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PRESBYOPIA CORRECTION USING
PATIENT DATA

CROSS-REFERENCES TO RELATED
APPLICATIONS

This application 1s a continuation of U.S. patent applica-

tion Ser. No. 11/938,648 filed Nov. 12, 2007, which 1s a
continuation of U.S. patent application Ser. No. 10/738,358

filed Dec. 5, 2003, now U.S. Pat. No. 7,293,873, which claims
the benelit of U.S. Patent Application Ser. Nos. 60/519,885
filed Nov. 13, 2003; 60/468,387 filed May 5, 2003; 60/468,
303 filed May 5, 2003; and 60/431,634 filed Dec. 6, 2002, the
entire disclosures of which are incorporated herein by refer-
ence for all purposes.

BACKGROUND OF THE INVENTION

This invention generally relates to optical correction, and
in particular provides methods, devices, and systems for miti-
gating or treating presbyopia and other vision conditions,
often by scaling, dertving, or generating a prescription to treat
a particular patient.

Presbyopia 1s a condition that affects the accommodation
properties of the eye. As objects move closer to a young,
properly functioning eye, the eflects of ciliary muscle con-
traction and zonular relaxation allow the lens of the eye to
become rounder or more convex, and thus increase 1ts optical
power and ability to focus at near distances. Accommodation
can allow the eye to focus and refocus between near and far
objects.

Presbyopia normally develops as a person ages, and 1s
associated with a natural progressive loss of accommodation,
sometimes referred to as “old sight”” The presbyopic eye
often loses the ability to rapidly and easily refocus on objects
at varying distances. There may also be a loss 1n the ability to
focus on objects at near distances. Although the condition
progresses over the lifetime of an individual, the effects of
presbyopia usually become noticeable after the age of 45
years. By the age of 65 years, the crystalline lens has often lost
almost all elastic properties and has only limited ability to
change shape. Residual accommodation refers to the amount
of accommodation that remains 1n the eye. A lower degree of
residual accommodation contributes to more severe presbyo-
p1a, whereas a higher amount of residual accommodation
correlates with less severe presbyopia.

Known methods and devices for treating presbyopia seek
to provide vision approaching that of an emmetropic eye. In
an emmetropic eye, both distant objects and near objects can
be seen due to the accommodation properties of the eye. To
address the vision problems associated with presbyopia,
reading glasses have traditionally been used by individuals to
add plus power diopter to the eye, thus allowing the eye to
focus on near objects and maintain a clear image. This
approach 1s similar to that of treating hyperopia, or farsight-
edness.

Presbyopia has also been treated with bi-focal eyeglasses,
where one portion of the lens 1s corrected for distance vision,
and another portion of the lens i1s corrected for near vision.
When peering down through the bifocals, the individual looks
through the portion of the lens corrected for near vision.
When viewing distant objects, the individual looks higher,
through the portion of the bi-focals corrected for distance
vision. Thus with little or no accommodation, the individual
can see both far and near objects.

Contact lenses and intra-ocular lenses (IOLs) have also
been used to treat presbyopia. One approach is to provide the
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individual with monovision, where one eye (usually the pri-
mary eye)1s corrected for distance-vision, while the other eye
1s corrected for near-vision. Unfortunately, with monovision
the individual may not clearly see objects that are intermedi-
ately positioned because the object 1s out-of-focus for both
eyes. Also, an individual may have trouble seeing with only
one eye, or may be unable to tolerate an imbalance between
their eyes. In addition to monovision, other approaches
include bilateral correction with either bi-focal or multi-focal
lenses. In the case of bi-focal lenses, the lens 1s made so that
both a distant point and a near point can be focused. In the
multi-focal case, there exist many focal points between near
targets and far targets.

Surgical treatments have also been proposed for presbyo-
pia. Anterior sclerostomy involves a surgical incision into the
sclera that enlarges the ciliary space and facilitates movement
of the lens. Also, scleral expansion bands (SEBs) have been
suggested for increasing the ciliary space. Problems remain
with such techniques, however, such as inconsistent and
unpredictable outcomes.

In the field of refractive surgery, certain ablation profiles
have been suggested to treat the condition, often with the goal
ol increasing the range of focus of the eye, as opposed to
restoring accommodation in the patient’s eye. Many of these
ablation profiles can provide a single excellent focus of the
eye, yvet they do not provide an increased depth of focus such
that optimal distance acuity, optimal near acuity, and accept-
able intermediate acuity occur simultaneously. Shapes have
been proposed for providing enhanced distance and near
vision, yet current approaches do not provide 1deal results for
all patients.

In light of the above, 1t would be desirable to have
improved methods, devices, and systems for treatment and/or
mitigation of presbyopia and other optical defects. Option-
ally, 1t may be desirable to provide improved prescriptions 1n
the form of practical customized or optimized prescription
shapes for treating or mitigating vision conditions such as
presbyopia in a particular patient.

BRIEF SUMMARY OF THE INVENTION

The present invention provides improved devices, systems,
and methods for mitigating or treating presbyopia and other
vision conditions. The present invention can establish a pre-
scription that mitigates or treats presbyopia in a particular
patient. In some embodiments, an optically optimized shape
may be generated based on patient data mnput. Typically, the
shape will represent a compromise between improved near
vision and improved distance vision. These optimized shapes
can be dertved numerically using input patient parameters
such as pupil size, residual accommodation, and desired ver-
gence. Presbyopia-mitigating shapes may be scaled (or oth-
erwise varied) 1in response to patient data such as one or more
pupil diameters. Appropriate scaling may be determined at
least 1n part from prior patient data from patients having
differing pupil sizes and/or differing shapes. Advantageously,
presbyopia-mitigating prescriptions may be derived from.,
scaled using, and/or optimized to provide at least one desired
optical power (and/or mamiest power), often to provide a
plurality of optical powers at differing viewing conditions,
thereby taking advantage of changes in pupil s1ze when view-
ing objects under differing viewing conditions such as at
differing distances and lighting conditions.

In a first aspect, the mvention provides a method for treat-
ing existing or potential presbyopia of a patient. The patient
has an eye with a pupil, a change 1n viewing distance with the
eye inducing a change 1n pupil dimension. The method com-
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prises measuring a first dimension of the pupil at a first view-
ing distance, and determining a first desired power for the eye
at the first viewing distance. A prescription for the eye 1s
determined such that the prescription provides the first
desired power when the pupil has the first dimension, and
such that the prescription effects a desired change 1n power 1n
response to the change 1n pupil dimension, the desired change
in power mitigating the presbyopia.

In many embodiments, a rate of the desired change in
power for the change in pupil dimension comprises from
about 0.25 D/mm to about 5.0 D/mm. When the patient 1s
about 45 years old or less, and the rate may comprise from
about 0.25 D/mm to about 1.0 D/mm. When the patient 1s
about 60 years old or less the rate may comprise from about
1.0 D/mm to about 5.0 D/mm. A second desired optical power
tor the eye may be determined at a second viewing distance.
At least a third desired optical power for the eye may also be
determined, each optical power having an associated viewing
condition, with a rate of an incremental desired change 1n
power for an incremental change in pupil size varying within
a pupil size range of the patient. The change 1n pupil dimen-
sion of the patient may be measured by measuring a second
pupil dimension of the pupil at the second viewing distance,
and/or the rate of the desired change 1n optical power for the
change 1n pupil dimension may be assumed to be consistent
for a plurality of patients.

The eye may have aresidual accommodation range, and the
first desired power for the eye may be determined so that the
eye adjusts within the residual accommodation range when
viewing at the first viewing distance with the first desired
optical power. Optionally, particularly when the patient is
about 60 years old or less, the first desired power for the eye
and/or the desired change in power may be adjusted in
response to an anticipated shrinkage of the pupil with age
and/or anticipated reduction of residual accommodation.

The prescription may be determined at least in part by
iteratively optimizing a goal function, by scaling a refractive
shape, and/or by analytically or numerically deriving an opti-
cal shape providing a plurality of desired optical powers at an
associated plurality of viewing conditions.

In a system aspect, the mvention provides a system for
treating existing or potential presbyopia of a patient. The
patient has an eye with a pupil, a change 1n viewing distance
with the eye inducing a change 1n pupil dimension. The sys-
tem comprises a pupilometer for measuring a first dimension
of the pupil while the eye 1s viewing at a first viewing dis-
tance. A prescription generating module has an 1input accept-
ing a desired power for the eye and the first dimension. The
module determines a prescription for the eye providing a first
desired power when the pupil has the first dimension, the
prescription effecting a desired change in power in response
to the change 1 pupil dimension. The desired change in
power mitigates the presbyopia.

The prescription generating module may comprise an opti-
mizer module that determines the prescription based on the
pupil diameter and the desired power using a goal function
appropriate for the presbyopia; a scaling module that scales a
central portion of a prescription shape based on the pupil
dimension such that the prescription shape ameliorates pres-
byopia, and such that the central portion has a dimension
between about 0.35 and about 0.55 of the pupil dimension;
and/or a prescription calculating module calculating a pres-
byopia-mitigating prescription for the eye in response to the
pupil dimension and the change in pupil dimension so that the
eye has the first desired power suitable for the first viewing
distance and so that the eye has a second desired power for a
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second viewing distance. Optionally, a laser may impose the
prescription on the eye, typically by ablating corneal tissue.

In another aspect, the invention provides a method for
determining a prescription that mitigates or treats presbyopia
in a particular patient. The method comprises selecting a goal
function appropriate for presbyopia of an eye, inputting a set
ol patient parameters specific for the particular patient, and
determining an optical shape for the particular patient appro-
priate for differing viewing conditions based on the set of
patient parameters per the goal function so as to mitigate or
treat the presbyopia 1n the patient.

The goal function can retlect optical quality throughout a
vergence range. The goal function may also comprise a ratio
of an optical parameter of the eye with a diffraction theory
parameter. Relatedly, the goal function may also comprise at
least one parameter selected from the group consisting of
Strehl Ratio (SR), modulation transfer function (MTF), point
spread function (PSF), encircled energy (EE), MTF volume
or volume under MTF surface (MTFV), compound modula-
tion transier function (CMTF), and contrast sensitivity (CS).
The goal function may also be based on geometrical optics.
Similarly, the goal function can be determined using ray
tracing. In this context, the phrase ‘ray tracing” has a meaning
identical to ‘geometrical optics’. The set of patient param-
cters can include at least one parameter selected from the
group consisting ol pupil size, residual accommodation,
power need, and vergence. In this context the phrase “power
need” has a meaning 1dentical to “vergence.”

The prescription may comprise an optical shape deter-
mined by iputting a set of patient parameters specific for the
particular patient into an optimizer. The shape 1s derived for
the particular patient per a goal function so as to mitigate or
treat the presbyopia in the patient. An 1nmitial optical shape can
be 1put, the mnitial shape often being radially symmetric.
Relatedly, the radially symmetric shape may be decomposed
into a set of polynomials having at least two independent
variables. Further, one of the at least two 1ndependent vari-
ables can be the ratio of the customized shape diameter to
pupil diameter. The 1terative optimization may be selected
from the group consisting of Downhill Simplex method,
Direction set method, and Simulated Annealing method, or
the like. The set of patient parameters can include at least one
parameter selected from the group consisting of pupil size,
residual accommodation, and power need.

Optionally, the presbyopia may be treated by administer-
ing to the patient a procedure selected from the group con-
sisting of ablating a cornea of the patient to provide a corneal
shape that corresponds to the optical shape, providing the
patient with a contact lens or spectacle lens that has a shape
that corresponds to the optical shape, and providing the
patient with an intra-ocular lens that has a shape that corre-
sponds to the optical shape. The optical shape may be deter-
mined based at least 1n part on an expansion such as a regular
polynomial (Even-Power-Term polynomials (“EPTP”) or
non-EPTP), a Zermike polynomial, a Fourier series, and a
discrete shape entirety. The expansion may be a 3rd order or
4th order non-EPTP expansion, or a 6th or 8th order EPTP
expansion. The optical shape may be determined based at
leastin part on apresbyopia-add to pupil ratio (PAR), the PAR
ranging from about 0.2 to about 1.0.

