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DROP TRACK TIME SELECTION USING
SYSTEMS APPROACH

STATEMENT REGARDING FEDERALLY
SPONSORED RESEARCH OR DEVELOPMENT

This invention was made with Government Support under
Contract No. N00024-98-C-5197 awarded by the Depart-

ment of the Navy. The Government has certain rights in this
ivention.

FIELD OF DISCLOSUR.

(L]

The system and method relate to radar, and more specifi-
cally, the system and method relate to determining the drop
track time for a radar system.

BACKGROUND

Detfense systems commonly 1nclude a radar system and a
weapons system. The radar system detects and tracks objects,
¢.g., a missile, plane, boat, or the like, by periodically trans-
mitting beams of electromagnetic waves 1n a certain direction
from radar sensors. The beams of electromagnetic waves
have certain sweep areas or beam widths. Objects within the
beam width cause an electromagnetic wave to be reflected
back towards the radar sensors. The radar system filters the
received waves and uses the characteristics of the received
waves to determine the location of the object as well as the
object’s speed and trajectory. The radar system adjusts the
direction 1n which the radar sensors transmits the electromag-
netic beam based on the location, speed, and trajectory of the
object, as previously determined. In this manner, the radar
system tracks a moving object.

The information gathered by the radar system 1s also used
by a weapons system for targeting of the object being tracked.
In a multi-function, multi-target radar system, €.g., a defense
radar system during a battle, radar resources such as the
clectromagnetic energy transmitted at a target and computing
resources used to track and destroy targets are limited and
must be carefully utilized.

Conventional radar systems typically track an object until
the object 1s destroyed or after a predetermined time after
losing track of the object (i.e., a drop track time). In these
conventional radar systems, the drop track time 1s typically a
function of a threshold miss value that 1s set by the radar
designers. For example, a radar designer may program the
radar system to stop tracking an object after ten consecutive
signals are received that fail to include data about the object
being tracked. Accordingly, 1f a radar system has a 1 Hz look
rate, e.g., the radar system transmits an electromagnetic wave
once every second, then the drop track time of the radar
system would be ten seconds (e.g., 10 missesx]1 second=10
seconds). Thus, the radar system will continue tracking an
object for the entire ten seconds even if the time at which the
object could no longer be tracked 1s significantly shorter than
the drop track time due to accumulating errors that cause the
radar system to look for the object 1n a wrong direction.
Continuing to track objects that have little-to-no chance of
being detected wastes valuable radar resources that could be
redeployed to track other objects.

Accordingly, an improved system and method of determin-
ing which radar tracks should be dropped 1s desirable.

SUMMARY

In some embodiments, a method for calculating a drop
track time for a radar system includes receiving characteris-
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tics of the radar system as an input, determining in a computer
process the characteristics of a target being tracked by the
radar system, calculating in a computer process a target track
drop time for the target based on the characteristics of the
radar system and the target, determining 1n a computer pro-
cess whether a value associated with the target being tracked
has been updated within the target track drop time, and dis-
continuing the tracking of the target if a value associated with
the target being tracked 1s not updated within the target track
drop time.

In some embodiments, a system for determining a target
track drop time includes a computer readable storage medium
and a processor 1n data communication with the computer
readable storage medium and a radar system. The processor
configured to recerve characteristics of a radar system as an
input, determine the characteristics of a target being tracked
by the radar system based on data received from the radar
system, calculate a target track drop time for the target based
on the characteristics of the radar tracking system and the
target, and cause the radar system to discontinue the tracking
of the target 11 a value associated with the target being tracked
1s not updated within the target track drop time.

The above and other features of the present invention waill
be better understood from the following detailed description
of the preferred embodiments that 1s provided 1n connection
with the accompanying drawings.

BRIEF DESCRIPTION OF THE DRAWINGS

The accompanying drawings 1llustrate preferred embodi-
ments of the invention, as well as other information pertinent
to the disclosure, 1n which:

FIGS. 1A-1C 1illustrate the position errors for an inertial
navigation recerver having different error and biases;

FIG. 2 1s a graph of the probability of containment for
normalized equal random and non-zero bias errors;

FIG. 3 15 a flow diagram of one example of a method of
dropping a radar track performed by a radar system;

FIGS. 4A-4D are plots of drop track time versus range for
radar systems and targets having various characteristics;

FIG. 5 1s a plot of angle versus range for the radar tracking
scenari1o 1llustrated in FI1G. 4A; and

FIG. 6 1s one example of a computer architecture.

