compression may be assumed to be stiffer, while
material that exhibits more strain under compression 1s
assumed to be less stifl.

The parent application to the present application provided
a new paradigm of strain measurement which, rather than
deducing strain by measuring the motion of the matenal,
deduced strain directly from the modification of the ultra-
sonic signal caused by changes 1n the acoustic properties of
the material under deformation (acoustoelasticity). A similar
technique could be used, 11 the strain 1s known, to derive the
material properties.

BRIEF SUMMARY OF THE INVENTION

The present inventors have now realized that acoustoelastic
analysis can provide both strain and material properties from
a set of ultrasonic signals without the need to know one to
derive the other. A similar technique can be used to provide a
variety of new material property measurements including
stiffness gradient (the change 1n stifiness with strain), tangen-
tial modulus, Poisson’s ratio, and wave signal attenuation (all
as a function of strain) as well as tissue density that in turn can
be used to provide 1mages and novel data describing materi-
als. These measurements, 1n the medical field, may help dit-
ferentiate tissue types that otherwise would appear similar 1n
standard or elastographic ultrasound images.

Specifically then, one embodiment of the present invention
provides an ultrasound system having an ultrasound trans-
ducer assembly for transmitting an ultrasound signal to col-
lect a first and second echo signals when the matenal 1s at a
first and second tension applied across the axis of the ultra-
sound. A processor recerves the first and second echo signals
from the ultrasound transducer and processes the signals
according to a stored program to deduce both strain of the
material and 1ts stiffness.

Thus, 1t 1s one feature of at least one embodiment of the
invention to provide for measurements of strain 1n materials
in situations where the functional loading cannot be easily
characterized. It1s another feature of at least one embodiment
ol the invention to allow simultaneous measurement of strain
and maternial properties (stifiness, density, Poisson’s ratio,
tangential modulus and wave attenuation) without error-
prone precharacterization of the matenal.

The processor may determine strain and material proper-
ties (stifiness, Poisson’s ratio, tangential modulus and wave
attenuation) from a time of tlight of ultrasound between the
first and second interfaces in the target material and the retlec-
tion coellicients indicating retlected ultrasonic energy at the
first and second interfaces.

Thus, 1t 1s another feature of at least one embodiment of the
ivention to extract quantitative information from the
strength of reflections that allows improved analysis of ultra-
sonic signals.

In another embodiment, the present invention provides an
ultrasonic acoustoelastography system that evaluates the first

and second echo signals at multiple states of deformation to
provide a measure of change in stiffness as a function of

deformation and uses this change 1n materal properties (stifl-
ness, density, Poisson’s ratio, tangential modulus and wave
attenuation) as a function of deformation to characterize the
materal.

Thus, 1t 1s one feature of at least one embodiment of the
invention to use a measure of the deviation of stifiness from
constant, assumed in other elastographic techniques, 1n fact,

to characterize tissue.
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The echo signals may be from boundaries of the material in
another material, or the reverse, or of the material 1n a uniform
transmission material such as water.

Thus, 1t 1s one feature of at least one embodiment of the
invention to provide a method of obtaiming the necessary
signals 1n a variety of situations.

The change of stifiness or other material properties (den-
sity, Poisson’s ratio, tangential modulus and wave attenua-
tion) may be output as an 1image.

Thus, 1t 1s one feature of at least one embodiment of the
invention to provide a new 1imaging mode.

In a preferred embodiment, the invention provides a system
for measuring material properties with ultrasound, which
measures the strength of reflected waves from multiple levels
of deformation of the material at a first and second boundary
of the material and measures the time of travel of the waves
between the first and second boundary. These two measure-
ments are combined to deduce material strain, and then other
maternal properties (stifiness, tangential modulus, Poisson’s
rat1o, wave attenuation, and density) can be calculated using
the deduced strain and measured wave signal sets from mul-
tiple states of material deformation.

Thus, 1t 1s one feature of at least one embodiment of the
invention to provide a wealth of new measurable qualities of
materials using ultrasound.

These particular objects and advantages may apply to only
some embodiments falling within the claims, and thus do not
define the scope of the invention.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1 1s a simplified block diagram of an ultrasound
scanner suitable for use with the present mvention having a
transducer system providing compression ol a measured
material along the beam of ultrasound;

FIG. 2 1s a fragmentary view of an alternative transducer
system used with tension on the material applied across the
beam of ultrasound;

FIG. 3 1s an elevational cross-section of material being
measured using the devices of FIG. 1 or 2, showing the
incident and reflected signal and the analysis of the reflected
signal to deduce time of flight and reflection coelficients;

FI1G. 4 1s a block diagram of the calculations of the present
invention using the system of FI1G. 2 to sitmultaneously obtain
stiffness and strain;

FIG. 5 1s a detailed view of the calculation block of FIG. 4
showing the extraction of retlection coefficients and time of
tlight, per FIG. 3, 1n this process.

FI1G. 6 1s a block diagram of the calculations of the present
invention using the system of FIG. 1 to simultaneously obtain
different material properties and tissue strain;

FIG. 7 1s a block diagram of a mapping system used to
provide 1mages and quantitative imnformation from the sys-
tems of FIGS. 4 and 6;

FI1G. 8 1s a pair of graphs showing stifiness gradient deter-
mined using the present ivention and per ex vitro measure-
ment showing the performance of the present invention and
the ability of stifiness gradient to distinguish tissue types; and

FIG. 9 1s a diagram showing ultrasound waves and their

magnitudes as they pass through the materials of FIGS. 2 and
3.

DETAILED DESCRIPTION OF THE PREFERRED
EMBODIMENT

Referring now to FIG. 1, an acoustoelastographic ultra-
sound system 10 suitable for use with the present invention

10

15

20

25

30

35

40

45

50

55

60

65

4

may employ an ultrasonic 1imaging machine 11 alone or in
combination with an external computer 30. Generally, the
ultrasonic imaging machine 11 provides the necessary hard-
ware and/or software to collect and process ultrasonic echo
signals by processor 33 held within the ultrasonic 1maging,
machine 11 or 1n the external computer 30.

An ultrasonic transducer 12 associated with the ultrasonic
imaging machine 11 may transmit an ultrasound beam 14
along an axis 15 toward a region of interest 18 within a patient
16 to produce echo signals returning generally along axis 15.
The echo signals may be recerved by the ultrasonic transducer
12 and converted to an electrical echo signal. For the con-
struction of an 1image, multiple rays within ultrasound beam
14 and corresponding echo signals will be acquired within a
region of interest surrounding for example a tumor 18. In one
embodiment, the transducer 12 may include a force measur-
ing transducer to quantily force applied to the patient from the
transducer 12 when the transducer 12 1s being used to apply
compression to the patient 16.

Multiple acquisitions of echo signals may be obtained with
the tissue of the patient 16 1n different states of compression,
the compression being performed most easily by pressing the
ultrasonic transducer 12 into the tissue of the patient 16 along
axis 15. Other compression techniques, including those using
independent compressor paddles or muscular action of tissue,
may also be used.

The electrical echo signals communicated along lead 22
may be received by interface circuitry 24 of the ultrasonic
imaging machine 11. The interface circuitry 24 provides
amplification, digitization, and other signal processing of the
clectrical signal as 1s understood 1n the art of ultrasonic 1imag-
ing. The digitized echo signals are then transmitted to a
memory 34 for storage and subsequent processing by a pro-
cessor 33, as will be described below.

After processing, the echo signals may be used to construct
an 1mage displayed on graphical display 36 or may be dis-
played quantitatively on the graphical display 36. Input com-
mands affecting the display of the echo signals and their
processing may be recetved via a keyboard 38 or cursor
control device 40, such as a mouse, attached to the processor
33 via interface 24, as 1s well understood 1n the art.