In another system aspect, the present invention provides a
system for establishing a prescription that mitigates or treats
presbyopia in a particular patient, where the system includes
an input that accepts a set of patient parameters, and a module
that determines an optical shape for the particular patient
based on the set of patient parameters, using a goal function
appropriate for presbyopia of an eye.
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The module may 1nclude data processing software and/or
hardware, and may be optionally integrated with other data
processing structures. The module may comprise an opti-
mizer module that determines the prescription for the particu-
lar patient based on the set of patient parameters, using a goal
function appropriate for presbyopia of an eye. A processor
may generate an ablation profile, and a laser system can direct
laser energy onto the cornea according to the ablation profile

so as to reprofile a surface of the cornea from the first shape to
the second shape, the second shape corresponding to the
determined optical shape. Pupil diameters may be measured
for input under one or more of the following conditions: when
focusing on a near object; when focusing on a distant object;
under photopic conditions; under mesopic conditions; under
scotopic conditions. The prescription shape may be aspheri-
cal when the central portion of the prescription shape is
aspherical; the prescription shape may be spherical when the
central portion of the prescription shape 1s spherical; the
prescription shape may be aspherical when the central portion
of the prescription shape 1s spherical; and/or the prescription
shape may be spherical when the central portion of the pre-
scription shape 1s aspherical, with healing and LASIK flap
cifects and the like optionally varying the final shape of the
eye. The dimension of the prescription shape central portion
may comprise a diameter of the central portion and may
remain within a range between about 0.4 and about 0.5 of the
pupil diameter of the particular patient, or within a range
between about 0.43 and about 0.46 of the pupil diameter of
the particular patient; a power of the central portion 1s option-
ally between about 1.5 diopters and about 4.0 diopters (ide-
ally being about 3.1 diopters).

In another aspect, the invention provides a method for
treating presbyopia of an eye of a patient. The method com-
prises 1dentifying a first pupil size of the eye under a first
viewing condition. A second pupil size of the eye 1s 1dentified
under a second viewing condition. A presbyopia-mitigating,
prescription 1s calculated for the eye 1n response to the pupil
s1zes so that the eye has a first power suitable for the first
viewing condition at the first size and so that the eye has a
second power suitable for the second viewing condition at the
second size.

Calculating the prescription may comprise determining a
first effective power of the eye with the first pupil size and
calculating a second effective power of the eye with the sec-
ond pupil size. The first and second pupil diameters may be
measured from the eye of the patient while the eye 1s viewing,
with the first and second viewing conditions, respectively.
The prescription often comprises a prescription shape, and
the method may include altering the refraction of the eye
according to the prescription shape. The refraction of the eye
can be altered using at least one of a laser, a contact lens, an
intraocular lens, and a spectacle. One or more additional pupil
diameters of the eye may be determined under one or more
associated viewing condition, and the prescription can be
calculated so that the eye has appropriate powers suitable for
viewing at each additional viewing condition.

The prescription may be derived by determining at least
one coellicient of a set of Zernike polynomials. Calculating
the prescription often comprises determining a plurality of
selected Zernike coellicients of spherical aberration at vari-
ous orders. The eye at the first viewing condition may be
viewing at a first viewing distance, and the eye at the second
viewing condition may be viewing at a second viewing dis-
tance which 1s less than the first distance, with the second
power being more negative than the first power. The eye at the
first viewing condition can have a power between 0.25 D and
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—-0.25 D, and the eye at the second viewing condition may
have a power between —0.5 D and -3.0 D.

In another aspect, the invention may comprise a method for
deriving a prescription for an eye. The method comprises
determining a polynomial expansion from a waveiront of an
eye, and calculating a plurality of effective powers based on a
plurality of expansion coellicients of the polynomial expan-
s10n at different viewing pupil sizes. The prescription may be
generated so as to provide a plurality of desired effective
powers at said pupil sizes.

In yet another aspect, the invention provides a method for
determining an effective power of an eye under a viewing
condition. The method comprises determining a plurality of
coellicients of a Zernike polynomial expansion from a wave-
front of an eye while the eye has a first pupil size, and deter-
mining a second pupil size of the pupil under the viewing
condition. The effective power of the eye 1s calculated from at
least one of the coelficients of the Zernike polynomial from a
relationship between effective power and pupil size.

In yet another aspect, the mvention provides a system for
correcting refraction of an eye, the system comprising at least
one 1mput for a first pupil size of the eye under a first viewing
condition and a second pupil size of the eye under a second
viewing condition. A prescription calculating module calcu-
lates a presbyopia-mitigating prescription for the eye in
response to the pupil sizes so that the eye has a first power
suitable for the first viewing condition at the first size and so
that the eye has a second power suitable for the second view-
ing condition at the second size.

In another aspect, the mvention provides a system for
deriving a prescription for an eye, the system comprising a
polynomial expansion module having an input for a wave-
front of an eye and an output for a polynomial expansion. An
elfective power module has an input coupled to the output of
the polynomial expansion module and an output. The effec-
tive power module determines an effective power from the
polynomial expansion. A prescription module 1s coupled to
the effective power module. The prescription module gener-
ates the prescription so as to provide a plurality of different
desired efiective powers at an associated plurality of different
viewing pupil sizes.

In yet another aspect, the invention provides a system for
determining an eflective power of an eye under a viewing
condition, the system comprising a first input for a plurality of
coellicients of a Zernike polynomial expansion from a wave-
front of an eye while the eye has a first pupil size. A second
input accepts a second pupil size of the pupil under the view-
ing condition. An effective power calculating module calcu-
lates the effective power of the eye from at least one of the
coellicients of the Zernike polynomial and a relationship
between elfective power and pupil size.

For a fuller understanding of the nature and advantages of
the present invention, reference should be had to the ensuing
detailed description taken 1n conjunction with the accompa-
nying drawings.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1A illustrates a relationship between accommodation
and pupil size when healthy eyes adjust to differing viewing
distances.

FIG. 1B illustrates one exemplary relationship between
elfective power of an eye and pupil size for a patient, as can be
provided from the presbyopia prescriptions of the present
invention by generating an optical shape which etlects
desired changes in power with changes in pupil size of a
particular patient under differing viewing conditions.
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FIG. 1C illustrates a relationship between manifest power
and pupil diameter, for example, as measured from patients
having differing pupil diameters who have been successtully
treated with a presbyopia-mitigating prescription. Such a
relationship may be used to identity a desired change in
optical power with changes 1n pupil diameter for a specific
patient.

FIGS. 2A-2C graphically illustrate optical properties of an
eye relevant to presbyopia.

FI1G. 3 1s a flow chart 1llustrating exemplary method steps
for optimizing a presbyopia-mitigating optical prescription.

FIG. 4 graphically illustrates two presbyopia-mitigating,
prescriptions for an eye of a particular patient.

FIGS. 5A and 5B illustrate alternative presbyopia-mitigat-
ing prescriptions optimized for an eye of a particular patient,
and their characteristics.

FI1G. 5C 1llustrates a comparison of optimizer values using,
even-term polynomials and all power term polynomials for
pupil sizes of 4 mm, 5 mm, and 6 mm.

FIGS. 6 A-D, show alternative presbyopia-mitigating pre-
scriptions optimized for an eye of a particular patient.

FI1G. 7 1llustrates effects of random noise on presbyopia-
mitigating prescriptions optimized for an eye of a particular
patient.

FIGS. 8A-C, compares presbyopia-mitigating optimized
prescriptions to alternative treatments for differing pupil
S1ZES.

FIGS. 9A-C, compares presbyopia-mitigating optimized
prescriptions to alternative treatments for a range of viewing,
distances.

FIG. 10 illustrates simulated viewing charts viewed at dii-
fering distances to compare presbyopia-mitigating optimized
prescriptions to alternative treatments.

FIGS. 11-13 1llustrate graphical interface computer screen
displays for a prescription optimizer and system.

FIGS. 14 and 15 illustrate pupil sizes and changes at dif-
fering viewing conditions for a particular patient.

FIG. 16 graphically illustrates optimizer values for differ-
ing levels of residual accommodation.

FIG. 17 1llustrates eflects of pupil change and residual
accommodation on presbyopia-mitigating optimized pre-
scriptions for a particular patient.

FIGS. 18 A-C illustrate effects of pupil change and residual
accommodation on presbyopia-mitigating optimized pre-
scriptions for a particular patient.

FIGS. 19-21 compare optical properties and results of eyes
corrected with a presbyopia-mitigating optimized prescrip-
tions to alternative treatments.

FIG. 22 schematically illustrates a system for determining,
a presbyopia-mitigating prescription for a particular patient
and delivering that treatment using laser refractive surgery.

FIG. 23 schematically illustrates a presbyopia-mitigating,
shape having a central add region.

FIGS. 24 and 25 schematically illustrates residual accom-
modation and presbyopia treatments for increasing a focal
range.

FIGS. 26-32 graphically illustrate results from presbyopia-
mitigating treatments for a population of individual patients.

FI1G. 33 graphically illustrates accommodation through a
range of differing patient ages.

FI1G. 34 schematically illustrates another system for deter-
mimng a presbyopia-mitigating prescription for a particular
patient and delivering that treatment using laser refractive
surgery.
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FIGS. 35 and 36 graphically 1llustrate a presbyopia-maiti-
gating prescription derived so as to provide appropriate etiec-
tive powers at two differing viewing conditions for a particu-
lar patient.

FIGS. 37 and 38 graphically 1llustrate a presbyopia-miti-
gating prescription derived so as to provide appropriate effec-
tive powers at three differing viewing conditions for a par-
ticular patient.

FIGS. 39 and 40 graphically 1llustrate a presbyopia-maiti-
gating prescription derived so as to provide appropriate eflec-
tive powers at four differing viewing conditions for a particu-
lar patient.

FIGS. 41A and 41B graphically illustrate different pres-
byopia-mitigating prescriptions which provide differing
elfective power variation characteristics during pupil size
changes under differing viewing conditions.

FIGS. 42 and 43 graphically illustrate effects of different
pupil sizes on derived presbyopia-mitigating prescriptions
and their optical characteristics.

FIG. 44 1llustrates simulated eye-chart letters as viewed
with a presbyopic eye treated with a presbyopia-mitigating
prescription derived for a particular patient.

FIGS. 45A and 435B illustrate an exemplary power/pupil
correlation and corresponding presbyopia prescription.

DETAILED DESCRIPTION OF THE INVENTION

Although the methods, devices, and systems of the present
invention are described primarily in the context of a laser eye
surgery system, 1t should be understood that the techniques of
the present invention may be adapted for use 1n other eye
treatment procedures and systems such as contact lenses,
intra-ocular lenses, radial keratotomy, collagenous corneal
tissue thermal remodeling, removable corneal lens structures,
glass spectacles, and the like.

The present invention 1s useful for enhancing the accuracy
and ellicacy of photorefractive keratectomy (PRK), laser 1n
situ  keratomileusis (LASIK), laser assisted epithelium
keratomileusis (LASEK), and the like. The present invention
can provide enhanced optical correction approaches by
improving the methodology for scaling an optical shape, or
by generating or deriving new optical shapes, and the like.

The techmiques of the present invention can be readily
adapted for use with existing laser systems, including the
VISX Excimer laser eye surgery systems commercially avail-
able from VISX of Santa Clara, Calif. By providing improved
corneal ablation profiles for treating optical defects, the
present invention may allow enhanced treatment of patients
who have heretolore presented ditficult or complicated treat-
ment problems. When used for determining, deriving, and/or
optimizing prescriptions for a particular patient, the systems
and methods may be implemented by calculating prescrip-
tions for a range of patients, for example, by calculating
discrete table entries throughout a range of patient character-
istics, dertving or empirically generating parametric patient
characteristic/prescription correlations, and the like, for sub-
sequent use 1n generating patient-speciiic prescriptions.

Referring first to FIG. 1A, the present invention will often
take advantage of the fact that the eye changes 1n two different
ways with changes in viewing distance: the lens changes in
shape so as to provide accommodation, and the pupil size
simultaneously varies. Accommodation and pupillary con-
striction work 1n unison 1n normal healthy eyes when shifting
from a far to a near viewing distance, and a fairly linear
relation may exist between at least a portion of the overlap-
ping constriction and accommodation ranges, but the effect
may vary significantly among subjects (from 0.1 to 1.1 mm
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per diopter). Moreover, when the stimulus for accommoda-
tion 1s increased beyond the eye’s ability to change 1ts refrac-
tion, the relationship between accommodation of the lens and
pupillary constriction may be curvilinear as shown.