DETAILED DESCRIPTION

This description of the exemplary embodiments 1s
intended to be read in connection with the accompanying
drawings, which are to be considered part of the entire written
description. The disclosed system and method work to con-
serve valuable radar resources by calculating a drop track
time based on the characteristics of the radar system and of
the target being tracked instead of being based on an arbitrary
number set by the programmer of a radar system. In battle
scenarios, the radar resources that are conserved as a results of
the drop track time calculation may be advantageously rede-
ployed to create a more efficient and accurate defense system.

The drop track time calculation 1s based on the calculation
of circular and spherical error containment probabilities from
error statistics. For example, suppose x and y respectively
represent the North and East displacement of a crater caused
by the impact of an artillery shell fired against a stationary
target, and assume that several shots have been fired so that
there exists some distribution of X and vy as 1llustrated 1n FIG.
1A and that x and y possess the following statistics:

X =N(1L,,0,°) Eq. 1

y=N(u,, UJ,E) Eq. 2
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Where,

IL, 18 the mean value of X;

o, 1s the standard deviation of x;

1, 1s the mean value ot y; and

0,, 1s the standard deviation of y.

A practical way of quantilying the accuracy of the cannon
which fired the shots 1s to count the number of craters that lie
inside a circle centered about the target with some radius R
and to compute the percentage of those craters out of the total
number of craters. An accurate cannon would have, for
example, 90 percent of the total number of shots within a
radius of 50 feet from the target while a less accurate cannon
would have, for example, 40 percent in that same circle. The
percentage may be calculated directly from the error statistics
L., W, 0., and o, and the circle radius R by integrating the
joint probability density function (PDF)1inx and y, (X, v) over
R. The densities of x and y may be calculated as follows:

i _f_x_t_%j] Eq. 3
fx) = el 2%
V2r o,
| (y—pty)? Eq. 4
2
fy) = el %%
Virn o,

Assuming that x and y are statistically independent, then
the joint PDF 1s simply the product of 1(x) and 1(y), which 1s
as follows:

_L[fﬂi—_ﬂy?z ity H

Z 20‘%, 2-:!'%

]
flx, y) = Vom o, e

The probability of x and v both being contained within a
circle having a radius, R, e.g., containment probability P, may
be calculated by:

P(x*+y* ZR)=f[ 2,,2=r2f1x,y)dxdy Eq. 6

For radar tracking of a target that 1s performing a constant
maneuver, it can be assumed that the standard deviation errors
in the x and y directions are equal to each other, e.g.,
0,=0,=0, but bias error, e.g., i and W, 1s non-zero as 1llus-
trated 1n FIGS. 1B and 1C since the azimuth and elevation
channels of a radar have equal random pointing error magni-
tudes. However, un-modeled target acceleration introduces a
lag 1n the tracking filter and manifests as a pointing error bias.
The total pointing accuracy of the combined radar-filter sub-
system may be expressed in terms of the circle that contains a
percentage of the combined random and bias pointing errors.
For example, the circle may contain 95 percent of the com-
bined random and bias pointing errors. This containment
probability 1s a configurable parameter that may be selected
as described below 1n connection with FIG. 2.

Using Ricean random variable synthesis, the joint PDF of
X and y may be written as follows:

202

_[ (}?j;uy )2 "‘(I_ﬂx)iﬂ Eq 7

flx, y) =

e
Do

The combined bias errors, B, may be written as:

B=Vrpf + pj,j
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Expanding the exponent in Equation 7 and substituting
Equation 8 1into Equation 7 provides:

1
2o

(IZ—I—JEZ—Z(I,UI—I—JF,U};)—I—BE )
_ T

flx,y)=

&

Equation 9 may be transformed into polar coordinates,
where x=r cos (0+0), y=rsm(0+0), u, =B cos 0, and p, =B sin
(4. The polar transtorm of Equation 9 1s then substituted into
Equation 6 yielding:

o

y _r°—2rBcost+B* Eq. 10
5 ¢ 2072 dodr
o

R 2
P(rﬂﬁ’):ff
) )

The exponent in Equation 10 1s separated and substituted
into the following Bessel function:

1 (o Eq. 11
. — X008 d@
znf.:. €

The separation of the exponent 1n Equation 10 and substi-
tution mnto Equation 11 yields:

Eq. 12

5 cost?