Referring now to FIG. 2, 1n an alternative embodiment, the
ultrasonic transducer 12 may be placed, for example 1n a
container 42 holding a coupling medium 44 with known
material properties, such as water. A portion of the patient’s
body, 1n this case the patient’s heel including a tendon 45,
may be immersed 1n the coupling medium 44 so that the
ultrasonic transducer 12 directs an ultrasound beam 14 gen-
erally along a horizontal axis 135 through the tendon 45 which
extends vertically across the axis 15. In this case, the tendon
435 15 essentially adjacent to the ultrasonic transducer 12 sepa-
rated only by a small amount of skin and tissue and a thin layer
of the coupling medium 44.

Echo signal, as described above, may be obtained with the
tendon 1n different states of tension, for example by 1nstruct-
ing the patient to press down on the ball of the foot down to It
against the patient’s weight during one acquisition set. The
tension 1s applied vertically along axis 46 generally perpen-
dicular and crossing axis 15. As before the echo signals are

provided over lead 22 to the interface circuitry 24.
Referring now to FIG. 3, 1n both the applications of FIGS.
1 and 2, incident ultrasound rays 20 of the ultrasound beam 14
are directed toward an internal body structure 48 to cross a
front interface 50 and rear interface 52 of the body structure.
The front interface 50 and rear interface 52 may, for example,
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be interfaces between different tissues or materials within a
patient 16 or interfaces between a coupling material and the
body structure 48.

The incident ultrasound ray 20 will typically be a pulse
signal 54 having a first frequency spectrum 36. The passage of
the incident ultrasound ray 20 through the front interface 50
will cause a first retlected ultrasound ray 60 to be returned to
the transducer 12 from the front interface 50. Similarly, the
passage of the ray 20 through the rear interface 52 will cause
a second retlected ultrasound ray 62 to the transducer 12 from
the rear interface 52. These two reflected ultrasound rays
combine with other rays to produce a return signal 64 having
two dominant pulses associated with the reflected ultrasound
rays 60 and 62, each having a corresponding frequency spec-
trum: spectrum 66 for the ray 60, and spectrum 68 for the ray
62.

These pulses may be readily 1dentified by amplitude peak
detection technmiques or adaptive filtering, implemented by
the processor 33 executing a stored program, so that a travel
time t may be determined by measuring the time between
these pulses 60 and 62, such as indicates the travel time of the
incident ultrasound ray 20 between the front interface 530 and
the rear interface 52.

The processor 33 may further analyze the frequency spec-
tra 56, 66, and 68 to determine retlection coefficients at each
of the interfaces 50 and 52 indicating generally how much of
the incident ultrasound ray 20 was reflected at each interface
50 and 52. The reflection coellicients, may, for example, be
determined by comparing the peak amplitude of spectra 56
against the peak amplitudes of spectra 66 and 68, respec-
tively, as will described further below.

Acoustoelastic Strain Gauge (ASG)

Referring now to FIG. 4, the echo data 70 comprising
signals 54 and 64 for two states of tension, per FIG. 1, may be
collected and provided to a processing program 72 contained
in the memory 34 and executed by processor 33. From these
data, acceptably without additional measurement or 1nput
with respect to the material being measured, a stiflness value
or material property 74 and a strain measurement 78 may both
be determined, for example, for the tendon 45 of FIG. 2. This
contrasts to the method of the parent of the present application
in which one of the material properties 74 or strain 78 1s
needed to be known to produce the other.

Referring to FIG. §, the program 72, as described above,
generally provides for a determination of the retlection coet-
ficient 75 and the travel time 76, as described below, for these
two states of tension of the tissue, and makes certain general
assumptions 79 about the measured materials which are pro-
cessed as follows.

Frequency Domain Analysis

First, the transverse stiffness (e.g., along the ultrasound
axis 15) 1s assumed to be some function of the applied strain
¢, for example, a general second order function such as:

633 (E)FﬁCE '€2+C1 '€+C33.

(1)

As will be discussed later, the order or the form of this
function 1s not critical and 1s chosen so that it can be {it to the
data.

By introducing the assumption of near incompressibility
(1.e. the material density does not depend on the amount of
strain or deformation) it follows that:

(2)

Under these assumptions, the wave velocity through thick-
ness (in transverse direction) 1s given by:

p°(e)=p°(e=0)=p;",
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(3)

C33(e) C33(e)
|4 ; ~ .
€ )\/ P> (e) \ Pord

The reflection coetlicient at the interface of surrounding
medium (e.g., water) and target medium 1s defined by:

p°Viey-p'vV (4)
k(e) = — Wy W
o Vie)+ p"V
1 + R(e;)
— " S ] - : j w ] w
or re-organized form p° - V(e;) . R(Ef)ﬁ |7

In these relations, superscripts S and W respectively rep-
resent the target tissue (solid) and the surrounding medium
(e.g., water).

Combining eq. (1)~(4), a relation between material prop-
erties (C,, C,, Cs3, pp) and impedance square (right hand side
of equation) for each stretched state 1s derived as:

(1+RE) w. wl ()
V
(1-R(e)”

— IPS(e)

0o(Cre* +Ci-e+ Cx) =

When the material properties of the surrounding medium
(c.g., water) are known, the reflection coetficient can be
retrieved from measured echo signals, and the impedance
square parameter on the right hand side 1s known. As will be
noted below, however, knowledge of the material properties
of the surrounding material 1s not required.

Similarly, the relation between the material property and
impedance square at non-stretched state can be derived as:

1+ R 2 (6)
poCs3 = | 0) WVW]

(1 —Rﬂ)p
= IPSy.

By the taking the ratio of reflection information egs. (5) and
(6), the unknown target tissue density cancels and 1s elimi-
nated as a parameter required to determine the other material
properties. This 1s important because in-vivo tissue density 1s
very difficult to measure.

oa(e)Csz(e)  Ca-e* +Cyp-e (7)

5 +1
£0 033 C33

(1 +R(e) Wr
T-rRe)” "~

(1 + Ry)
1-Ro)"

(1 + R(e)]?
(I - R(E))]
(1+ Ry
(1 - RD)]
~ IPS(e)

IPS,

= 2
Wy W

Here, the left hand side term represents the unknown nor-
malized material property. Again, the right hand side 1s mea-
sured or known information. Since the material properties of
the surrounding medium (p” V") are cancelled out in the
same process, the material properties of the surrounding
medium that were originally assumed to be known are also
not essential to the analysis.



US 8,282,553 B2

7

Time Domain Analysis:
The travel time at e=0 (non-stretched state) can be related

to tissue thickness D and wave velocity V, by:

2D
Vo N Cs3

(8)

8

1 [(1+ R(e) Wy 2 (57

Cz-€2+C1-€+C33: e,
po L1 = R(e))

|
= — IPS(e)
£0

[

Once the transverse stifiness 1s given as a function of
applied strain e, the tissue thickness at any strain level can be

Similarly, the travel time at e=0 (stretched state) 1s given 10 calculated from relation (9)

by:

(9)

Here, the wave velocity V and tissue thickness d at a
stretched state are given by:

(10)

v \/ 633 (€) \/ CQE:'Z + Cie + (s
£0 £0

and

(11)

die;) =

\/1+€5 |

By taking the ratio of the wave travel time eq. (10) and (11):

(12)

To 2 (2D/Vy)*
(TZ)) =(2d/vﬂ]

the strain e applied to the tissue can be evaluated as:

T, (13)

2
T(e_?)) -1

P, (
© = IPs(e)

Since the right hand side of this relation contains param-
cters that are measured directly from wave signals, the
applied strain can be evaluated directly without any supple-
mental information. Once the applied strains are evaluated,
they are used in equation (7) to compute the normalized
stifiness.