While they work in unison, pupillary constriction and
accommodation are not necessarily linked. These two func-
tions may proceed independently, and may even work in
opposite directions, particularly when the patient 1s simulta-
neously subjected to large variations in light intensity with
changes in viewing distance. Nonetheless, prescriptions for
presbyopia can take advantage of the correlation between
pupil dimension and viewing distance for a particular patient.
The effective time span for a presbyopia-mitigating prescrip-
tion may also be extended by accounting for gradual changes
in pupil dimension over time (such as the gradual shrinkage of
the pupil as one ages) with the concurrent gradual decrease in
the accommodation. Details regarding constriction of the
pupil were published 1n a book entitled The Pupil by Irene E.
Loewenteld (Iowa State University Press, 1993).

Referring now to FIGS. 1B and 1C, if we assume that we
can tailor a beneficial overall optical power for the eye as 1t
changes to different pupil sizes, we may first want to identily
a relationship between this desired optical power and pupil
s1ize. To determine what powers would be desirable for a

particular patient at different viewing conditions, we might
measure both the manifest sphere and corresponding pupil
s1zes of that patient at a variety of different viewing condi-
tions. The manifest sphere may then be used as our desired or
elfective power to be used for treating presbyopia, as detailed
below. The desired optical power might also be determined
from the measured manifest, for example, with desired power
being a function of the manifest to adjust for residual accom-
modation and/or anticipated aging effects or the like. In either
case, these patient-specific measurements can be the basis for
determining desired powers for associated pupil sizes of that
patient, such as at the four points illustrated 1n FIG. 1B. Fewer
or more points might also be used.

Alternatively, manifest sphere and pupil size for a popula-
tion of different patients who have been successtully treated
with a given presbyopia prescriptive shape may be plotted,
and a correlation derived from this empirical data, as sche-
matically illustrated 1n FIG. 1C. Still further approaches may
be employed, including combinations where a population of
patients having differing pupil sizes are used to derive an
initial correlation, which 1s subsequently refined with mul-
tiple measurements from at least one patient (and often a
plurality of patients). Regardless, the relationship between
our desired optical power and the pupil size can be deter-
mined. As will be clear from the detailed description below,
constriction of the pupil at differing viewing distances then
allows the overall power of the eye to be altered by the
pupillary constriction, despite a loss in the flexibility of the
lens. For example, we can employ a peripheral portion of the
ocular system having a different power than a central portion.
By understanding the vaniations of these often aspherical
optical systems with changing pupil sizes, we can provide
good optical performance throughout a range of viewing
distances.

The following description will first provide techniques and
devices for 1teratively optimizing refraction for treatment of
presbyopia. This 1s followed by a brief review of an exem-
plary mitial laser ablation shape for mitigation of presbyopia,
which 1s 1n turn followed by an explanation of techniques for
optimizing that shape (or other shapes), often using empirical
and/or patient-specific information to scale the shape. Gen-
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eralized analytical and numerical techniques for determining
or selecting appropriate presbyopia mitigating prescription
shapes will then be provided.

When designing a prescriptive shape for a presbyopia eye
treatment, 1t 1s usetul to select a mathematical gauge of opti-
cal quality approprate for presbyopia for use as a goal func-
tion. This allows for quantification and optimization of the
shape, and for comparison among different shapes. The
present mvention provides methods for establishing a cus-
tomized optical shape for a particular patient based on a set of
patient parameters per the goal function. By incorporating,
iterative optimization algorithms, it 1s also possible to gener-
ate a shape having an optimized level of optical quality for the
particular presbyopic patient.

Selecting a Goal Function Appropriate for Presbyopia

The goal function relates to optical quality, and 1t can be,
for example, based on, or a function of (or related to) optical
metrics such as Strehl ratio (SR), modulation transfer func-
tion (MTF), point spread function (PSF), encircled energy
(EE), MTF volume or volume under MTF surface (MTFV),
or contrast sensitivity (CS); and optionally to new optical
metrics which are appropriate to presbyopia, such as com-
pound modulation transfer function (CMTF) as described
below. In optical terms, the goal function should make sense.
That 1s to say, minimization or maximization of the goal
function should give a predictable optimized optical quality
of the eye. The goal function can be a function with a certain
number of free parameters to be optimized (minimized)
through an optimization, or minimization, algorithm.

Although there are many types of goal functions available
for use with the present invention, the discussion below gen-
erally touches on two broad schools of goal functions. In a
Diffraction Theory based approach, the shape 1s considered
as a wave aberration. Typically, a Fourier transform 1is
employed for calculating optical quality related parameters,
such as Strehl ratio (SR), modulation transfer function
(MTF), MTF volume or volume under MTF surface (MTFV),
compound modulation transier function (CMTF), or contrast
sensitivity (CS), encircled energy (EE) (based on point spread
function), as well as special cases that combine one or more of
these parameters, or values of the parameters 1n specific situ-
ations (such as MTF at spatial frequency or encircled energy
at a field of view), or integration of any parameters (volume of
MTF surface at all frequencies or up to a cutotit frequency, for
example 60 cycles/degree or 75 cycles/degree, because 60
cycles/degree 1s the retina cone’s limiting spatial frequency).
In a Geometrical Optics approach, or the so-called ray tracing
approach, the optical effect 1s based on ray tracing. With both
the Diffraction Theory and the Geometrical Optics
approaches, polychromatic point spread function with Stiles-
Crawiord effect, chromatic aberrations as well as retina spec-
tral response function can be used.

Monochromatic point spread function (PSF) has been used
for describing optical defects of optical systems having aber-
rations. Due to the simple relationship between wave aberra-
tions and the PSF for incoherent light source, Fourier trans-
form of the generalized pupil function has been used 1n the
calculation of point spread functions. Most optical applica-
tions, however, do not use a monochromatic light source. In
the case ol human vision, the source 1s essentially white light.
Thus, there are limitations associated with the use of mono-
chromatic PSF as a goal function.

Polychromatic point spread function (PSF) with correct
chromatic aberrations, Stiles-Crawiord effect as well as
retina response function, can be used for optical modeling of
human eyes. Here, chromatic aberrations are due to the fact
that light from different wavelength will focus either in front
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of the retina or behind 1t. Only portions of the light will focus
exactly on the retina. This gives the eye an extended depth-
of-focus, 1.e., if one has focusing error of some amount, the
eye 1s still capable of focusing at least for some wavelengths.

Therefore, chromatic aberrations 1in fact help the correctionof 5

presbyopia. If the depth-of-focus 1s sufficiently large, there
would be no presbyopia problem. Unfortunately, the chro-
matic aberrations are not large enough and it also varies with
the wavelength. Stiles-Crawiord effect, also known as pupil
apodization, 1s due to the waveguide property of the retinal
cones. Light from the pupil periphery has a slightly less
chance of being detected by the retina because the ray of light
might notreach the bottom of the cone, due to a slight incident
angle. As for the retinal spectral response function, it 1s
known that the cones, which are responsible for daylight
vision, have different sensitivity to different wavelengths.
Only green light 1s absorbed by the eye almost completely.
Both blue light and red light are absorbed by the eye partially.

Once the PSF 1s calculated, calculation of the Strehl ratio 1s
straightforward. Strehl ratio can be defined as the ratio of the
peak of the point spread function (PSF) of an optical system
to the peak of a diffraction-limited optical system with the
same aperture size. An example of a Strehl ratio 1s shown 1n
FIG. 2A. A diffraction-limited optical system 1s typically a
system with no aberrations, or optical errors. It can be an 1deal
or perfect optical system, having a Strehl ratio of 1.

The goal function can also be a function of modulation
transier function (MTF). Modulation transfer function can be
used to predict visual performance. Typically, the MTF at one
spatial frequency corresponds to one angular extent of targets.
The modulation transter function (MTF) can be calculated
with the following formulations:

MTF(u,v)=FT/PSF(x,»)]
MTF(u,v)=Re GPF(x,v) ©®GPF(x,)]

where u and v represent spatial frequencies, Re represents the
real part ol a complex number, FT represents a Fourier Trans-
torm, GPF represents a generalized pupil function, and x and
y represent position or field of view. An example of an MTF

1s shown 1n FIG. 2B.

Another example of a goal function, the compound MTF,
can be defined as

F(V):([11MTF1+&2MTF2+{13MTF3)/3

where MTF,, MTF,, and MTF; are the MTF values at 10
cycles/degree, 20 cycles/degree and 30 cycles/degree, respec-
tively. These correspond to Snellen eve chart of 20/60, 20/40
and 20/20 visions, respectively. The weighting coellicients
., C.,, O.; can be chosen so that 1/a,, 1/a,, 1/a, are the
diffraction-limited MTF at these spatial frequencies, respec-
tively. Therefore, 1n the diffraction-limited case, the com-
pound MTF F(v) can have a maximal value of unity.

Where MTF at one spatial frequency corresponds to one
angular extent of targets, compound MTF can be defined as
linear combination of MTF at different spatial frequencies
normalized by a diffraction-limited MTF, and can similarly

be used to predict visual outcome. A more general formula for
CMTF 1s

1 F
CMTF () = —Z o: MTF;(v)
il
i=1
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where a, 1s the reciprocal of the 1-th diffraction-limited M TF.
In some cases, three MTF curves at 10, 20 and 30 cycles per
degree are used. An 1deal value of CMTF can be about 1.
Good values can be about 0.2 or about 0.3. In a healthy eye,
the spatial frequency limait can be about 60 cycles per degree
due to the configuration of retina cones. In the treatment of
presbyopia, however, 1t may not be necessary to provide a
treatment corresponding to this limit, as the treatment wall
often mnvolve a compromise of good distance and near sight.
Optionally, a minimum distance vision gauge desired target
may be provided, with near sight being optimized and, as
needed, compromised.

FIG. 2C shows an example of the compound MTF over a
vergence ol 3 diopters (upper panel) versus its corresponding
individual MTF curves at 10, 20, and 30 cpd (cycles per
degree). Compound MTF can correlate well with visual acu-
ity and contrast sensitivity at the same time, at least optically.

To establish an optically optimized shape appropriate for
presbyopia, at least one of the goal functions, such as Strehl
ratio, encircled energy, or MTFE, MTF volume or volume
under MTF surface (MTFV), compound modulation transier
function (CMTF), or contrast sensitivity (CS) should be
maximized. For improved presbyopia treatment, the optical
metric can be maximized 1n all target vergence, that 1s, for
targets at all distances. Furthermore, it 1s also desirable to
minimize the fluctuation of the goal function. Therefore, the
goal function, which 1s incorporated into the optimization
algorithm of the optimizer, can be defined as

where O 1s the goal function; ¢, ¢,, . . . are the polynomial
coellicients; PAR 1s presbyopia-add to pupil ratio (described
below); v 1s the vergence; F(v) 1s one of the optical metrics; o
1s the standard deviation of F(v), PV 1s the peak-to-valley of
F(v); and v, 1s the end point of the vergence range, which may
be (for example) between 15 and 100 cm, such as 40 cm.
Because [dv is a constant, either a smaller a or alarger [F(v) dv
can mimimize the goal function O.

The formulas given here are examples of the many formu-
lae that can be used as the goal function. The basic approach
will often be to provide a goal function that 1s optimized to
give as practical a solution as possible for presbyopia correc-
tion.

Selecting an Iterative Optimization Algorithm

Any of a number of optimization algorithms may be used
by the optimizer to maximize, minimize, or otherwise glo-
bally or locally optimize the goal function. Because many
numerical algorithms use function minimization concept, 1t 1s
often convenient, but not necessarily required, to use mini-
mization of the goal function. As examples, N-dimensional
minimization algorithms such as the Downhill Simplex
method, the Direction Set method, and the Simulated Anneal-
ing method can be used to optimize the goal function. Like-
wise, the algorithm described by Press et al., 1n “Numerical
Recipes in C++7, Cambridge University Press, 2002 can also
be used. Algorithms such as those listed above are often used
for function optimization 1n multi-dimensional space.

The Downhill Simplex method starts with an initialization
of N+1 points or vertices to construct a simplex for an N-di-
mensional search, and 1n every attempt tries to retlect, stretch,
or shrink the simplex by geometrical transformation so that a
close-to-global mimimum or pre-defined accuracy can be
found. When Gaussian random noise of standard deviation of
0.02 um 1n optical path difference (OPD) 1s added, the algo-
rithm still converges, with no degradation.