E]: 1 46

Accordingly, the probability, P, of containing x and y with
equal standard errors and non-zero error bias within a circle
having a radius, R, can be calculated by:

Eq. 13

Equation 13 1s known as a Ricean distribution. FIG. 2
illustrates a graph of Equation 13 for normalized standard
error, /R, and normalized error bias, B/R. The two dashed
lines 1n FIG. 2 are the linear approximations for the 99.7
percent and 95 percent curves. The 99.7 percent line has a
slope of approximately -2.915 (e.g., —1/0.343), and the 95
percent line has a slope of approximately -1.786 (e.g.,
—-1/0.56). Accordingly, the two useful approximations to the
radi1 of the circle that contains 99.7 percent and 935 percent of
a Rice distributed random varniable, respectively, are:

Rgg_?%ﬂﬁz.gl SG‘FB

RQS%W1.786G+B

For radar systems, the following requirement must be met
in order to maintain the target within the beam of the radar:

b;{p | Eq. 14

k + — < —BW
dxp < y

Where,

k 1s the containment probability factor,
O+ 18 the filter prediction or propagation standard devia-
tion,



US 8,035,549 Bl

S

b.» 1s the filter prediction bias, which 1s a function of the
object track acceleration, A, the track filter lag, T, and the
object track drop time, t,

BW 1s the beam-width of the electromagnetic wave in
radians, and

S 1s the predicted target slant range 1n meters.

The containment probability factor, k, may be determined
by selecting a desired containment probability and computing,
the slope k using FIG. 2 as described above. For example, for
a 99.7 percent contamnment probability, a value of 2.915
would be selected for k, and for a 95 percent containment
probability, a value of 1.786 would be selected for k 1n accor-
dance with FIG. 2. In order to select the drop track time, the
left side of the equation 1s set equal to the right side of the
equation such that:

bxyp 1

koyp + —F = —BW B 1>
Oxp ¢ 9

The filter prediction standard deviation may be calculated
according to:

o Ez\/ﬁfﬂ 0% x+20 vy

Eq. 16
Where,
3T Eq. 16.1
o = Eﬂ'ﬁ
T Eq. 16.2
Txx = T—zcrﬁ
T Eq. 16.3
Téf”SW]S Eq. 16.4
t DA
Where,

t 1s the selected drop track time 1n seconds,

n 1s the filter factor,

A 1s the target acceleration 1n meters per second,

O, 1s the angle error standard deviation 1n radians,

T 1s the look rate of the radar system in seconds, and
T 1s the filter lag 1n seconds.

The filter factor, n, 1s selected based on the desired error
containment probability for the system. For example, to
achieve a value of 95 percent containment probability, a value
of 1.786 would be selected for n in accordance with FIG. 2,

which may be written as

PXI=n0v+D xx) Eq. 17

Where,

b, =AT

For a case with zero bias, e.g., b,+=0, the value of n 1s
selected with the expression given by

Eq. 18
P(|X| = noy ) =ert

7)

Where,
ert 1s the Gauss error function.
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The bias associated with the filter may be calculated
according to:

1 Eq. 19
bxp = SAW+7) 1

Equations 15-16.4 and 19 are used to calculate a drop track
time by substituting Equations 16-17 into Equation 15 and
solving for t. For example, Equations 16.1-16.4 and 19 are
initially substituted imnto Equation 15, which 1s then rear-
ranged to solve for the beam width, BW. After simplifying,
the following equation describes the beam width:

Eq. 20

To? (34 + dir + 212
KS@\/( Tal i )] + AT + 2A1T + AT

3
BW =

S

Substituting Equation 16.4 for T in Equation 20 provides:

Eq. 21
BW =
1 1 1 1
K L S(RST 45 L 485105 (T3)53 1625220, A(T2)3
e 27crAT5( ] 723 +24 — +8 1
A SO 4 }3 TS0 4 )3
\ =)
A A
2 2
( l(ESEi)S' _1_)
A\r+ 722V 24 T2

45

Rearranging Equation 21 to solve for the target drop track
time, t, yields:

( A-BW-T3+2-T-G'2A-K2'S—@G'A- ) Eq. 22

(T(273 -BW-S-A +
K

\ 2T -o% - K%+ 5% =275 - A? + 377 . AT))

\Sk T /

(7-A)

=

Equation 22 provides an expression that may be used to
calculate the drop track time, t, for an object being tracked by
a radar system that 1s based on the characteristics of the radar
system and the object. Specifically, the drop track time as
determined 1n accordance with Equation 22 identifies the
time at which accumulated errors due to characteristics of the
radar system and the target increase to a point where the target
cannot be expected to be located within the beam width of the
clectromagnetic wave transmitted by the radar system.
Accordingly, any further tracking of the target by radar sys-
tem past the drop track time calculated 1n accordance with
Equation 20 will waste valuable system resources as the tar-
get track 1s likely lost.

FIG. 3 illustrates one example of a method 300 of tracking
a target that may be performed by a radar system. At block
302, the radar system determines the radar characteristics
including the angle error standard deviation (o), look rate
(T), and beam-width (BW). For example, the angle error
standard deviation may be retrieved from a look-up table
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using the signal-to-noise ratio (“SNR”) of the target and
tracking wavetorm as an input. The beam-width (BW ) may be
determined by dividing the operational wavelength of the
transmitted electromagnetic wave, A, by the aperture width,
L, of the radar sensor transmitting the electromagnetic wave.

Atblock 304, therange, S, and acceleration, A, of the target
are determined from the reflected electromagnetic waves
received by the radar sensors of the radar system. The bias

errors (B) and containment probability factor (k) are deter-
mined at block 306. The bias errors may be calculated in
accordance with Equation 8, and the containment probability
factor may be calculated in accordance with Equation 13 as
described above.

At block 308, the target track drop time, t, 1s calculated 1n
accordance with Equation 20 and may subsequently be stored
in a computer readable storage medium. The radar system
will continue tracking a target as described above while cal-
culating the drop track time, t. For example, the radar system
will calculate the next location of the target based on the
previously recerved mformation and adjust the beam direc-
tion. At decision block 310, the radar system determines 1f the
target track has been updated. Put another way, the radar
system will determine 1f information concerning the target
was included 1n a reflected electromagnetic wave recerved by
the radar sensors of the radar system subsequent to the cal-
culation of the drop track time.

If the track has been updated, then at block 314 the target
track 1s maintained and the radar system continues to monitor
and track the target as described above at block 314. However,
if the track i1s not updated before the drop track time, t, 1s
exceeded, then the target track 1s dropped at block 312. Drop-
ping a target track 1t 1t 1s not updated within the calculated
drop track time, t, enables a radar system to reallocate
resources from unreliable target tracks (e.g., target tracks
with exceedingly high errors) to more reliable target tracks.

Table 1 lists the inputs for determiming the drop track time,
and Table 2 provides some example calculations of the drop
track time, t.

TABL.

L1

1

Drop Track Time Selection Input Parameters

Radar System Parameter Units
K, containment probability factor unitless
n, filter factor unitless
S, target slant range meters
BW, beam width radians
T, look rate seconds
O 4 angle error standard deviation radians
A, target acceleration m/s

TABLE 2
Drop Track Time Selection Example Cases
Case K N BW (deg) T (s) S (km) o, (mrad)
1 3 3 2 0.0625-4 10-400 1-4
2 2 2 2 0.0625-4 10-400 1-4
3 3 3 1 0.0625-4 10-400 1-4
4 2 2 1 0.0625-4 10-400 1-4

FI1G. 4A 1llustrates the capability of a radar system to track
target maneuvers given look rates between 1 Hz and 16 Hz.
For example, the drop track time, t, 15 approximately 4.5
seconds or about 36 consecutive missed detections for a target
at 400 km and a radar system having an 8 Hz radar look rate.
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FIG. § illustrates the verification results showing that the 3
sigma plus bias meets the 12 beam width requirement for case
1 1n Table 2. FIGS. 4B-4D illustrate the radar system capa-

bility to track target maneuvers for cases 2 through 4 as shown
in Table 2.