(7)

(1 + R(E’))r
(1 —R(e))

(1 + Ry)
(1 = Ro)

~ IPS(e)

IPS,

C2'€2+C1 e
C33

2

If the density of the target tissue p,~ is known prior to the
testing, the coetlicients 1n the transverse stiflness function can
be directly evaluated by substituting the evaluated strain into
relation (35)
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T(e) (14)

d(E) = TV(E)
_T(E) CZ'EZ'I'CI'E'I'CS?J'
S 2 £
Implementation

Step 1. Measure the retlected echo signal and compute
impedance square IPS, and wave travel time T, through
thickness 1n the non-stretched (unloaded) state (e=0).

I1 the density of target tissue 1s known or can be assumed
with reasonable accuracy, the stifiness at the non-deformed
state can be given by (4).

1L [(L+RE) . .wl
= V
o5 L T=Ren”

C33

1
= — IPSg
£0

Step 2a. Stretch the tissue and measure the retlected echo
signal and compute IPS(e, ) and wave travel time T(e, ). From
relation (13), evaluate the applied strain e, .

Step 2b. Repeat step 2a for the second stretched state to
evaluate IPS(e,) and wave travel time T(e,) through thick-
ness. From relation (13), evaluates the applied strain e,

Step 3. Set up the following two independent equations, by
substituting evaluated strains e, and e, into relation (7).

I1 density 1s not known:

. _ Cp-ef +Cj e | IPS(e()
L : + 1 =
Oor sirain &g 033 IPSD
Cr-e2+C-e IPS(e
For strain e: : 72 Y (€2)
Css IPS,

I the density 1s known, substitute strains €, €, and stiflness
C,, evaluated from previous relation (5)

For strain ey: €, -E% +Cy-ep + G353 = —<1PS(ey)
£o

|
For strain e>: > -E% + -0+ (3 = —SIPS(Eg)

£0

Step 4. Evaluate two normalized unknown parameters
C,/C,; and C,/C4; for the case of unknown tissue density or
stiffness parameters C, and C, for the case of known tissue
density by solving above system of equations simultaneously.

With wave signals acquired at two different unknown
stretched states (e, and e,) and with wave signals from the
non-stretched state (e=0), we can evaluate applied strain and
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two normalized stifiness coetlicients (C,/C5; and C,/C;5)
without any prior information or we can evaluate C, and C,
when tissue density 1s known.

In the above example, stifiness was assumed to be a second
order function of applied strain. It is possible, however, to use
the same technique to evaluate strain and stiflness coetlicients
even 1l stifiness 1s a higher order (or a different type) of
function of strain. Unless, it 1s not possible to acquire wave
signals at multiple strain states, a higher order assumption of
stiffness does not cause any difficulty for this technique.

For example, if stiflness turns out to be a third order func-
tion of strain (Ci;(e)=~C,-e*+C,-e*+C,-e+C,,), it requires
only one extra wave signal measurement to set up the required
extra equations. If N+1 sets of signals (N wave signals mea-
sured at different stretch levels and one wave signal from
non-stretched state) can be acquired, N unknown normalized
material coefficients can be evaluated. Therefore, the Nth
order normalized transverse stiffness Ci,(€)/Cy3=~(Cn/
Caye™V+ ... C,/Cs5e+1) can be found.

It 1s worth noting the differences between the method of
“elastography” and the ASG techmique presented herein.
Since “elastography” uses only the wave equation (and does
not use the acoustoelastic equation done 1n this analysis),
changes 1n tissue acoustic characteristics as a function of
strain do not show up 1n elastographic analysis. Hence the
stiffness is always treated as fixed number i.e. C45(€)=C... As
a result, the frequency domain relation (7) becomes,

(1+R(e)]*

(l—RwD]__”“@)
1+Ry1>2  IPSy
1 - Ry

o5 (e)C33(e) - 26 C33

~ p— ]_ *
03C33 03 C33

Theretfore the relationship between reflection coetlicients
cannot be utilized 1n “elastography”. In addition, the time
domain relation (13) suffers from the same fixed stifiness

C;5(e)=C;; as:

. Ton?
Ez(Tz)) — 1.

This oversimplified relation 1n time domain indicates that
the applied strain can never correctly account for strain
dependent signals within the framework of “elastography”.

The differences between the two methods are tabulated in
Table 1.

TABLE 1

Time domain relation

(13)

Frequency domain
Relation (7)

ASG To

2
T@ﬂ -

C,oe® +Coe

[ [PS(e)
Cs3 1

[PSq

[PSg (
o =
[PS(e)
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Stifiness Gradient Identification (SGI)

Referring now to FIG. 6, the echo data 70 comprising
signals 34 and 64 from multiple states of compression per,
FIG. 1, may be collected and provided to a processing pro-
gram 72' contained 1n the memory 34 and executed by pro-
cessor 33. The echo data 70 may be processed by a program
72', similar to program 72 described with respect to FIG. 4, to
produce a variety of different measurements, including stifl-
ness gradient 82, tangential modulus 91, 1nitial stifiness 84,
density 86, Poisson’s ratio 93, target thickness 95, and wave
attenuation 88.

Referring to FIG. 5, the program 72', as described above,
generally provides for a determination of the reflection coet-
ficient 75 and the travel time 76, as described below, for these
two states of compression of the tissue, and makes certain
general assumptions 79 about the measured materials which
are processed as follows.

The following analysis will consider a one-dimensional
three-layered model (surrounding medium 1/target medium
2/surrounding medium 1). The material properties in the sur-
rounding medium are assumed to be known. If not, an addi-
tional medium (coupling material) with known properties can
be added artificially. The method can then analyze the sur-
rounding medium properties first and then use those proper-
ties for analysis of the target tissue. Hence this technique can
be applied to a multi-layered medium. If the size of the
ultrasound wave width is relatively small compared to the size
of the target tissue, this assumption can be applied to two
dimensions as well.

I1 only the normalized tissue stifiness 1s required, follow-
ing relations and steps may be followed.

Frequency Domain Analysis:

First, based on the theory of acoustoelasticity, the wave

velocities 1n the compressed medium 1 (surrounding tissue)
and medium 2 (target tissue) are given by:

Vie;) *\/

Here, C(e) and t(e) represent strain (e) dependent stifiness
and stress. Subscripts represent the medium numbers.-

Cile;))+1(e;) (101)

P1

nd V(o x\/cz(ef); nie;)

Variables that can be evaluated

Normalized coeflicients
1 C/Css,..
unknown density or
coeflicients C, ..

., Cp/Cy5 for

., Cy for

known tissue density.
& applied strain e

Elastography

Approximate strain e
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By substituting above relations into the well known defi-
nition of a reflection coellicient:

p2-Vale;) — (102)
p1-Vile;) 1 + Re;)

R(e;) = o Vaten+ TP Vale) = — Rien ! -Vi(ei),
p1-Vite)

The unknown parameters in target tissues in the i”” com-
pressed state will be given by:

1 + R(e;) (103)

I = R(e;)

2
P2 Cale;) + nie;)] = ] p1lCre;) +11(e;)].

With consideration of stress continuity (t, (e,)=t,(e,)) that s
guaranteed in a one-dimensional model, relation (103) can be
turther simplified to:

1 + R(e;) (104)

I — R(e;)

2
2 Cr(e;) = ] p1C(e;).

Here, the matenal density of mediums 1 and 2 are assumed
to be very close p,=~p.,.

The unknown parameters in target tissues 1n a non-com-
pressed state are derived to be:

1 + R(e; =0) (105)

(’ -:0 p—
£2 2(€; ) 1—R(€j :0)

>
] p1Ci(e; = 0).