In the case of Direction Set method, also known as Pow-
ell’s method, N one-dimensional vectors are initialized and
the N-dimensional search 1s split in such a way that a one
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N-dimensional vector 1s chosen and the minimization 1s done
in that direction while other vaniables (N-1 dimensions) are
fixed. This process 1s continued until all dimensions are cov-
ered. A new iteration 1s initiated until the pre-determined
criterion 1s met. The Direction Set method can use a separate

one-dimensional minimization algorithm such as a Golden
section search.

The Simulated Annealing method, which 1s usetul for deal-

ing with a large number of uncertainties, starts with an maitial
configuration. " E (analog to

The objective 1s to minimize
energy) given the control parameter T (analog to tempera-
ture). Simulated Annealing 1s analogous to annealing, 1s a
recent, proven method to solve otherwise intractable prob-
lems, and may be used to solve the ablation equation 1n laser
ablation problem. This 1s more fully described in PC'T Appli-
cation No. PCT/US01/08337, filed Mar. 14, 2001, the entire
disclosure of which 1s incorporated herein by reference.
Simulated annealing 1s a method that can be used for mini-
mizing (or maximizing) the parameters of a function. It 1s
particularly suited to problems with very large, poorly
behaved function spaces. Simulated annealing can be applied
in the same way regardless of how many dimensions are
present 1n the search space. It can be used to optimize any
conditions that can be expressed numerically, and i1t does not
require a dervative. It can also provide an accurate overall
mimmum despite local minima in the search space, for
example.

FI1G. 3 shows the flow chart of an overall method for shape
optimization for presbyopia correction. Each functional
block may contain one or more alternatives. To create a pres-
byopia add-on shape W (r), an iterative function minimization
algorithm can be employed such that the goal function, which
could be a function of any suitable optical metrics (e.g. SR,
MTEF, EE, CMTFE, MTFV, CS) 1s itself optimized to solve for
an unknown shape. The shape can be expanded 1nto a set of
even power term polynomials (EPTP) or non-EPTP (i.e. all
power term polynomials). EPTP refers to polynomials that
only have the even power terms, for instance, F(r)=ar’+br" +
cr®. The goal function should have good correlation with
visual performance, at least optically. Point spread function
can be calculated to obtain additional and/or alternative opti-
cal metrics. The presbyopia prescription can refer to an opti-
cal surface that can be used to treat or mitigate presbyopia. It
can correspond to, for example, the shape of a spectacle lens,
a contact lens, an intra-ocular lens, a tissue ablation profile for
refractive surgery, and the like.

It 1s desirable that the optimizer provide satisfactory out-
come 1n terms of attributes such as result, convergence, and
speed. FIG. 4 shows a comparison of Direction Set method
and Downhill Stmplex method for the following inputs: pupil
s1ze 5.6 mm, vergence 3 D and vergence step 0.1 D. Direction
Set method uses 17 iterations and Downhill Stmplex method
uses 152 iterations. Each Direction Set method iteration takes
longer than each Downhill Stmplex method 1teration. The

optimizer value for the Direction Set method 1s 2.8 while that
for the Downhill Simplex method 1s 2.658. Shape for leit

panel is as —0.9055r°+6.4188r*-2.6767r°+0.5625r" with
ratio of 0.7418.

Both algorithms seem to converge to a similar shape,
although the depths of the shapes are difierent. Considering
the difference 1n the pupil ratio, however, the actual shapes
within 70% of the pupil radius are quite close. When the
vergence step 1s smaller, each 1teration can take a longer time,
but the overall number of iterations often tends to become
smaller.

Inputting an Initial Prescription Into an Optimizer
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The 1nitial prescription, often comprising an optical sur-
face shape, may be defined by an expansion such as a poly-
nomial (EPTP, non-EPTP), a Zernike polynomial, a Fourier
series, or a discrete shape entirety. A discrete shape entirety
can also be referred to as a direct surface representation by
numerical grid values. The prescription shape may be
assumed to be circularly or radially symmetric, with the aim
of approaching an emmetropic eye. The symmetric shape can
be decomposed 1nto a set of polynomuials, such that it has one
or more independent variables. One of the variables can be the
presbyopia-add to pupil ratio (PAR), or the ratio of the shape
diameter to the pupil diameter. When a central power add
region 1s employed (as described below), the PAR can be the
ratio of the radius of the presbyopia-add to the radius of the
pupil. It will also be appreciated that the ratios discussed
herein can be based on area ratios or on diameter or radius
ratios. It should be assumed that when diameter or radius
ratios are discussed, that discussion also contemplates area
ratios. In certain cases, the PAR can range from about 0.2 to
about 1.0. Relatedly, in some cases the methods of the present
invention can constrain the PAR to range from about 0.2 to
about 1.0. The other vaniables can be the coellicients of each
polynomial term. For example,

Shape(r)=ar+br°+cr+dr*+er +fr°

The diameter of the shape can be larger than the pupil size,
but 11 so special considerations may need to be taken. For
example, 1t may be necessary to only consider the net shape
within the pupil.

The polynomials can be normal polynomials or polynomi-
als with even power terms only. For example, even-power-
term polynomials (EPTP) up to the 6 or 8 order can be used
to obtain a practically good output, that 1s, a practical optimal
shape for the particular patient. Residual accommodation can
also play an active role 1n presbyopia correction. In a related
instance, normal presbyopes can be treated with the prescrip-
tion obtained 1n this approach together with a prescription for
the correction of the refractive error.

As an example, a circularly or radially symmetric, pupil-
s1ze dependent shape for presbyopia-add can be assumed for
emmetropic presbyopes. The shape can then be expanded to
polynomials up to the 6” or 8” order. With the optimization
procedure, 1t 1s found that polynomial expansion of the shape
up to the 6” or 8” order can be used to obtain a practical
optimal shape for presbyopia correction.

In a wavelront with aberrations, denoted by W(r, 0), the
wavelront can be thought of as an optimal shape for presbyo-
pia correction. The polychromatic PSF can be expressed as

2

PSF = Z ﬁ;’(,7t)|FFT(JDE(.*-*')e}q:'u[—Jgﬁ273rr [W(r, ) + aD(A) + V() + RA(Z)]]

A

where R(A) 1s the retina spectral response function and can be
approximated to

__—300(A-h )
R(h)=c ﬂ

and P(r) 1s the pupil apodization function (Stiles-Crawiord)
and can be written as

2
P.(r)=10 Rr?
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and D(A.) 1s chromatic aberration at wavelength A and 1s close
to

D(AM)==21.587+92.87h—-134.98A*+67.407)°

and V(1) 1s the vergence induced aberration at distance |
meters, and RA(]) 1s the residual accommodation mduced
aberrations with a different sign as compared to V(1). When
there are no aberrations, RA(l) can cancel V(1) as long as there
1s enough residual accommodation 1n the eye. Here, the cen-
tral wavelength A 1s taken as 0.55 um (as all wavelength units
in the above formulae are 1 um). The pupil apodization
strength parameter p 1s taken as 0.06. o 1s the conversion
factor from diopter to optical path difference (OPD). FFT
denotes a fast Fourier transtform and [*| denotes the module of
a complex number.

The polychromatic point spread function, or PPSE, can be
the point spread function of an eye as calculated with consid-
cration of the polychromatic nature of the incident light.
Further, the chromatic aberrations, the Stiles-Crawtord
elfect, as well as the retinal spectral response function can
also be considered.

The vergence induced aberration, or VIA, can be equal to
the reciprocal of the vergence distance. When a target at a
certain distance 1s viewed by the eye, 1t 1s the same as viewing
the target at infinity but the eye has an additional aberration,
the vergence induced aberration.

For emmetropic eyes, 1t may be desirable that the wave-
front that 1s optimized be circularly symmetric. Therefore, 1t
can be decomposed 1nto a set of polynomials (non-EPTP) as

W(r\=ar+br+cr +dr*+er+ . . .

However, 11 1t 1s desirable that the edge of the shape be
smoother, 1t may be advantageous to decompose the wave-
front 1nto a set of even-power-term polynomials (EPTP) as

W(ry=ar’+br+cr+dri+ . . .

Using even power term polynomials (EPTP) also can help
to establish a surface shape that 1s more round at the center,
which creates certain manufacturing or ablation efficiencies.

It may also be usetul to denote another parameter, t, to be
the ratio of the radius of the waveiront R to the radius of the
pupil R,. This i1s because both D(A) and V(1) can have the
same size as the pupil and W(r) usually has a smaller size.
When the calculated t 1s larger than 1, the shape can become
larger than the pupil. In this case, only the portion of the shape
up to the pupil size 1s used for optical quality evaluation.

As depicted 1n FIG. 5A, although normal polynomials can
give slightly better optimizer values than even-power-term
polynomials, the prescription may be harder to realize. FIG.
5A 1llustrates a comparison of shapes with normal polynomi-
als (left panel) and with even-power-term polynomials (right
panel). The shape on the right panel can be expanded as
—1.6154r+1.7646r°+1.2646r +1.9232r*+0.1440r°+0.1619r°
with a ratio of 0.8 and the shape on the left panel can be
expanded as —1.1003r"+8.2830r*+0.7305r°-2.2140r® with a
ratio of 0.9106. Both were determined using Downhill Sim-
plex method for a pupil size of 5.6 mm and vergence of 3 D
with 0.1 D step, without residual accommodation. The left
panel shows an optimal shape for 6 normal polynomaial terms
and the right panel shows an optimal shape with 4 EPTP
terms. It has been found that polynomials up to the 8” power
(4 EPTP terms) appear to give highly satisfactory results.

FIG. 3B shows another comparison of EPTP and non-
EPTP expansions. The left panel shows an optimized shape
based on an 8th order expansion (EPTP), whereas the right
panel shows an optimized shape based on a 3rd order expan-
sion (non-EPTP). In general, shapes derived from an EPTP
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have a smoother shape with a flat central zone. This flat
central zone can correspond to good distance visual perfor-
mance.

Another comparison of EPTP and non-EPTP expansions 1s
provided 1n FIG. 5C, which shows optimized (minimized)
values with EPTP and non-EPTP expansion fora 4, 5, and 6
mm pupil overa 3 D vergence distance. In general, non-EPTP
optimization gives a slightly smaller (more optimized) value
than EPTP. Sixth-order EPTP appears to give the smallest
value for 4 mm and 5 mm pupils and eighth-order EPTP
appears to give the smallest value for a 6 mm pupil. Third-
order non-EPTP appears to give the smallest value for 4 mm
and 5 mm pupils and fourth-order non-EPTP appears to give
the smallest value for a 6 mm pupil.

Using an even-power-term polynomial (EPTP) expansion
can result in a smoother shape than a non-EPTP expansion.
This smooth shape can be the minimal requirement for good
distance vision. In general, 6”-order or 8”-order EPTP
expansion and 3"“-order or 4th-order non-EPTP expansion
result 1n good optimized value. Without residual accommo-
dation, larger pupils can be more difficult to optimize than
smaller pupils. This 1s shown, for example, 1n FIG. 8A.

The optimized multi-focal shape appears to give much
more balanced results for the correction of presbyopia than
bi-focal and multi-focal shapes.

In addition to using a general polynomial expansion for the
optimal surface, 1t 1s also possible to use other means of
surface expansion. For example, Zernike polynomial expan-
sions may be used. The following formula presents an
example of a Zernike polynomial expansion

W)= aZir, 0)
i=1

where radially symmetric terms such as 7, Z, ., and 7., can
be used, and c, are {ree parameters.

Another way of surface expansion 1s by means of spectral
expansion, or Fourier expansion. The following formula pre-
sents an example of a Fourler expansion.

W) = ) cFi()
i=1

where ¢, are free parameters. Fourier expansion 1s based on
the premise that any surface can be decomposed 1nto a set of
sinusoidal harmonics with different spatial frequencies. It
may not be necessary to expand the surface to very high
spatial frequencies.

Discrete surface, or discrete shape entirety, 1s another type
ol expansion that can be used in the present invention. Dis-
crete surface can be represented by the following formula

=W, (i=1,2, . .., M; j=1,2, ..., M)

where W are free parameters (MxM).
Inputting A Set of Patient Parameters into an Optimizer

The set of patient parameters can also be referred to as the
set of user input parameters. The input parameters may pro-
vide certain patient characteristics, such as pupil size and its
variations, desired power, and residual accommodation
which can be modeled by factors such as gender, age, and
race, or which can be measured by mstruments.
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Residual accommodation can be measured 1in diopters. Ver-
gence can also be measured 1 diopters and typically 1s
iversely related to distance, such that a distance of infinity
corresponds to a vergence of zero. Similarly, anormal reading
distance of '3 meters can correspond to a vergence of 3
diopters, and a farther distance of 10 meters can correspond to
0.1 diopters.