—

T'he above-described method 300 of dropping target tracks
may be implemented using hardware, software, or a combi-
nation thereof and may be implemented 1n one or more com-
puter systems or other processing systems. In one embodi-
ment, the method 300 1s carried out 1n a computer system.
FIG. 6 illustrates one example of an architecture of a com-
puter system 600 that may be configured to perform the
method described herein. As shown 1n FIG. 6, computer sys-
tem 600 may 1include one or more processors, such as proces-
sor(s) 602, which may be configured to run a multitasking
operating system. The processor(s) 602 are connected to a
communication infrastructure 606 (e.g., a communications
bus, cross-over bar, or network). Various software embodi-
ments are described 1n terms of this exemplary computer
system. After reading this description, 1t will be apparent to
one skilled in the art how to implement the method using
other computer systems or architectures.

Computer system 600 can include a display interface 622
that forwards graphics, text, and other data from the commu-
nication infrastructure 606 (or from a frame buifer not shown)
for display on a display unit 626.

Computer 600 may include a main memory 604, such as a
random access (RAM) memory. Computer 600 may also
include a secondary memory 608, which may be a more
persistent memory than main memory 604. The secondary
memory 608 may 1nclude, for example, a hard disk drive 610
and/or removable storage drive 612, representing a floppy
disk drive, a magnetic tape drive, an optical disk drive, ZIP™
drive, or the like. The removable storage drive 612 reads from
and/or writes to a removable computer readable storage unit
616 1n a known manner. Removable computer readable stor-
age unit 616 represents a tloppy disk, magnetic tape, optical
disk, ZIP™ disk, or the like, which is read by and written to by
removable storage drive 612. As will be appreciated, the
removable computer readable storage unit 616 may have
computer soitware and/or data stored therein.

In some embodiments, secondary memory 608 may
include other similar devices for allowing computer programs
or other instructions to be loaded into computer system 600.
Such device may include, for example a removable storage
unit 618 and a corresponding interface 614. Examples of such
a removable storage umit and interface may include a univer-
sal serial bus (USB) memory device and corresponding inter-
face, e.g., a USB port.

Computer system 600 may also include a communications
interface 620, which allows software and data to be trans-
terred between computer system 600 and external devices,
such as radar sensors or other remote computer terminals.
Examples of communications interface 620 may include a
modem, a network interface (such as an Ethernet card), a
communications port, a Personal Computer Memory Card
International Association (PCMCIA) slot and card, or the
like. Software and data transferred via communications inter-
face 620 are 1n the form of signals which may be electronic,
clectromagnetic, optical, or other signals capable of being
received by communications interface 620. These signals are
provided to communications mterface 620 via a communica-
tions path (e.g., channel), which may be implemented using
wire or cable, fiber optics, a telephone line, a cellular link, a
radio frequency (RF) link and other communication channels.

In this document, the terms “computer program medium”
and “computer readable storage medium” refer to media such
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as removable storage drive 612, a hard disk installed in hard
disk drive 610, and signals. These computer program prod-

ucts provide software to computer system 600. Computer
programs (also referred to as computer control logic) are
stored 1n main memory 604 and/or secondary memory 608.
Computer programs may also be recerved via communica-
tions mterface 620. Such computer programs, when executed
by a processor 602, enable the computer system 600 to per-
form the features of the method discussed herein.

In an embodiment where the invention 1s implemented
using soitware, the software may be stored 1n a computer
readable storage medium, e.g., main memory 604 and/or
secondary memory 608, and loaded into computer system
600 using removable storage drive 612, hard drive 610, or
communications interface 620. The software, when executed
by a processor(s) 602, causes the processor(s) 602 to perform
the functions of the method described herein. In another
embodiment, the method 1s implemented primarily 1n hard-
ware using, for example, hardware components such as appli-
cation specific itegrated circuits (ASICs). Implementation
ol the hardware state machine so as to perform the functions
described herein will be apparent to persons skilled in the art.
In yet another embodiment, the method 1s implemented using
a combination of both hardware and software.