Now assume stiflness 1n target tissue (medium 2) 1s a
second order function of the applied strain ¢ as:

Cs(e)=a,-e*+be+c,.

By taking the ratio of eq. (104) and (105) and with substi-
tution of relation (106), relation between material property in
medium 2 and measured retlection coelfficient are given by:

(106)

1 + R(E,-)'ZC (107)
.{12&':'1-2 + Dre; + co 1 — Rie;) | 1(ei)
c2 T [1+Re =07 '
Ci(e; =0
1—R(Eg=0)_ 1 (e )

Time Domain Analysis
The travel time at e=0 (non-stretched state) 1s related to
tissue thickness D and wave velocity V, by:

(108)

1o =2D

:V—D

Similarly, the travel time at e=0 (stretched state) 1s given

(109)
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Here, the wave velocity V and tissue thickness d at
stretched state 1s given by:

v Cs(e) _\/ﬂ2€2+b2€+62 (110)
N 2 P2

and

die) =D-(1 —e)). (111)

The ratio of the wave travel time eq. (108) and (109) 1s
given by:

D (112)
D ‘2
To _ Vo _ \ P2 :(\/cz(ej)ﬂz(ef)] L
T~ 4 Dl —e;) cs l—e
v \/CZ(E:') +12(€;)
£2
Since

Calei) +n(e;)

2

1s related to reflection coellicients and parameters 1n medium
1 by:

Car(e;) + 1p(e;) _ P2 [Ca(e;) + 1a(e;)]

2 02Cr(e; =0)

I+ R(e)

T R(E')] p1Cile;) +1(e;)]
T 1+ Re =072

I — R(e :0)] pLCuler =0)

1+ R(e)) 7T

T R(e-)] [Cie:) + ni(e;)]
T 1+ R =072

R =0)] Cile; =0)

the strain ¢ applied to the tissue will evaluated as:

L+ R(e) (113)
. 1—R(€i)] [Cile) +nle)]
L l + R(e; = 0) Zc 4 Ty
\ (R =) €t =0

Since the right hand side of this relation contains param-
cters that are either known or measured directly from wave
signals, the applied strain can be evaluated directly without
any supplemental information. Once the applied strains are
evaluated, they are used 1n equation (107) to obtain normal-
1zed stifiness properties.
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1 + R(Eg)_zc (107)
ﬂlzé‘? + bre; + ¢ 1 — Rie;) | 1€:)
C2 T [1+R(e; =07
I—R(Ej _ 0)_ CI(E.E —O)

Implementation
Step 1. Compress media with a higher level of known stress
for example using a force transducer 1n the ultrasonic probe.

1h(eq)=t1(e)

This higher stress enhances the contrast between the target
medium and the surrounding medium. Since the acoustic
contrast 1s now enhanced, the location and shape of the target
tissue can be identified with greater precision. Now, the
reflection coellicient for this compressed tissue can be used in
the following relation:

1 +Req)T*
p2[Calea) +2lea)] = 7 —R(eﬂ)] p1[Ci(ea) +11(esq)] or
- [1+Riea) 2 -
2 Ch(eq) = l—R(s:-?A)] p1C1(eq)

Step 2. Repeat the same measurements for different, but
compressive stresses that are smaller than the stress used 1n
the previous step.

Ir(ep) <Ixey)

1+ R(eg) 12
P2 Crleg) +1p(ep)] = - R(E‘B)] p1lCileg) + 1 (eg)] or
o [LEREn
p2Colep) = [1 — R(EB)] p1C(eg)

Step 3. Measure the reflection information for the non-
compressed state. In this state, the acoustic contrast between
target medium and surrounding medium 1s typically lowest.
Hence the boundary between the two media 1s less clear.
However, by following the compression-enhanced boundary
in the previous two steps, the boundary between the two

media can be estimated and the reflection coellicient can be
computed.

| + Re; =0)

( -=0 —
£2 2(€; ) 1—R(€j :G)

2
] p1Ci(e; =0)

Step 4. Evaluate applied strain € , and ¢, using the relation
(113).

Step 5. With evaluated strain ¢ , and €5, unknown normal-
1zed material properties (0=a,/c, and [3=b,/c,) can evaluated
by solving the following two relations simultaneously. Again,
the parameters on the right hand side of the relation are known
or measured.

1+R(€H)_2C )
are% + byes + c2 [—Rey]
Co - 1+R(€5:O)_2
Ci(e; =0
I—R(Ej =0)_ (e )
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-continued
1+ R(eg) ?
C
:‘ZEQE'JZB + breg + Co 1l — Rieg) | 1(es)
C2 T [14+ R =07
[—R@ =0 1e=Y

Tissue stifiness often 1s reasonably linear over a functional
range of strain and the slope of the stifiness function depends
on the tissue type. For such tissues, parameter [ will be more
dominant and important than c.. Once the slope p 1s evaluated,
tissue 1dentification can be performed by checking a table of
stiffness slopes for various tissues.

IT a tull set of maternial properties (stillness, stifiness gra-
dient, Poisson’s ratio tangential modulus, and density) are to
be evaluated, the following additional relations are further
required.

In a non-deformed 1sotropic homogenous material, the
Young’s modulus E i1s known to related the stiffness C via
material constants termed Poisson’s ratio (v) and 1s given by

[l

_ (1 +v)(1 —2v) (201)

=D

C

Now assume this relation also holds 1n a detformed state 1t
the deformation 1s one dimensional and relation between
tangential modulus and stifiness can be given by:

(1 +vie)(l —2v(e))
(1 —v(e))

(202)

Ele) = Cle)

E(e) 1s termed as tangential modulus instead of Young’s
modulus for general finmite deformation. Since nearly 1ncom-
pressible materials like biological tissues are considered, the
Poisson’s ratio at deformed state can be assumed to be:

(203)

1
vie) = 5 — ple)

¢(e) 1s a small variable that governs small volume changes
caused by the compression strain e. After substituting relation
(203) 1into (202), expand (202) as function of ¢p(e) and 1gnor-
ing the higher order term, then relation (202) simplifies to:

Lie)=0¢(e) Cle) (204)

I1 the stiflness 1n the target tissue (e.g. tendon 435 1n FIG. 2
or tumor 18 i FIG. 1) C, (e) and ¢(e) can be assumed to be

C,(e)=a,-e*+by-e+c, (106)

and
(205)

Ple)=s,+s5°e,

the tangential modulus 1n target tissue (e.g. tendon 45 1n
FIG. 1 or tumor 18 1n FIG. 1) can be given as the function of
strain as

E2(3)36q)(€)'C2(E):6SICE+(6SECE+6SIb2)€+(6ﬂzbz+

65,a5)e”+65,a5e. (206)

Stress under these assumptions (one dimensional deforma-
tion) 1s grven by integrating the tangential modulus,
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Ir{e) = f Ele)de (207)

16

(42
Sy, Sp— and —.
€2 2

1 5

_ - 2, - 3, 4 . .