It can be useful to model the residual accommodation in the
optimization process. The visual quality of the shape can be
optimized given a certain set of conditions such as vergence,
residual accommodation, and chromatic aberrations. How-
ever, even without a direct correlation between optical surface
and the visual quality, it may be convenient to use the mini-
mum root-mean-squares (RMS) error to determine the
accommodation during different wvisual vergence. For
instance, 1f no aberrations are present, and there 1s 2 D of
residual accommodation, such a patient uses 0.5 D of residual
accommodation when visualizing a target at 2 meters. Relat-
edly, the patient uses all 2 D of residual accommodation to
view a target at 0.5 meters. The patient would have difficulty
viewing targets closer than 0.5 meters, as the residual accom-
modation 1s exhausted and no longer available. People with
larger pupils or smaller residual accommodation may be
harder to treat.

When aberrations or additional add-on shapes are present,
the amount of residual accommodation for different visual
vergence may vary. For example, 1n a patient having 0.5 D
residual accommodation, with an add-on shape of exactly 1 D
added to the eye, the eye may not need to accommodate until
viewing a target at a distance of one meter. Here, the 1 D
add-on can cover the first diopter of visual vergence, either
entirely or partially. At a large distance, the visual quality may
be worse because the eye cannot accommodate in the reverse
direction. The techniques of the present immvention can be
adapted to enhance an optimizer value at low vergence when
residual accommodation 1s assumed.

When a more complicated add-on shape 1s used, one way to
determine the accommodation 1s to calculate the available
residual accommodation which would minimize the overall
RMS.

Shape optimization can be customized for a patient. The
customization can include the patient’s pupil sizes at different
lighting and viewing conditions, such as bright far viewing,
bright near viewing, dim far viewing, and dim near viewing.
The optimization can also be based on the patient’s residual
accommodation, or predicted residual accommodation based
on the patient’s age, or the patient’s vision preference due to
for example, their employment or other requirements. That 1s
to say, the customization can put more emphasis on far, near,
or intermediate viewing. Siumilarly, the customization can put
more emphasis on dim lighting condition, bright lighting
condition or scotopic lighting condition. Further, the optimi-
zation can be based on how long the patient wishes to have the
correction last. In many ways, presbyopia correction can be a
management of compromise. If a patient needs to have excel-
lent correction, he or she might need re-treatment after a
couple of years as he or she gets older, when residual accom-
modation diminishes and/or the pupil size becomes smaller.

Inputting a Set of Initial Conditions 1nto an Optimizer

The output result, or optical surface shape, can be sensitive
to the choice of the 1nitial condition. In the case of Downhill
Simplex method, the mitial condition can be the mnitial N+1
vertices as well as the corresponding 1nitial optimizer values
for an N-dimensional problem. In other words, the conditions
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can be the 1nitial vertices, as well as the value associated with
these vertices, for N independent variables. In the case of the
Direction Set method, the 1nitial condition can be the 1nitial N
direction’s unit vector and an 1nitial point for an N-dimen-
sional problem.

When both or eitther the 1nitial values for the polynomial
coellicients and the pupil ratio are set low, the resulting actual
numbers may often be low, especially for the case of pupil
ratio0. In one example, the initial conditionis chosentobe 1.75
for all coellicients and 0.26 for pupil ratio. FIGS. 6 A-6D
show a variety of shapes determined using different initial
conditions, as calculated by the Downhill Simplex method.
Pupil size of 5.6 mm and vergence of 3 D with 0.1 D step are
assumed. Shape for FIG. 6A is 4.12r-0.235r°+0.08r"-6.9r" +
4.81r°+2.157r% for FIG. 6B it is 2.6165r°+4.1865r%+
6.9123r°-9.6363r"; for FIG. 6C it is 1.7926r+5.0812r"-

2.163r°-2.3766r"-1.1226r°1.6845r°; and for FIG. 6D it is
~1.5178r°+7.2303r"-2.4842r°-1.7458r°+1.8996r"° .

For the 1nitial conditions, totally random mput and fixed
ratios may not necessarily help the algorithm to converge to a
global minimum or maximum.

Implementing an Optimizer to Establish a Customized
Optical Shape for the Particular Patient Per the Goal Function
so as to Treat or Mitigate Presbyopia in the Particular Patient

The 1terative optimization algorithm can be employed to
calculate a shape that optimizes the optical quality for the
particular patient for distance vision and near vision. In other
words, the corrective optical surface shape corresponds to the
set of output parameters provided by the optimizer. The out-
put parameters are the coeflicients of polynomials describing
the shape, as well as the ratio of diameter of the shape to that
of the pupil diameter. These output parameters can define the
final customized or optimized optical surface shape. This
approach provides a numerical way for general optimization
of the optical surface shape for presbyopia correction.
Whether 1t 1s for refractive surgery, contact lens, spectacle
lens, or intra-ocular lens, the approach can be very beneficial.
For presbyopes with refractive error, the optimal shape can be
combined with the shape that corrects for the refractive error,
for example the patient’s measured wavetront error.

In order to model such deviation in practice, Gaussian
distributed noise can be added into the shape so that when
noise 1s present the stability of the algorithm can be tested. For
example, Gaussian noise of standard deviation of 0.02 um
OPD can be mtroduced. This corresponds to nearly 0.06 um
in tissue depth 1n the case of laser surgery. This 1s larger than
the general RMS threshold for the Variable Spot Scanning
(VSS) algorithm for such a shape. FIG. 7 illustrates a com-
parison of the shapes calculated with a noise-iree (dark) con-
dition and with a 0.02 um standard deviation of Gaussian
random noise 1 OPD on the waveiront. The noise-iree case
has an optimizer value of 3.008 with 184 iterations and the
noisy case has an optimizer value of 2.9449 with 5000 1tera-
tions. Both use Downhill simplex method. Pupil size 1s 53 mm
with 3 D vergence and 0.1 D step. Noise addition can also help
to guarantee the stability of the algorithm.

It 1s also possible to test how the convergence, optimizer
value, and shape work with different mnput pupil sizes. An
example of results from such a test 1s shown 1n Table 1. For
smaller pupil sizes, the shape can cover the whole pupil. That
1s to say, the shape can be larger than the pupil size. Also, the
depth may tend to become smaller with smaller pupils.
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TABLE 1

Shapes for pupil dependency with 3 D vergence and 0.1 D step.

#

Pupil Iterations A B C D T Value
6.0 234 -1.5688 12.0893  -0.5895 -2.6934 0.9866 2.6808
5.8 316 -0.5212 44186 -0.8472 -0.0764 0.6870 2.8215
5.6 152 -1.1003  8.2830 0.7305 -2.2140 0.9106  2.6580
54 2’74 -0.5918 5.0881 1.2448 —-1.1930 0.9124 2.7539
5.2 269 -1.4101 35.3067 -0.4326 -0.4379 0.7944 2.7979
5.0 186 0.4079  2.229% 0.0598 1.1958 0.9446  3.0080
4.8 531 -3.4870 54.9625 485083 -125.31 1.8427  2.6772
4.6 492 -1.3517 8.5336  -4.813% 1.6981 0.999 2.5871
4.4 422 -2.1972 17.2673  32.1306 -44.903  1.5095 2.6924
4.2 163 -0.8345 4.2663 4.3575 -3.5136 1.1093 2.7196
4.0 545 -4.8205 29.1525 7.9952  -23.086 1.5984 2.6822
3.8 333 0.1519 0.6105 2.5097 -1.6318 0.7765 3.0533
3.6 177 -1.0422 1.4185 2.2061 -0.9600 0.9736 2.7533
3.4 230 —-3.6844 19.0878 4.2289 5.3957 1.6909  2.7202
3.2 219 -1.2266 1.9391 0.8145 0.2914 1.0989 3.0486
3.0 287 3.3482 -2.5793 0.8977 -0.3937 0.9941 2.9061
2.8 257 —-0.2052  0.2657 0.0451 0.2494 0.7920 2.8933
2.6 136 -0.6749 1.8074 0.3418 —-0.3918 1.0637 2.7377
2.4 332 -2.8455 16408 -13.119 0.9270 1.5988 3.0920
2.2 239 -2.6435 2.2329 1.9556 -1.7776 0.8557 3.1667
2.0 303 -0.6398 0.9010 0.5835 -0.3601 0.9527 3.9384

As determined by the approach of the present ivention,
one desirable optical surface shape has a central un-ablated
zone and an outside zone that provides improved near vision
or reading capability. Based on the example shown 1n FIG. 4,
the central flat zone can be about 1.96 mm 1n diameter.
Because the healing effect may reduce the central zone, the
planned flat ablation may need to go beyond 2 mm 1n order to
get a healed flat zone of about 1.96 mm. This can be for a pupil
s1ze ol about 5.6 mm (natural size). The present invention can
also consider practical pupil dependency in the approach. In
one example of the present invention, the optical zone can go
to about 0.91 times the size of the pupil size, which 1s about
5.1 mm. Further, the present invention may also incorporate a
transition zone such as the VISX standard transition zone
technique, as used 1n variable spot scanning (VSS). What 1s
more, the present mnvention can also provide a clear math-
ematical description for the optical surface shape outside of
the un-ablated zone.

Relatedly, FIG. 8C illustrates that there can be a depen-
dency between optimizer value and pupil size. FIG. 8C also
shows a preferred optimizer value (optimal). An optimizer
value can be a value of the goal function after 1t 1s optimized.
Theoretically, this value should not be smaller than unity. An
optimization, or minimization, algorithm can be used to find
values of free parameters such that the optimizer value 1s as
close to unity as possible.

The present invention can incorporate varying pupil sizes,
although presbyopes may tend to have smaller pupil size
variation. Because an optimal shape for a fixed pupil s1ze may
no longer be optimized 1f the pupil size changes, the present
invention can provide approaches that can allow for pupil size
variations. The final optical surface shape can be one that
gives an optimal optical quality over a certain vergence range
when the pupil size varies over a range.

To demonstrate how eflective a solution 1s 1 terms of
optical metrics, the MTF can be shown at different spatial
frequencies, as illustrated 1n FIGS. 8A-C, which provides
optimizer values for various corrections. Apparently the opti-
mal curve gives the minimum (optimized) value for all pupil
s1zes. Eyes with larger pupils can be more difficult to opti-
mize. What 1s more, carefully designed multi-focal correction
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Depth

7.2881
2.9980
2.7356
4.5651
3.1210
3.8933
4.0692
4.1223
3.4652
2.9770
2.7003
1.6403
1.7636
1.4760
1.0858
1.3286
0.3890
0.8731
0.7653
0.6329
0.5827

can be close to optimal, as further illustrated in FIGS. 8A-C.
That 1s, the optimizer value for the multi-focal correction can
be close to that of the optimized correction, hence the results
are quite similar. This outcome 1s also illustrated 1n FIG. 10.
Thelower regression line in FIG. 8C can set the practical limait
for the optimizer value.

In another approach, to demonstrate how eflective a solu-
tion 1s 1in terms ol optical metrics, the compound MTF can be
plotted, as shown 1n FIGS. 9A-B. Here, the compound MTF
for various treatments for a 5 mm pupil over a3 D vergence 1s
plotted. It can be beneficial to optimally balance the level of
compound MTF at every vergence distance or over the
desired vergence. FIG. 9C shows a comparison of bi-focal
and optimal corrections, with a simulated eye chart seen at

different target distances, assuming a 5 mm pupil with no
accommodation. The eye chart has 2/100, 20/80, 20/60,
20/40, and 20/20 lines, respectively.

FIG. 10 1s a simulated eye chart seen at different target
distances, and compares an optimized case (bottom) to no
correction (top line); reading glasses (second line); bi-focal
lenses (inner half for reading and outer half for distance, third
line); and multi-focal lenses (pupil center for reading with
maximum power and pupil periphery for distance with zero
power and linear power change 1n between, four line). The
cifects of the optimization can be clearly seen by the com-
parison. No accommodation or refractive error 1s assumed in
any of the cases. The eye chart has 20/100, 20/80, 20/60,
20/40, and 20/20 lines.