Although the invention has been described in terms of
exemplary embodiments, it 1s not limited thereto. Rather, the
appended claims should be construed broadly, to include
other variants and embodiments of the invention, which may
be made by those skilled in the art without departing from the
scope and range of equivalents of the invention.

What 1s claimed 1s:

1. A method for calculating a drop track time for a radar
system, comprising:

receiving characteristics of the radar system as an input;

determining 1n a computer process the characteristics of a

target being tracked by the radar system:;

calculating 1n a computer process the target track drop time

for the target based on characteristics of the radar system
and the target;

determining 1n a computer process whether a value asso-

ciated with the target being tracked has been updated
within the target track drop time; and

discontinuing the tracking of the target 1f the value associ-

ated with the target being tracked has not been updated
within the target track drop time.

2. The method of claim 1, wherein the characteristics of the
radar system include a beam width of an electromagnetic
wave transmitted by the radar system and a look rate of the
radar.

3. The method of claim 1, wherein determining the char-
acteristics of the target being tracked includes calculating a
range of the target and an acceleration of the target based on
an electromagnetic wave recerved by the radar system.

4. The method of claim 1, wherein the target track drop
time 1s calculated according to:

[ ABW -3 4+2.T-0%-K2-5—V204

(T(273-BW-S-A +
\ OT 0% - K- S? =275 - A? 4+ 377 . A?))

\Sk T /

7-A

K

f =

where,
t 1s the target track drop time,
A 1s an acceleration of the target,
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BW is a beam width of an electromagnetic wave transmit-
ted by the radar system,

O , 1s an angle error standard deviation of the radar system,

T 1s a look rate of the radar system,

T 1s a filter lag of the radar system,

S 1s a predicted target slant range, and

k 1s a containment probabaility factor.

5. The method of claim 4, wherein T 1s calculated according,
to

2
B T%(Bmgﬂ'ﬂ ]’5
T = A .

6. The method of claim 1, further comprising;

reassigning resources of the radar system to an active target

track after discontinuing the tracking of the target.

7. The method of claim 1, further comprising:

continuing to track the target if a value associated with the

target being tracked 1s updated prior to the expiration of
the target track drop time.

8. A system for determining a target track drop time for a
radar system, comprising:

a computer readable storage medium; and

a processor in data communication with the computer read-

able storage medium and one or more radar sensors of

the radar system, the processor configured to:

receive characteristics of the radar system as an input;

determine the characteristics of a target being tracked by
the radar system based on data recerved from the radar
SEeNSOors;

calculate a target track drop time for the target based on
the characteristics of the radar system and the target;
and

cause the radar system to discontinue the tracking of the
target 1 a value associated with the target being
tracked 1s not updated within the target track drop
time.

9. The system of claim 8, wherein the characteristics of the
radar system include a beam width of an electromagnetic
wave transmitted by the radar system and a look rate of the
radar system.

10. The system of claim 8, wherein the processor deter-
mines the characteristics of the target by calculating a range
of the target and an acceleration of the target based on signals
received by the radar sensors.

11. The system of claim 8, wherein the target track drop
time 1s calculated according to:

[ A-BW-134+2.T-02 - K2.S—V2 0,

(T(273-BW-S-A +
\ 2T -4 -K*-8% =275 A* + 377 - A%))

\Sk T /

(T-A)

K

1 =

where,
t 1s the target track drop time,
A 1s an acceleration of the target,
BW is a beam width of an electromagnetic wave transmit-
ted by the radar system,
O , 1s an angle error standard deviation of the radar system,
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T 1s a look rate of the radar system, 13. The system of claim 8, wherein the processor 1s con-
T 1s a filter lag of the radar system, figured to:
S is a predicted target slant range, and cause the radar system to reassign resources of the radar
k is a containment probability factor. system to an active target track after discontinuing the
12. The system of claim 11, wherein T is calculated accord- 5 tracking of the target. | |
ing to 14. The system of claim 8, wherein the processor 1s con-
figured to cause the radar system to continue tracking the
. é InSo; \ 2 target.
T ( 2A ]
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