B 6[’51628 +p 2 +8102)e" + 3 (202 + S @)e” + Zsra€7 With these evaluated constants, both deformation dependent
Poisson’s ratio v (e) and normalized stiffness NC,(e) are
given by

With these relations, the key SGI mathematical relations
for eva}uating tull sets of material properties can bederivedin 10 b(E) = = — (5; +55-€) and NCy(e) = 2 .02 + 2
following manner. 2 2 “2
First, take the ratio of eq. (103) and eq. (105) from previous
section as For simplicity, only a one dimensional layered model (sur-
s rounding medium-target medium-surrounding medium) 1s
considered 1n the current description. Here, the condition of
1 + R(e) 2 (208) stress continuity t,(e)=t,(e) 1s guaranteed at the interface of
[Calen) +n2(e)] |1 - R(e;)] [Cilen) +ne)] two different media and t,(e) i1s known from measuring the
Ca(e; = 0) I+ R(e; = U)rc e = 0) pressure of the ultrasound transducer associated with each
[-R(e;=0)] »q deformation. Using this assumption with equation 207 and
the strain evaluated for each loading, a set of equations are
o | | _ _ generated from the relationship below. From these, the two
By substituting (106) and (207) into this relation, (208) 1s coefficients describing Poisson’s ratio, and all three material
now changed into constants (a,, b, and ¢,) required to define target medium
5 stiffness C, (e) can be determined.
n(e) =1e)
20
1+(651 +E]e+(352+351% + ﬂ—2]52+ (2)
5 5] 5]
1 o1 .1,
=6|s1cre + =(5202 + 5102)e” + = (5200 + s a)e” + =s2the
1+ R(e) | 30 : > )
b ey, 3w TR G+ ate) .
(2525 + 25 5}53 + 552 554 = — R(;i — ) ZC B = 651Ccpe + 3(s2Cp + 51 Dp)e” +2(s2by +51a2)e” + 552.*;1254
[“Re :D)] 1{e; =0)
14 The unknown target tissue density can be also evaluated by
Now, this relation (209) can be utilized as frequency  Utilizing same relation.
domain relation to take the place of relation (107) 1n previous First re-organize relation (103) as
section.
The implementation of this relation 1s exactly same as the
: . . . T 1+ R(e;)7? (210)
implementation steps of (107). First, evaluate applied strains p2Calen) = | 5 7 )] 01[CLie) +11(e))] — pata(e;)
e, from relation (113) at multiple deformed configurations .
(more than 4 sets of data, each at a different strain). Second,
teed back the evaluaj[ed strain into relation (209) to evaluate By taking the ratio of (210) and (105), the normalized
four unknown material constants stiffness of target tissue will be given as
1+R(€£)r (Crlen +11(e)] — oo (e (211)
pZCZ(E.{) bZ a 1 — R(e;) L1 1(e;) 1(e;) — 2 2(e;)
NCa(e) = =14+ —e+ —e" =
P2Cr(e; =0) Cr O 1+ R(e; =0)7° Crlo = 0
1 + R(e;) r
L1 = R(e;) Cile) +1(e) pare;)
C[1+Re; =M1 Cile; =0) 1 + R(e; = 07>
R =0 R 20| 11 =0
By substituting (209) into (211), the density ratio between
unknown target tissue (medium 2) and unknown surrounding
tissue (medium 1) 1s given as:
1 + Ry T2 (212)
0 1 - R Cile; =0) b b a 3 a
PRATIO = 2 = L [6518 + (3.5*2 + 359 —2}92 + (252 24 251 —2]53 + —5> —234]
Pl 1 (e) 2 2 2 2 "o
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Note four constants

b2
S1, S» — and
2

on the right hand side have been evaluated 1n the previous
step, hence they are known properties at this stage.

At first glance, 1n the relation (212), the density ratio may
appear to be a function of applied strain e¢. However, by
observing both relation (207) and (212), the density ratio can
be shown to a constant as follows.

1 + Ry ZC e =0) [l + Ry rC = 0) (213)
£ = £ =
e = 2 = L= R 1 ne) |1-Ry]
RATIO — —— — —
ACT 11 (e) o1 Crle = 0)

In the process, stress continuity t,(e)=t,(e) was introduced.

This relation can be also derived by re-orgamizing (105).
Hence this indicates that the density ratio given by (213)
should result 1n a constant value regardless of the state of
deformation. Once the density ratio 1s evaluated, the density
of target tissue can be simply given by

P2=PrarroIP1 (214)

Once the density of target tissue are given, this can be
brought back to equation (102) 1n SGI to evaluate the wave
velocity 1n target tissue at any deformed state

1+ R(e;)) py (215)

0
1 —Rie;) po

Vale;) = oVye;)

From the evaluated wave velocity, the size (thickness) of
target tissue at any deformed state can be also calculated by

following relations.

d(e;)=1I(e;)

Vole)/?2 (216)

In this relation, T (e,) represents the round trip wave travel
time through target medium.

This thickness can be used in the evaluation of wave attenu-
ation coelficient.

Implementation

Step 1. Compress media with a higher level of known stress
t,(e,) for example using a force transducer 1n the ultrasonic
probe.

1h(eq)=t(e)

This higher stress enhances the contrast between the target
medium and the surrounding medium. Since the acoustic
contrast 1s now enhanced, the location and shape of the target
tissue can be identified with greater precision. Now, the
reflection coetlicient for this compressed tissue can be used in
the following relation:

Co + (651 + f’?g)&?g + (35262 + 35152 + ilg)&i‘i +

3
(2525?2 + 251 :‘512)8?4 + zSzﬂzé'i =

1 + R(ex)
I —R(ex)

2
] [Ci(ea) +11(ea)]

Step 2. Repeat the same measurements for different, but
compressive stresses (t,(ez), t;(e~) and t,(e,)) that are
smaller than the stress used 1n the previous step.
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f1{ep) = nlep) <iea)

c2 + (651 + ba)ep + (3s2¢2 + 351b2 + an)ef; +

3 3 1 1 + R(EB) 2
(25202 +25102)€p + 552026p = | T R(EB)] [Ci(ep) +11(ep)]
fi{ec) =nhilec) <niey)
Ca + (651 —+ bz)EC + (352(?2 —+ 351 bz + .{12)8% +
b ;3 A 1+R(€C)rc
(25200 + 2s1an e + 55202€¢ = [ Riec) [Cilec)+nlec)]
fi{ep) = hiep) <hiea)
Cy + (651 + bz)ED + (35262 + 351 bz + :‘112)&':‘%) +
O52bs + 2510165 + —osrareh = 1+R@mfrﬁr( )+ 11(ep)]
5207 S1 42 )€ 252@89 = I — Rien) 1\€p 1\€D

Step 3. Measure the retlection information for the non-
compressed state. In this state, the acoustic contrast between
target medium and surrounding medium 1is typically lowest.
Hence the boundary between the two media 1s less clear.
However, by tracking the compression-enhanced boundary in
the previous two steps, the boundary between the two media
can be accurately estimated and the reflection coetficient can
be computed.

| + R(e; = 0)
1 — R(e; = 0)

>
] p1Ci(e; =0)

p2Ca(e; =0) =

Step 4. Evaluate applied strains e ,, €5, € ~and e, using the
relation (113).

Step 5. With evaluated strains ¢ , €5, €~ and ¢, unknown
material properties

b az
S1, S»— and —
&) &)

can evaluated by solving the following two relations simul-
taneously. Again, the parameters on the right hand side of the
relation are known or measured.

by

%

b» ,
L+|6s1 +—|ea + 352+351_+_€A+
&) Ca )
1+R(€fq)]2 C
( E?z :‘212) 3 3 a; 1_R(€H) [ I(EA)+f1(€A)]
25y — + 2851 — €4+ =S —€,4 =
€2 2 2 1+R(E:0)rc( )
[—Re=0)] "7
b b b
1 "‘(651 + —2}93 + (352 + 35 2 ﬂ—z]ﬁ'% + (252—2 + 251 %}9?’3 +
€2 c2 €2 Co o
1 + R(eg) 2 .
Es a 4 _ 1—R(€3)] [C1(eg) + 11 (ep)]
22"32 5 1+R(€:ﬂjrc( _0)
[—Re=0)| 17
b b a b £l
l+(651 + —2]8(’: +(352+351—2 + —2] %+(252_2 _|_251_2]E?é+
":2 Cz Cz 62 CZ
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-continued
1+ Riec) TP
3 a 1—R(€C)] [Ci{ec) +11(ec)]
272, ¢ T T —0) P
) HRe=0
1—R@:UJ e=0 5

b b b
L+ (651 + —ZJED T (352 + 35y —= + ﬂ—z]ﬁ'za "'(252—2 + 25 ﬂ—z] 5 +
C2 Ca Co Co Cn