Using the above approaches, 1t 1s possible to obtain a shape
that 1s not only larger than the pupil size, but that can also be

practically implemented. Often, only the portion of the shape
inside the pupil may be evaluated for optical quality, although
this 1s not a requirement. For example, the entire zone over the
pupil can remain un-ablated, but there may be a zone outside
the pupil that 1s ablated. In this way, distance vision 1s not
alfected, but for near vision, there can be an advantage from
light coming outside of the pupil due to greatly deformed
periphery. A goal function based on geometrical optics, orray
tracing, can be useful to determine such shapes.
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Residual accommodation can also atfect the optimization
result, because it can remove some of the ripples on the
combined wavelront at any vergence.

The approaches of the present invention can be imple-
mented on a variety of computer systems, mcluding those
with a 200 MHz CPU with 64 MB memory, and typically will
be coded 1n a computer language such as C or C++. Simula-
tions have successiully been run on a laptop computer with a
1.2 GHz CPU with 256 MB memory. The techniques of the
present invention can also be implemented on faster and more
robust computer systems.

The present mvention includes software that implements
the optimizer for practical applications 1n a clinical setting.
The optimizer will often comprise an optimizer program code
embodied 1n a machine-readable medium, and may option-
ally comprise a software module, and/or a combination of
software and hardware. As shown 1n FIGS. 11-13, the soft-
ware 1nterface can comprise two primary panels: the param-
cter panel and the display panel. The parameter panel can be
split 1nto two sub-panels: optimization and verification. The
display panel can also be split into two sub-panels: graph
panel and 1image panel. The software can also include a menu
bar, a tool bar, and a status bar. In the tool bar, small icons can
be used for easy access of actions.

The optimization sub-panel can include a number of
parameter units. For example, a first parameter unit can be the
pupil information group. In the examples shown 1 FIGS.
11-13, the user or operator can give four different pupil sizes
for a specific eye. More particularly, the pupil information
group includes the pupil size in (a) bright distance viewing
condition, (b) bright near viewing condition (e.g. reading), (c)
dim light distance viewing condition, and (d) dim light near
viewing condition (e.g. reading). These different pupil sizes
can be used 1n the optimization process.

A second parameter unit in the optimization sub-panel can
be the display group. In the examples shown 1 FIGS. 11-13,
the user or operator has three different choices for the display,
including (a) none, (b) shape, and (¢) metric. The display
group can provide mstruction to the software regarding what
kind of display 1s desired for each iteration. For instance, none
can mean no display, shape can mean displaying the current
shape, and metric can mean displaying the current optical
metric curve over the desired vergence for this current shape.
The choices can be changed during the optimization proce-
dure, and 1n this sense it 1s interactive.

A third parameter unit 1n the optimization sub-panel can be
the optical metric group. In the examples shown 1 FIGS.
11-13, the user has five different choices for the metric,
including (a) Strehl ratio, (b) MTF at a desired spatial fre-
quency, (¢) encircled energy at a desired field of view, (d)
compound MTF (CMTF) with a set of specific combinations,
which could be any number of MTF curves at different spatial
frequencies, and when the “auto” check box 1s checked, it can
use a default CMTF with three frequencies, such as, for
example: 10, 20 and 30 cycles/degree, and (¢) the MTF vol-
ume up to a specific spatial frequency. 25% CMTF over the
vergence appears to be an example of a good target value for
optimization.

A Tourth parameter unit in the optimization sub-panel can
be the optimization algorithm group. In the examples shown
in FIGS. 11-13, the user has three different choices for the
optimization algorithm employed by the optimizer, including
(a) the Direction Set (Powell’s) method, (b) the Downhaill
Simplex method, and (¢) the Simulated Annealing method.
The optimizer can employ a standard or derived algorithm for
function optimization (minimization or maximization). It can
be a multi-dimensional, non-linear, and 1terative algorithm.
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A number of other parameters can be included 1n the opti-
mization sub-panel. As shown 1n FIGS. 11-13, these other
parameters can be implemented separately (optionally as a
ComboBox) with a number of choices for each. These can
include parameters such as (a) the number of terms of the
polynomial expansion, (b) the frame size, (¢) the PSF type
(monochromatic, RGB, or polychromatic), (d) whether the
shape 1s EPTP or non-EPTP, (¢) the vergence requirement, (1)
the vergence step, and (g) the residual accommodation. The
solftware can include a StringGrid table that displays the
polynomial coefficients, the PAR value, the optimizer value,
as well as the current number of 1terations. These numbers can
be updated every iteration.

The verification sub-panel can include a number of param-
cter units. For example, a first parameter unit can be the
“which™ group. In the examples shown in FIGS. 11-13, the
operator can use this group to select whether to use built-in
eye chart letters, or an entire eye chart or a scene. A second
parameter unit 1n the verification sub-panel can be the left
image group. The user can make a selection 1n the left image
group from PSF and imported scene. A third parameter unit 1s
the right image group, wherein the user can make a selection
from imported scene, and blur at near. The two 1image display
groups are for the left and right subpanels 1n the 1image sub-
panel.

As further illustrated 1n FIGS. 11-13, the ComboBox for
letter can provide a list of different eye chart letters, and the
VA ComboBox can provide the expected visual acuity, from
20/12 to 20/250. The Contrast ComboBox can provide a list
of contrast sensitivity selections, from 100% to 1%. Two
check box can also be included. The Add check box, once
checked, adds the presbyopia to the simulated eye. The Test
check box, when checked, performs the distance (zero ver-
gence). Atthe bottom, there 1s a slider with which all the saved
images (e.g. PSF and convolved images) can be reviewed.

There are many factors that can affect the pupil size, and
these factors can be considered optimization approaches of
the present invention. For example, the shape can be custom-
1zed for various lighting and accommodation conditions. As
shown 1n FIG. 14, and further discussed in Table 2, pupil size
can change with lighting conditions. Each of the presbyopia-
mitigating and/or treating methods, devices, and systems
described herein may take advantage of these variations 1n
pupil size. A pupil size of a particular patient will often be
measured, and multiple pupil sizes under different viewing
conditions may be mput for these techmques.

TABLE 2
dim bright
distance 5 mm 3.5 mm
near 4 mm 2.5 mm

A patient can also have a task-related vision preference that
correlates with lighting conditions, such as those described 1n
Table 3, and the customization can be based upon these task-
related preferences.

TABLE 3
cd/m? lighting condition
30 subdued indoor lighting
60 display-only workplaces
120 typical office
240 bright indoor office
480 very bright; precision mdoor tasks
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TABLE 3-continued

cd/m? lighting condition
960 usual indoors
1920 bright afternoon

FIG. 15 illustrates that pupil size can change with accom-
modation, and FIG. 16 illustrates a comparison of corrections
by providing optimizer values for various accommodations.
With 3 or more diopters of residual accommodation, the
optimizer value can achieve a limit of about 1.0, regardless of
the pupil size. Typically, a larger amount of residual accom-
modation can correspond to a smaller optimizer value after
optimization. The limit line can correspond to an optimizer
value of about 5.0. In other words, an optimizer value of about
5.0 can be viewed as a good practical limit. Either there can be
a smaller pupil, or a larger amount of residual accommoda-
tion, 1n order to optimize such that all vergence distances have
good visual performance.

FIGS. 17 and 18 show optimizations under various accom-
modation conditions. FIGS. 18A and 18B show CMTF and

optimizer values when pupil size changes and Residual
Accommodation (RA) are modeled. FIG. 18C shows simu-
lated eye charts seen at different target distances after opti-
mization, all assuming a 5 mm maximum pupil size. Each eye
chart has 2/100, 20/80, 20/60, 20/40, and 20/20 lines. The top
line stmulates no accommeodation and no pupil size changes.
Themiddle line assumes no accommodation but the pupil size
changes from 5 mm (dim distance) to 2.5 mm (bright near). In
the bottom line, the simulation assumes 1 D accommodation
with pupil size changes from 5 mm (dim distance) to 2.5 mm
(bright near).

FIG. 19 shows CMTF values for various corrections. A 5
mm pupil eye 1s assumed, along with a smallest pupil size of
2.5 mm (bright light reading condition) and a 1 D residual
accommodation. FIG. 20 compares bi-focal, optimal, and
multi-focal corrections, under the assumption of a one diopter
residual accommodation. These simulated eye charts are seen
at different target distances after optimization. 1 D accom-
modation and a 5 mm pupil changes from 5 mm (dim dis-
tance) to 2.5 mm (bright near) are assumed. The eye chart has
2/100, 20/80, 20/60, 20/40, and 20/20 lines, respectively.
FIG. 21 illustrates a simulated eye chart seen at different
target distances. The data 1n this figure based on the assump-
tion that the pupil size decreases from 5 mm to 2.5 mm, and
there 1s a 1 diopter residual accommodation 1n all cases.

The customized shape methods and systems of the present
invention can be used in conjunction with other optical treat-
ment approaches. For example, co-pending U.S. provisional
patent application No. 60/431,634, filed Dec. 6, 2002 and
co-pending U.S. provisional patent application No. 60/468,
387 filed May 5, 2003, the disclosures of which are hereby
incorporated by reference for all purposes, describe an
approach to defining a prescription shape for treating a vision
condition 1n a particular patient. The approach involves deter-
mimng a prescriptive refractive shape configured to treat the
vision condition, the prescriptive shape including an inner or
central “add” region and an outer region. The approach also
includes determining a pupil diameter of the particular
patient, and defining a prescription shape comprising a cen-
tral portion, the central portion having a dimension based on
the pupil diameter, the 1nner region of the prescriptive refrac-
tive shape, and an attribute of at least one eye previously
treated with the prescriptive refractive shape.
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Accordingly, the present mvention can include a method
for determiming a customized shape that includes a scaled
central portion as described above, the customized shape
grving results at least as good or better than previously known
methods.

Systems

The present invention also provides systems for providing,
practical customized or optimized prescription shapes that
mitigate or treat presbyopia and other vision conditions in
particular patients. The systems can be configured 1n accor-
dance with any of the above described methods and prin-
ciples.

For example, as shown in FI1G. 22, a system 100 can be used
for reprofiling a surface of a cornea of an eye 150 of a par-
ticular patient from a first shape to a second shape having
correctively improved optical properties. System 100 can
comprise an input 110 that accepts a set of patient parameters,
a module 120 that determines an optical surface shape for the
particular patient based onthe set of patient parameters, using
a goal function approprnate for presbyopia of an eye, a pro-
cessor 130 that generates an ablation profile, and a laser
system 140 that directs laser energy onto the cornea according,
to the ablation profile so as to reprofile a surface of the cornea
from the first shape to the second shape, wherein the second
shape corresponds to the prescription shape.

Defining a Scaled Prescription Shape for a Vision Condi-
tion

Determining a Prescriptive Prescription Shape

Certain prescriptive refractive shapes are effective 1n treat-
ing vision conditions, and it 1s possible to provide an efficient
prescription shape by scaling a shape to the particular patient
being treated. Optical shapes can be scaled based on data
collected from subjects previously treated with a uniform
prescriptive optical shape, such as measured manifest powers
for different pupil sizes. Shapes may also be scaled based on
the desired overall optical power of the eye under differing
viewing conditions.

It 1s useful to select or construct an initial prescriptive
refractive shape appropnate for the vision condition. For
example, prescriptive treatment shapes such as those shown
in FIG. 23 have been found to provide a range of good focus
to the eye so as to mitigate presbyopia. This particular pre-
scriptive shape 1s the sum of two component shapes: a base
curve treatment defining an outer region having a diameter of
about 6.0 mm, and a refractive add defining an inner region
having a diameter of about 2.5 mm. Prescriptive shapes such
as this can provide a spherical power add ranging from
between about 1.0 diopters to about 4.0 diopters at the inner
region. Further, the spherical power add can be about 3.1
diopters. Combiming the inner and outer regions, the overall
prescriptive refractive shape can be aspheric. It is appreciated,
however, that the dimensions and properties of a prescriptive
shape can vary depending on the intended purpose of the
shape.

Treatment of presbyopia often involves broadening the
focus range of the eye. Referring to FIG. 24, 1n an emmetropic
eye a focal length of the optical system results 1n a point of
focus 10 that produces a sharp image. At this point, the refrac-
tive power ol the cornea and lens 1s matched to the length of
the eye. Consequently, light rays 20 entering the eye converge
on the retina 30. If there 1s a difference between the refractive
power and the length of the eye, however, the light rays can
converge at a point 40 1n front of or behind the retina, and the
image formed on the retina can be out of focus. If this dis-
crepancy 1s small enough to be unnoticed, 1t 1s still within the
focus range 50 or depth of focus. In other words, the image
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can be focused within a certain range either in front of or 1n
back of the retina, yet still be perceived as clear and sharp.

As shown 1n FI1G. 25, when an object 1s at a far distance 60
from the eye, the light rays 20 converge on the retina 30, at
tocal point 10. When the object 1s moved to anear distance 70,
the light rays 20' converge at a focal point 80 beyond the
retina. Because the image 1s outside of the depth of focus 50,
the 1mage 1s perceived to be blurred. Through the process of
accommodation, the lens changes shape to increase the power
of the eye. The power increase brings the focal point 80 back
toward the retina as the eye attempts to reduce the blur.

In the presbyopic eye the accommodative mechanism may
not work sudfi

iciently, and the eye may not be able to bring the
focal point to the retina 30 or even within the range of focus
50. In these circumstances, 1t 1s desirable to have an optical
system having a broadened focus range 50'. One way to
achieve this 1s by providing an optical system with an aspheric
shape. The aspheric shape, for example, can be ablated on a
surface of the eye, the surface often comprising a stromal
surface formed or exposed by displacing or removing at least
a portion of a corneal epithelium, or a flap comprising corneal
epithelium, Bowman’s membrane, and stroma. Relatedly, the
shape can be provided by a correcting lens. In some optical
systems, only a portion of the shape may be aspheric. With an
aspheric shape, there 1s not a single excellent point of focus.
Instead, there 1s greater range of good focus. The single best
focus acuity 1s compromised, in order to extend the range of
focus. By extending the range of focus 30 to a broadened
range of focus 50", there 1s an improvement in the ability to see
both distant and near objects without the need of 3 D or more
in residual accommodation.

Without being bound by any particular theory, 1t 1s believed
that the power add of the mner reglen depleted in FIG. 23
prev1des a myopic ellect to aid near vision by bringing the
near vision focus closer to the retina, while the outer region
remains unaltered for distance vision. In this sense the appli-
cation of this prescriptive shape 1s bifocal, with the mner
region being myopic relative to the outer region. Put another
way, the eye can use the mner region for near vision, and can
use the whole region for distance vision.

In a laser ablation treatment, the prescriptive refractive
ablation shape can have fairly abrupt changes, but post abla-
tion topographies may show that healing of the eye can
smooth the transitions. The shape can be applied 1n addition
to any additional required refractive correction by superim-
posing the shape on a refractive corrective ablation shape.
Examples of such procedures are discussed 1 co-pending
U.S. patent application Ser. No. 09/805,737, filed Mar. 13,
2001 the disclosure of which 1s herein incorporated by refer-
ence for all purposes.

Alternative presbyopia shapes may also be scaled using the
techniques described herein, optionally in combination with
other patient customization modifications, as can be under-

stood with reference to U.S. Provisional Patent Application
Nos. 60/468,387 filed May 5, 2003, 60/431,634, filed Dec. 6,

2002, and 60/468,303, filed May 3, 2003, the dlselesures ef
W-llCh are herein 111eerperated by reference tor all purposes.
Alternative presbyopia shapes may include concentric add
powers along a peripheral or outer portion of the pupil, along
an intermediate region between inner and outer regions, along
intermittent angular bands, or the like; asymmetric (often
upper or lower) add regions, concentric or asymmetric sub-
trace or aspheric regions, and the like. The present application
also provides additional customized refractive shapes that
may be used to treat presbyopia.

Determining a Pupil Diameter of the Particular Patient

10

15

20

25

30

35

40

45

50

55

60

65

26

When scaling a refractive shape to treat a particular patient,
it 1s helpiul to determine the pupil diameter of the particular
patient to be treated. Several methods may be used to measure
the pupil diameter, including 1mage analysis techmques and
wavelront measurements such as Wavescan® (VISX, Incor-
porated, Santa Clara, Calif.) wavefront measurements. The
s1ze of the pupil can play a role 1n determining the amount of
light that enters the eye, and can also have an effect on the
quality of the light entering the eye. When the pupil 1s very
constricted, a relatively small percentage of the total light
falling on the cornea may actually be allowed 1nto the eye. In
contrast, when the pupil 1s more dilated, the light allowed into
the eye may correspond to a greater area of the cornea. Relat-
edly, the central portions of the cornea have a more dominant
cifect on the light entering the eye than do the peripheral
portions of the cornea.

Pupil size can have an effect on light quality entering the
ceye. When the pupil size 1s smaller, the amount of light
passing through the central portion of the cornea 1s a higher
percentage of the total light entering the eye. When the pupil
s1ze 1s larger, however, the amount of light passing through
the central portion of the cornea 1s a lower percentage of the
total light entering the eye. Because the central portion of the
cornea and the peripheral portion of the cornea can differ n
their refractive properties, the quality of the refracted light
entering a small pupil can differ from that entering a large
pupil. As will be further discussed below, eyes with different
pupil sizes may require differently scaled refractive treatment
shapes.

An Inner Region of the Prescriptive Refractive Shape

Experimental data from previously treated eyes can pro-
vide useful information for scaling a refractive treatment
shape for a particular patient. For example, a refractive shape
for a particular patient can be scaled based on certain charac-
teristics or dimensions of the shape used to treat the eyes of
the subjects. One useful dimension of the above-described
presbyopic prescriptive shape 1s a size or diameter of inner
region or refractive add. It 1s possible to scale a treatment
shape for a particular patient based on the diameter of the
refractive add of the prescriptive shape. Alternative tech-
niques might scale a power of an inner, outer, or intermediate
region, a size of an outer or intermediate region, or the like.

If the refractive add diameter 1s small, 1t can occupy a
smaller percentage of the total refractive shape over the pupil.
Conversely, i the refractive add diameter 1s large, 1t can
occupy a greater percentage of the total refractive shape over
the pupil. In the latter case, because the area of the periphery
1s relatively smaller, the distance power 1s diminished. In
other words, the area of the add 1s taking up more of the total
refractive shaped used for distance vision.

An Attribute of a Set of Eyes Previously Treated with the
Prescriptive Refractive Shape

As noted above, experimental data from previous prescrip-
tive eye treatments can be useful in scaling a treatment for a
particular individual. When scaling a presbyopia treatment
shape, 1t 1s helptul to 1dentity a pupil diameter measure from
among a set of previously treated eyes having a fixed treat-
ment size that corresponds to both good distance and near
sight. It 1s possible to use acuity and power measurements
from the set of treated eyes to determine such a pupil diam-
cter. The fixed treatment size (e.g. 2.5 mm nner region) can
then be said to be appropriate for this identified pupil diam-
eter.

FIGS. 26 and 27 1llustrate the effect that pupil size can have
on distance acuity and near acuity in subjects treated with a
prescriptive refractive shape, for example a shapehavinga 2.5
mm central add zone of -2.3 diopters. Referring to FI1G. 26,
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pupil size values were obtained from a group of subjects as
they gazed into infinity under mesopic or dim light condi-
tions. The 6-month uncorrected distance acuity values were
obtained from the same group of subjects under photopic
conditions. Referring to FIG. 27, pupil size values were
obtained from a group of subjects as they gazed at a near
object under mesopic or dim light conditions. The 6-month
uncorrected near acuity values were obtained from the same
group of subjects under photopic conditions.

One way to determine an optimal pupil diameter measure 1s
by superimposing a near acuity graph over a distance acuity
graph, and ascertaining the pupil diameter that corresponds to
the intersection of the lines.

Another way to determine a pupil diameter that corre-
sponds to both good distance and near acuity 1s to define each
of the slopes mathematically:

Near acuity=-2.103+0.37879*Pupil size(Dim) (FIG. 27)

Distance acuity=0.40001-0.0677*Pupil size(Dim) (FIG. 26)

By setting the two equations from the graphs equal, it 1s
possible to solve for the intersection point.

—-2.103+0.37879%* Pupil size(Dim)=0.40001-
0.0677*Pupil size(Dim)

Pupil size(Dim)=2.4/0.45=5.33 mm

An optimum overlap can occur 1n a range from between
about 4.0 mm to about 6.0 mm. Further, an optimum overlap
can occur 1n a range from between about 5.0 mm to about 5.7
mm. These measurements may correspond to a pupil diam-
cter measure from the set of previously treated eyes that
corresponds to both good distance and near vision when the
diameter of the central add region 1s 2.5 mm.

Defining a Refractive Shape for Treating a Particular
Patient Acuity as a Function of Pupil Size

The present invention provides methods and systems for
defining a prescription for treating a vision condition in a
particular patient, with the prescription optionally compris-
ing a relractive shape. Such a method can be based on the
following features: (a) a prescriptive relfractive shape config-
ured to treat the vision condition, including an 1nner region
thereot; (b) a pupil diameter of the particular patient, and (c)
an attribute of a set of eyes previously treated with the pre-
scriptive shape.

For example, the prescriptive shape can be the shape
described 1n FIG. 23. The mner region of the shape can be a
refractive add, having a diameter of 2.5 mm. For 1llustrative
purposes, a pupil diameter of the particular patient of 7 mm 1s
assumed. The attribute of a set of previously treated eyes can
be the pupil diameter of the eyes that corresponds to both
good distance and near vision, such as the exemplary 5.3 mm
treated pupil diameter shown 1n FIGS. 26 and 27. Thus, a ratio
of the prescriptive refractive add to treated pupil (PAR) can be
expressed as 2.5/5.3.

The PAR can be used 1n conjunction with the pupil diam-
cter of the particular patient to scale the refractive shape. For
example, a central portion of the scaled refractive shape can
be calculated as follows.

central portion diameter=PAR*pupil diameter of par-
ticular patient

Given the example above, the diameter of a central portion of
the scaled refractive shape for treating the particular patient
1S:

(2.5/5.3)*7 mm=3.3 mm
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In this example, this scaled central portion can correspond
to the diameter of the refractive add of the defined refractive
shape. It should be appreciated that the refractive shape and
the central portion of the refractive shape can alternately be
spheric or aspheric. For example, the refractive shape can be
aspherical, and the central portion of the refractive shape can
be aspherical; the refractive shape can be spherical and the
central portion of the refractive shape can be spherical; the
refractive shape can be aspherical, and the central portion of
the refractive shape can be spherical; or the refractive shape
can be spherical, and the central portion of the refractive
shape can be aspherical.

As shown above, the PAR can be about 2.5/5.3, or 0.47. It
will be appreciated that the PAR can vary. For example, the
PAR can range from between about 0.35 and 0.55. In some
embodiments, the PAR may range from about 0.2 to about
0.8. Optionally, the PAR can range from about 0.4 to about
0.5. Further, the PAR can range from about 0.43 to about 0.46.
It will also be appreciated that the ratios discussed herein can
be based on area ratios or on diameter ratios. It should be
assumed that when diameter ratios are discussed, that discus-
s10n also contemplates area ratios.

Power as a Function of Pupil Size

In another example, the attribute of a set of previously
treated eyes can be the pupil diameter of the eyes that corre-
spond to both good distance and near values for spherical
manifest. A group of individuals with varying pupil sizes
were treated with the same prescriptive refractive shape, the
shape having a constant presbyopic refractive add diameter of
approximately 2.5 mm. Pupil sizes were obtained on a Waves-
can® device. The Spherical Manifest at 6 months post-treat-
ment 1s shown as a function of the pupil size in FIG. 28. Here,
the spherical manifest represents the effective distance power
as the result from the total prescriptive shape, including the
iner region and outer regions of the shape.

As FIG. 28 illustrates, for a given prescriptive treatment
shape, the eflect that the shape has on the individual’s mani-
test can depend on the individual’s pupil diameter. Depend-
ing on the pupil size of the treated subject, the refractive add
will have different relative contribution to the power. And due
to the varying pupil sizes, the prescriptive refractive add to
treated pupil ratio (PAR) may not be constant. Thus, with the
same prescriptive treatment, the eflective power can vary
among different patients. In a simplified model, the power
change from the central portion of the treated eye to the
periphery can be assumed to be linear. This simplification can
be justified by the data. The change 1n power can be repre-
sented by the following formula, expressed 1n units of diopt-
ers.

MRS(Effective Distance Power)=-2.87+0.42*Pupil
size (Dim)[diopters]

The rate change 1n effective power 1s 0.42 D per mm for
distance vision. It has been shown that the pupil diameter can
change at a rate of approximately 0.45 D per mm. The add
power 15 —2.87 diopters.