1+ng)zc

3 @, 1—R(€D)][ t(ep) +nilep)]l 10

27, P I+ Re=0)]
1—R@=0J£ﬁw:0)

Step 6. Set up four equations, by substituting evaluatedtwo 15
coetficients (s,, s,) for Poisson’s ratio and any given strains
say 1nto eq. (207) and solve them simultaneously to retrieve
three stitfness constants (a,, b, and c,):

f(eq) =n(es)

1
= 6[51 Cre + 5(52(?2 +51D02)eq + 5(52592 +51ﬂ2)€i + E5252€1]

f1(eq) =niey)

| | 1
= 6[5162€H -+ E(SZCZ +Slbz)€ﬁ + 5(525’2 +51ﬂ2)€?¢\ + Zf’rzﬂz’gi]

fi{ea) =hiea)

1
= 6[51@3& + E(SZCZ +51D7)e s + 5(52592 +51ﬂ2)€?4 T 152@81]

nea) =niey)

= 6[51.:?2€A + 5(5262 +51D2)eq +

Step 7 Rebuild stifiness, Poisson’s ratio and tangential
modulus by:

40

Cg(€)=ﬂ2-€2+bg-€+62,

1
vie) = 5 — (51 +52-¢) and

E(e) =~ 6p(e)-Cle) =6(s; +57-€)-(ap-e* +by-e + ). 45

Step 8. Evaluate material density by:

1+R{] 2

"R, Ci(e; =0)

by )

£2 =21

i (e) C2 C2 C2

55
The discussion of ASG can be also applied to this tech-

nique. SGI can also use a stifiness function with any order and
the form of function will not affect the basic concept of this
technique.
Evaluation of Wave Attenuation in a Deformed Medium
Referring now to FIG. 9, considering the passage of an

input wave 100 to a target tissue (e.g. tendon 45 1n FIG. 2 or
tumor 18 1n FIG. 1) and the resulting reflected waves. For

60

simplicity 1n describing the method, on

v FIG. 2 application

will be referenced 1n the remainder of

the tumor and tendon referred to as the target 45 and the
patient and coupling medium will be referred to as the

his section with both

65
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medium 44. The input wave 100 with magnitude M, 1s attenu-
ated to be M e~ when it arrives at the bottom of surround-
ing medium 44 (as depicted in FIG. 9) which has known
attenuation coetlicient o, =, (e) and thickness d,=d, (e).

This wave 1s partially reflected at the near interface
between surrounding medium 44 and the target 45 and
changes its magnitude to M,e™“R , , due to strain dependent
reflection coefficient R, ,=R,, (). The reflected wave travels
though the thickness d,=d, (e) back to the surface. Therefore
the wave magmtude 1s further attenuated to become
RW,=M e *““R , and shows up as the first reflected wave
102 on the recorded data.

Now consider the passage of the input wave to generate the
second reflected echo 104 1n FIG. 9. A portion of the wave
reaching the bottom of surrounding medium 44 (or 14) 1s
transmitted 1nto target 45. At this point, the magnitude of the
input wave is M,e T, at the top of target 45, where
T,,=T,, (e) 1s defined as the transmission coetficient and

indicates how much of the ultrasound signal passes from
medium 44 1nto the target 45. This wave propagates to the
bottom medium 44 on the lower side of the target 45 and at
this interface reflects back up to the top of target 45. At the top
of target 45, the wave magmtude 1s now attenuated to
M e Héle=2%4T R, through the attenuation property of the
target 435 and the reflection coefficient at the bottom interface

between the target 45 and surrounding medium 44. Since the
wave iInnow propagating from the target toward the surround-
ing medium, a stramn dependent reflection coefficient
R,,=R.,,(e) 1s applied. Once again, the wave transmits back

b
[651€ +(352 +351—2]€ +(252— + 251 — ]83 + =5,—¢ ]

into the upper medium 44 and travels back to transducer 12
and shows up as the second retlected echo 104 1n the recorded
wave signal. Due to the reflection, transmission and attenua-
tion, the second echo 104 has a magnitude of RW,=
M e 2Mdlg=2RAT R T,.. Again, the wave in now propa-
gating from target toward the surrounding medium a strain
dependent transmission coetficient T,,=1,,(e) 1s applied.

Since the magnitude of the first retlected echo and second
reflected echo are expressed as combination of reflection
coelficients and transmission coelficients, the relation
between the reflection coefficient and transmission coeffi-
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cient must be known. The following section defines how these
basic relations are formulated 1n this method of analysis.

When a wave 1s propagating from medium 44 into the
target 45, the reflection coelficient R, , (e,) at the intertace of
two media 1s given by

_ p2-Vale) —pr-Vile) (300a)

Ri2(e;) =
o2 Vale)) + o - Vile;)

RW,
IWE—ZG.*I dj

In this relation, wave propagation velocity 1n the medium
44 and target 45 are represented by V, (e,) and V, (e,). Mate-
rial density of both media are indicated by p, and p,.

IW and RW, represent the magmitude of the input wave and
the first reflected echo measured from recorded wave signal.
Finally, the wave attenuation caused by medium 44 1is
expressed as e ~“?. If wave attenuation in surrounding
medium 44 can be 1gnored, the reflection coellicient at the
near mterface simplifies to

RW;
Riz(e;) = W

The transmission coelficient T, , (e,) at the same interface 1s
given by

2-p2-Vale:) (300b)

p2-Vale)) +p1 - Vile)

Ia(e;) =

In the reverse case (wave propagates from the target 45 into
the medium 44), the reflection coefficient R, (e,) and trans-
mission coelficient T, (e,) are given by

p1-Vile) — p2-Vale;) (300c¢)
Ry (e;) =
p2-Vale)+ o1 Vie)
and
2 ps -V (e 300d
To(er) = p2-Vie;) ( )

p2-Vale)) + o1 - Vi(e;)

By manipulating these relations, R, (e;), T,, (¢,) and T,
(e,) can be all expressed as the function of R , (€,) in following
manner.

R, (e)=R5(e;), T5(e)=1+R 5(e;) and 75, (e;)=1-K |,

(e;) (300¢)

These relations are then utilized as follows.

Evaluation of Wave Attenuation by Comparing First and
Second Echo

The straight forward way of evaluating wave attenuation in
the target 45 can be achieved by taking the ratio of the mag-
nitudes of first retlected echo and second retlected by
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RW, (301)

M;E_hldl R12
RW,  Me 21812029 T, Ry Ty
Ri»

E—ZQZ‘{Z(; + R12)(—R12)(1 — R12)

e 2% (1 - R})

ar

—1
e 20242 (1 — R3,)
1

el (] - RY)

‘RWI
RW,!|

due to e 2929 >0 and (1 — R%,) > 0.

In this derivation, relations (300¢) were used.

From this ratio, the wave attenuation 1n the target 45 at any
deformed configuration 1s

(302)

| ” RWI (E)

>
() log AR (1- Rlz(f?))]

az(e) =

In this relation, if the reflection 1s evaluated to be very
small, this relation may be further simplified to

(303)

os01= o o)

2da(e) U RWae)

If attenuation coetficient can be assumed to be a function of
applied strain with a form of

(€)=Y e+ e+ (304)
then eq. (302) becomes:
az(e) =y 0% + Va-e+ V3 (303)

| 1 g” RW|(e)

2
2da(e) sz(e)‘(l _RR(ED]

In relation (304), v,, v, and v, represents the unknown
attenuation constants to be determined from recorded wave
signals.

Evaluation of Attenuation by Comparing Second Echo
Measured at Different Strain e,

The attenuation coellicient of target 45 can also be derived
by comparing the second reflected echo measured at different
strain levels. Say, second reflected echo 1s measured at strain
level e, and e,

R Wz( Ef) M Ie—E-:zl (ei)d1(ei) p—2 czz(Ef)dz(Ef)(_ R - (Ei)_l_ R 123

(€:)) (306)

R Wz(%‘) :MIE—ECH (ej)d 1(ej) o —2 Ctz(é‘j)ffz(é‘j)(_R - (Ej)+R 123

(€;)) (307)
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The ratio of these two echoes are given by,

_ o o — e: e; 308
RW,(e;)e 21l J)(—RIZ(EJ)'FR%Z(EJD e raledy e _ —2ap(e)dy(ep)+2ay (e )y (e ;) 9

— =
RWy(e e 221Cidile) (R (e;) + Riy(e)))  p202lej)dale))

10
If the attenuation and the thickness of the target medium

can be considered small, then this relation can be further
simplified to be

RW)(ee > CiHLI) (= Riy(e ) + R (e)) (309)

RW,(e e~ 2e1eidie(—R 5(e;) + R3,y(e;))

~ 1 = 2an(e;)da(e;) + 2an(e;)dar(e;)

Applying a logarithmic operation to eq. (308) yields

RWa(epe 201l )Ry (e ) + R3y(e) (310)
| RWa(ep)e 1D (—Ryz(e)) + Riz ()

—2az(e;)dr(e;) + 2an(ej)dr(e;) = log

Substitution of eq. (304) mnto (310) results 1n the final
relation to evaluate wave attenuation for this case, that 1s

v1-[-2da(e) €] +2dx(e)) €]+ y2 - [~2da(e;) - €; + 2dae;) €] + (309)

RWa(e e 21k R (e D+ R
_ RW;(e e 221 ile) (— R 5 (e;) + Ris(e;)) |

¥3 - [=2da(e;) + 2da(e;)] = log

In this relation, the parameters on the right hand side either 4>
can be measured or can be evaluated from the steps described
In previous sections.

If the magnitude of reflection coetlicient R, (¢,) 1s very
small and the higher term can be i1gnored, eq. (309) can be
turther simplified to:

v1-[-2da(e) €] +2dx(e;) €3]+ y2 - [-2da(e;) - €; + 2dalef) €] + (310)

RW, (e; )E_hl(fj)dl (Ei)(—f?u(e J-))_

[=2dy(e;) + 2dy(e ;)] = lo
v3 - [—2dz(e;) +2dz(e )] g_RWE(EJJE—ZG‘I(Ej}jl(ff)(_ﬁlz(gi))_

It the parameters o (e,)d,(e,) produce a relatively small
amount of attenuation, then relation (309) can be further 6©

simplified to be

1 + Y- [—Zdz(f&?f) - 1’5’:‘1-2 + ng(é':'j) . Ef] + Vo - [—de(é'j) € + 261'2(&':‘}) . Ej] + (31 l)

RWa(ee 21k @R e )y

=2 €; + 2d>(e ;)] =
v - [=2da(e;) 2(e)] RWZ(EJJE_MI(Ei)dl(EE)(—ng(Ej))

24



US 8,282,553 B2

25 26
When the influence of the wave attenuation in surrounding, may be provided selectively or in combination by a selector
medium 44 can be neglected (e **®%©)<1), relations (310) means 89 implemented, for example within the program 72,
and (311) can be further simplified to be: which 1s provided to a mapper program 90, which maps the
v1-[=2db(e;)-€f +2db(e))- 5]+ y2 - [—2da(e;)-€; + 2dx(e)) -] + (312)

RW,(e;)(—Rya(e;))
RWy(e; )(—Kja(e;))

y3 - [=2da(e;) + 2dr(e;)] = log

and
L +y1-[-2da(e;)-ef + 2dy(e;)- e5] + (313)
RWa(e))(—Ri2(e;))
v2-[=2da(er): e+ 2da(e ) 5] +ys - [=2da(e) + 2doe )] = oo e P
15

The thickness of target 45 1s treated as known parameter values of individual ones or combinations of strain 78 and
through this dertvation. The target 44 thickness for ASG case material properties 74 including: stifiness gradient 82, initial
can be given by eq. (14) based on a known target medium stiffness 84, density 86 or wave attenuation 88 to a color or
density and eq. (217) for SGI based on the condition of stress gray scale to produce a graphic 1image 92 on the display 36 of
continuity. 20 FIG. 1. The cursor control device 40 operating through a
(Implementation) driver program 94 may allow for the placement of a region of
Step 1. Measure wave signals at multiple different interest cursor 96 on the image to direct the processor 33 to

make a quantitative measurement display 98 of the tissue
within the region of the cursor 96. Location of the cursor 96
»5 may, for example, be with respect to a standard B mode image

obtained by the acoustoelastographic ultrasound system 10 or

rate measurements are required. . . .
Vet f < of . od £ luati may be an image produced by any of the quantities described
vt TOUDSELS O MEASUTCIENTS att TEqUITEE ToT Cvaitdiion above. Selector means 89 may also include an mput for stan-

based oneq. (309). dard B mode data.
In ASG, the target medium thickness should be evaluated Referring now to FIG. 8, experimental results have shown

by eq. (14). The thickness of target medium in SGI should be " hat the SGI technique 1s able to differentiate among tissue

unknown strain levels and evaluate reflection coefficients R ,

(¢) and target medium thicknesses d, (€) at each strain level.
For attenuation evaluations based on eq. (303), three sepa-

evaluated by eq. (217). types that exhibit different stifiness gradients, that 1s, changes

Step 2. Set up system of equations for attenuation constants in stiffness as a function of strain that closely correspond to

(Y1, Y2 and y5) evaluation. stiffness gradients actually tested ex vitro with a standard

For technique based on eq. (305), following three equa- material testing machine. This ability to measure stiflness

tions are required: 3> gradient offers the potential for better differentiation of tissue

types.

Both ASG and SGI are examples of techniques that use

, 1 RWi(ex) , acoustoelastic theory and information from both the retlec-

TLreaTY ATV = T e lﬂg” RW, (e 1) ‘(1 B RIZ(EH))] tion coefficient and wave propagation time (measured from a

: i RW, (e2) : 40 nun‘}ber of loadeq states and an unloaded stat@ to compute

YiceptY2rep+ys= 5 dz(gﬂ)lﬂ%” RWz(Eg)‘(l - Rlz(f—?ﬂ))] strains and mz:aterlal properties. If the properties of the sur-

| RW, (e0) rounding medium (or tissue) are unknown, this mfathod Cguld

V1 -ee+yr-ec+ys = 5 lc:g[ — i1 - R%, (e(;))] be used to compute the properties of the surrounding medium

—2dr(er) RWyhier) f . : : :

rst (1n comparison to a known coupling material). Then the

45 target tissue can be serially analyzed and 1dentified in com-

For technique based on eq. (309), following three equa- parison to the now known behavior of the surrounding
tions are utilized: medium.

y1-[~2da(en) €% + 2dy(ep)-e5] +y2 - [—2d2(es)-e4 +2da(ep) -ep] +

| RWa(es)e 1BACBN(—Ryp(ep) + Riy(ep))
| RWy(ep)e™* 1A (=R 5 (e ) + Riy(ea))

v3 - [—2da(ea) + 2da(ep)] = log

y1-[-2da(en) €% + 2dy(ec) - ep] + 2 - [-2dalea) -ea + 2dz(ec)-ec] +

. RWz(EA)E_Z&l (e (EC)(_RIZ(EC) + R?Q(EC)) _

[=2da(e 1) + 2dx(ec)] = lo
73 - [—2da(ea) 2(ec)] g_RWQ(Ec)E‘_h“EH)dl(Eﬂ)(—Rlz(f’:A)+R%2(€A))_

y1-[2dy(en) €% + 2dy(ep)-ep] + v - [-2da(eq) -es + 2dy(ep)-ep] +

- RWZ(EA)E_MI(EDMI (ED)(—Rlz(ED) + R%Z(E'D)) |
| RWa(eple21€aM1€A) (—Rys(es) + Riz(ea))

y3 - [—2dr(eq) + 2dr(ep)] = log

Step 3. Solve the system of equations simultaneously to These methods could be used for materials other than bio-
evaluate three constants v,, v, and v;. «s logical tissues.
Referring to FIG. 7, each of these output values of stifiness, It 1s specifically intended that the present invention not be

stiffness at no compression, density and wave attenuation, limited to the embodiments and illustrations contained
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herein, but include modified forms of those embodiments
including portions of the embodiments and combinations of
clements of different embodiments as come within the scope
ol the following claims.

We claim:

1. An ultrasonic acoustoelastography system comprising:

an ultrasonic transducer system adaptable to provide a first
echo signal from a first and second material interface of
an element to be measured at a first state of deformation
of the element and a second echo signal from the first and
second material interface of the element to be measured
at a second state of deformation of the element;

a signal processing system configured to:

(1) evaluate the first echo signal at the first state of defor-
mation of the element to measure a first strain value and
a lirst stifiness value of the element at the first strain
value;

(1) evaluate the second echo signal at the second state of
deformation of the element to measure a second strain
value and a second stifiness value of the element at the
second strain value;

(111) compare the measured first and second stiflness values
and the measured first and second strain values to deter-
mined a change 1n stiffness as a function of strain; and

(1v) output a characterization of the element based on the
change of stifiness as a function of strain for the element.

2. The ultrasonic acoustoelastography system of claim 1
wherein the signal processing system determines a time of
flight of ultrasound between the first and second interfaces
and a reflection coellicient indicating reflected ultrasonic
energy at the first and second 1nterface.

3. The ultrasonic acoustoelastography system of claim 1
wherein the deformation 1s a compression applied to the
clement along an axis of ultrasound transmission.

4. The ultrasonic acoustoelastography system of claim 3
wherein the measure of change of stiflness as a function of
deformation 1s a slope of stifiness with respect to strain.

5. The ultrasonic acoustoelastography system of claim 3
wherein the signal processing system outputs a tissue 1denti-
fication using a table relating change of stifiness as a function
ol deformation to various tissues.

6. The ultrasonic acoustoelastography system of claim 1
wherein the element 1s a material to be measured surrounded
by a transmission material.

7. The ultrasonic acoustoelastography system of claim 1
wherein the output 1s an 1mage characterizing the matenal
according to a measure of change of stifiness as a function of
deformation.

8. A method of ultrasonic measurement comprising the
steps of:

(1) acquiring a first echo signal from a first and second
material interface of an element at a first state of defor-
mation of the element;

(1) acquiring a second echo signal from the first and second
material interface of the element at a second state of
deformation of the element;

(111) evaluate the first echo signal at the first state of defor-
mation of the element to measure a first strain value and
a first stiffness value of the element at the first strain
value;

(1v) evaluate the second echo signal at the second state of
deformation of the element to measure a second strain
value and a second stiflness value of the element at the
second strain value;

(v) compare the measured first and second stiflness and the
measured first and second strain values to determine a
change 1n stifiness as a function of strain; and
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(v1) output a characterization of the element based on the
change of stiffness as a function of strain for the element.

9. The method of claim 8 wherein the element 1s a tendon.

10. An ultrasonic acoustoelastography system comprising;:

an ultrasonic transducer system adaptable to provide a first
echo signal from a first and second material interface on
a front and rear face of an element to be measured with
respect to a propagation of the first echo signal at a first
state of deformation of the body, and a second echo
signal from the first and second material interface on the
front and rear face of the element to be measured with
respect to a propagation of the second echo signal at a
second state of deformation of the body; and

a signal processing system configured to:

(a) evaluate the first echo signal at the first state of defor-
mation of the element to provide a first measure of
material of the element based on changes 1n a strength of
reflected energy indicating relative strength of reflected
ultrasonic energy with respect to incident ultrasonic
energy, the measure of the material indicating a stifiness
of the material and a strain of the matenal;

(b) evaluate the second echo signal at the second state of
deformation of the element to provide a second measure
of material of the element based on changes 1n a strength
of reflected energy indicating relative strength of
reflected ultrasonic energy with respect to incident ultra-
sonic energy, the measure of the material indicating a
stiffness of the material and a strain of the material; and

(c) output a measure of a change of stiflness as a function
of change 1n strain based on the first and second mea-
sures.

11. The ultrasonic acoustoelastography system of claim 10
wherein the ultrasonic transducer system 1s adapted to trans-
mit an acoustic ultrasound signal into the material and receive
the acoustic ultrasound signal after retlection and modifica-
tion by the body to obtain a first and second echo signal from
a first and second body location when the body 1s at the first
and second deformation, the first and second echo signals
being electrical representations of portions of the ultrasound
signal after retlection and modification by the element, the
clectrical representations being produced by the ultrasound
transducer system by conversion of the acoustic ultrasound
signal after reflection and modification nto the electrical
representations; and

wherein the change 1n strength of reflected energy 1s with
respect to incident ultrasonic energy.

12. The ultrasonic acoustoelastography system of claim 10

wherein the reflected energy 1s determined by a comparison

of a magnitude of the reflected and incident ultrasonic wave-
forms.

13. The ultrasonic acoustoelastography system of claim 12
wherein the magnitudes of the incident and reflected ultra-
sonic wavelform are magnitudes of a peak frequency compo-
nent of the ultrasonic wavetorms.

14. The ultrasonic acoustoelastography system of claim 10
wherein the measure of the material 1s a quantitative measure.

15. The ultrasonic acoustoeleastography system of claim
10 wherein the measure of the material 1s at least one of: (1)
strain of the element, and (11) material constants of the ele-
ment.

16. The ultrasonic acoustoelastography system of claim 10
wherein the signal processing system further evaluating the
first and second echo signals at each of the first and second
states of deformation to provide a measure of change of
stiffness as a function of deformation; and
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wherein the signal processing system further outputting a
characterization of the element based on the measure of
change of stifiness as a function of deformation.

17. A method of ultrasonic measurement of tissue compris-

ing the steps of:

(a) obtaining a first echo signal from a first and second
material interface on a front and rear face of an element
to be measured with respect to a propagation of the first
echo signal at a first state of deformation of the body

(b) obtaining a second echo signal from the first and second
material interface on the front and rear face of the ele-
ment to be measured with respect to a propagation of the
second echo signal at a second state of deformation of
the body;

(c) evaluating the first echo signal at the first state of defor-
mation of the element to provide a first measure of
material of the element based on changes 1n a strength of
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reflected energy indicating relative strength of reflected
ultrasonic energy with respect to incident ultrasonic
energy, the measure of the material indicating a stiflness
of the material and a strain of the matenal;

(d) evaluating the second echo signal at the second state of
deformation of the element to provide a second measure
of material of the element based on changes 1n a strength
of reflected energy indicating relative strength of
reflected ultrasonic energy with respect to incident ultra-
sonic energy, the measure of the maternial indicating a
stiffness of the material and a strain of the material; and

(¢) outputting a measure of a change of stifiness as a
function of change 1n strain based on the first and second
measures.

18. The method of claim 17 wherein the tissue 1s a tendon.
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