Without being bound by any particular theory, 1t 1s thought
that due to the asphericity of the central add, there can be a
linear relationship between the effective distance power and
the pupil diameter. Accordingly, 1s 1t possible to characterize
the ratio of effective distance power versus pupil diameter

with the following linear core equation, where C, and A are
constants.

Effective Distance Power=Cqo+A4(pupil_diameter) Equation A

In individuals having smaller pupil diameters, the contri-
bution of the outer region of the prescriptive shape 1s dimin-
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1shed; the manifest refraction 1s more myopic and the effec-
tive power 1s smaller. And whereas a lower MRS value can
correspond to a more myopic refraction, a higher MRS value
can correspond to a less myopic refraction. The manifest
refraction, which can be expressed 1n terms of power, 1s often
proportional to distance vision, which can be expressed in
terms of acuity or logarithm of the minimum of angle of
resolution (logMAR).

As discussed above, a PAR can be determined based on
acuity measurements as a function of pupil size. In an analo-
gous manner, 1t 1s possible to determine a PAR based on
power measurements as a function of pupil size.

Skewing

The Effective Distance Power Equation A above represents
one approach to finding a good approximation to customize
the refractive shape size. In sum, the intersection of a distance
version of the equation and a near version of the equation 1s
solved to determine a pupil diameter measure, which forms
the denominator for the PAR (prescriptive shape add diam-
cter/pupil diameter of treated eye). By adjusting the PAR, 1t 1s
possible to adjust the shape to achieve emmetropia or other
refractive states.

Altering the Size of the Prescriptive Shape Add

Referring to FIG. 28, a treated pupil diameter of about 5.4
mm has a spherical manifest of about —0.6 diopters. If the size
ol the prescriptive shape add i1s made bigger, the line can be
shifted downward. Consequently, the effect in a particular
patient treated with the scaled refractive shape would be a
more myopic spherical manifest of —2.0, for example. On the
other hand, 1f the size of the add 1s made smaller, the line can
be shifted upward, and the effect would be a spherical mani-
fest of -0.2, for example. As the diameter of the add
decreases, the manifest of the particular patient treated with
the scaled refractive shape becomes more skewed to better
distance sight. As the diameter of the add increases, the mani-
fest becomes more skewed to better near sight.

Fixing the PAR

It 1s possible to set the near manifest for all patients by
fixing the PAR. Referring to the example of FIGS. 26 and 27
(where the Equation A 1intersection 1s about 5.3 mm), aratio of
2.5/5.3 mm can rotate these near and distance lines toward
horizontal, about the 5.3 mm point. In other words, an analy-
s1s of particular patients treated with a PAR of 2.5/5.3 1s
expected to result 1n manifest versus pupil size plots having
lines that are more horizontally oriented. Thus each patient
would be expected to have similar near mamiest. Alterna-
tively, 1t 1s possible to choose a different point of rotation to
optimize distance manifest over near manifest, or vice versa.
For example, by choosing a 5.0 mm point for rotation, better
near manifest can be provided at the expense of the distance
manifest.

When comparing the graphs of FIGS. 26 and 27 the dis-
tance acuity and near acuity slopes can vary. As shown in
these figures, near vision changes at a slightly higher rate than
distance vision. In other words, near vision appears to be
more sensitive to changes 1n pupil diameter than distance
vision. An adjustment was made to near measurements in
FIG. 27 to offset a distance correction used during the mea-
surement.

Non-Linear Models

The effective distance power versus pupil diameter can
also be expressed by the following non-linear equation.

Power=Cq+4 (pupil_diameter)+B(pupil_diameter)*+C

(pupil_diameter)’+ . .. Equation B

where C,, A, B, and C are constants. This equation i1s only one
of many that can be used to model the desired relationship.
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Similar non-linear equations can be used to model desired
elfective power, as discussed below. Also, both linear and
non-linear equations can be used to model target manifest, as
discussed below.

Target Manifest (Acuity as a Function of Power)
The target manifest or desired power at a particular viewing,
distance may or may not be emmetropic (0 diopters). For
example, near sight may be improved by a manifest which 1s
slightly myopic. Following an analysis similar to that dis-
cussed above for pupil size dependency, an optimum target
refraction can be calculated based on acuity as a function of
power 1n a set of eyes treated with the prescribed refractive
shape. FIGS. 29 and 30 show the distance and near acuity as
a function of manifest, respectively. Distance and near acuity
versus manifest can be expressed by the following non-linear

equations.

Near Acuity=A4,+4(Manifest)+B(Manifest)*+C
(Manifest)+. . .

Distance Acuity=A,+4(Manifest)+B(Manifest)*+C
(Manifest)+. ..

Applying a first order approximation to the above equa-
tions, and using measurements from previous data, the near
and distance acuity as a function of manifest can be expressed
as follows.

Near_Acuity=0.34+0.67(Manifest)

Dist_Acuity=-0.04-0.13(Manifest)

The intersection between the two functions can be solved
as follows.

0.34 +0.67 (Manifest) = —0.04 — 0.13 (Manifest)

(—=0.04 — 0.34)

0.67+0.13
= —0.48 |Diopters]

Manifest =

The point where the two lines meet 1s about —0.5 D. There-
fore, 1t can be useful to set the target manifest to —0.5 D. The
target manifest equations can be refined based on additional
data collected from those patients that are treated with the
refractive shape. As noted above 1n reference to FIG. 23, a
prescriptive shape may be the sum of a base curve treatment
and a central refractive add. It 1s possible to change the base
shape to compensate for any power oflset contributed by the
central refractive add to the distance manifest.

PAR Refinements Applied to Particular Patients

As additional data 1s accumulated, 1t 1s possible to calculate
the higher order terms of Equation B. More particularly, 1t 1s
possible to calculate the higher order terms from additional
subjects who have been treated with refractive shapes corre-
sponding to constant and linear term adjustments. For

example, a group of patients can be treated according to the
PAR of 2.5/5.3 discussed above, and based on their results,

the PAR can be further refined.

A group of patients had adjustments made to their prescrip-
tive presbyopic shape based on results from the analysis dis-
cussed above. The patients were treated with shapes based on
a constant PAR of 2.5/5.6 as applied to the central add shape,
with a target manifest o —0.5 D. These adjustments rotate the
equation about the 5.6 mm line toward horizontal because the
near elffect 1s a constant. For example, a 5 mm pupil patient
has the same near correction as a 6 mm pupil patient, which
means that their near acuity should be the same, 1.¢. a plot of
the near acuity versus pupil size will be a substantially flat
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line. FIGS. 31 and 32 show the result of these adjustment on
this group of patients. As predicted, the lines rotated. The
distance acuity of 7 of 8 of these patients was 20/20 (logMAR
0) or better, and the 8th was 20/20+2. Their near acuity slopes
have also flattened, with 7/8 patient having simultaneous

20/32-2 acuity or better, and the 8th 20/40. Table 6 summa-
rizes the acuity and power measures.

TABLE 4
Near acuity 0.19 £0.1
Distance acuity —-0.08 £ 0.08
MRS -0.19 £ 0.26

This PAR adjusted group has, which 1s a good result for a
presbyopia treatment.

Optimizing a Refractive Shape for a Vision Condition

It 1s possible to define customized refractive shapes such
that they are optimized to treat a particular patient. In one
approach to defining an optimized refractive shape, the power
ol the refractive shape may be based on the central power add
ol a prescriptive shape, and the power change requirement of
the particular patient. Other approaches may involve deriving,
an appropriate prescription so as to provide a desired overall
cifective power of the eye at different viewing conditions,
again by taking advantage of the changes 1n pupil size.

Determining a Desired Central Power Add of a Prescriptive
Refractive Shape Configured to Treat the Vision Condition

A prescriptive shape can be selected for treating the vision
condition of the particular patient. For example, the prescrip-
tive shape shown 1 FIG. 23 can be selected for treating a
particular patient having presbyopia. As previously dis-
cussed, the central power add of this exemplary prescriptive
shape can be about -3.1 diopters.

Determining a Power Change of a Particular Patient

The desired power change of a particular patient can vary
widely, and often depends on the patient’s desired treatment
or a recommendation from a vision specialist. For example,
the desired power change of a particular patient having pres-
byopia can be about -2.5 diopters. The desired power change
may be linear or non-linear.

Determining a Pupil Diameter Parameter of the Particular
Patient

When defining a refractive shape for treating a vision con-
dition 1n a particular patient, 1t 1s helpful to determine the
pupil diameter parameter of the particular patient. Pupil
diameters can be measured by, for example, a pupillometer.
Pupil diameter parameters can involve, for example, the
patient’s pupil diameter as measured under certain distance
and lighting conditions, such as under photopic conditions
while the patient gazes at infinity (distance-photopic). Pupil
diameter parameters can also mmvolve pupil diameter mea-
surements under other conditions such as distance-mesopic,
distance-scotopic, near-photopic, near-mesopic, or near-sc-
otopic. Still further additional measurements at other viewing
conditions, such as at intermediate distances and/or moderate
lighting conditions, may also be measured. Often, pupil diam-
cter parameters will be based on two pupil diameter measure-
ments. For example, a pupil diameter parameter can be the
value of the particular patient’s pupil diameter at distance-
photopic minus the patient’s pupil diameter at distance
scotopic. According to this example, 11 the distance-photopic
pupil diameter 1s 0.7 mm and the distance-scotopic pupil
diameter 1s 0.2 mm, then the pupil diameter parameter 1s 0.7
mm minus 0.2 mm, or 0.5 mm.

Defining a Refractive Shape Configured to Treat the Par-
ticular Patient, the Power of the Refractive Shape at a Given
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Diameter Based on: the Central Power Add of the Prescriptive
Refractive Shape, the Power Change Requirement of the Par-
ticular Patient, and the Pupil Diameter Parameter of the Par-
ticular Patient

When defining the refractive treatment shape, 1t can be
beneficial to base the power of the refractive shape (Power/
Shape Requirement) at a given diameter based on the central
power add of the prescriptive refractive shape, and on the
power change requirement of the particular patient. For
example, the power of the refractive shape can be a function
of a given diameter, as expressed 1n the following formula.

Power/Shape_Requirement=C +4 (pupil_diameter)

where Power/Shape Requirement 1s the power of the refrac-
tive shape at a particular Pupil_Diameter, C, 1s the central
power add of the prescriptive refractive shape, and A 1s cal-
culated as

A=(PRC-C,)/PDP

where PRC 1s the power change requirement for the particular
patient, and PDP is the pupil diameter parameter (obtained,
for example, by subtracting the diameter of the pupil mea-
sured when the patient 1s gazing at infimity from the diameter
of the pupil measured when the patient 1s looking at a near
object under identical light conditions). Given the values
discussed above, the Power/Shape_Requirement (PSR) can
be calculated as follows.

PSR=-3.1 diopters+[(-2.5 diopters——3.1 diopters)/0.5
mm )| (pupil_diameter)

or

PSR=-3.1 diopters+1.2(pupil_diameter)

Other Pupil Diameter Parameters
It 1s also possible to calculate a pupil diameter parameter
based on a pupil diameter change slope as measured under
certain distance and lighting conditions, for example, as the
patient gazes at infinity while the lighting conditions change
from photopic to scotopic (distance-photopic to scotopic).
Pupil diameter parameters can also mvolve pupil diameter
change slopes such as near-photopic to scotopic, photopic-
distance to near, mesopic-distance to near, or scotopic-dis-
tance 1o near.
The Effective Power
The effective power (e.g., linear power model or higher
order model) can be used to calculate or derive a presbyopic
shape, optionally based on the following parameters.
F.1. Emmetropic at distance (photopic and mesopic light-
ing conditions)
a. This can determine a maximum diameter of the add
F.2. Near can have an effective power of —=2.5 D (or more,
if desired by the patient
F.3. The rate of change of power for the add-treatment
combination can have one of the four:
1. The same power rate ol change as the photopic—
Distance to near
11. The same power rate of change as the mesopic—
Distance to near
111. The same power rate of change as the scotopic—
Distance to near
1v. Non-linear rate of change similar to the above, but 1s
optimized to give better simultaneous distance and
near vision.
For an eye gazing 1nto infinity, under photopic conditions,
the theoretical pupil size at emmetropia can vary within the
population. Moreover, the pupil diameter can further vary
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when the eye 1s used for different tasks. For example, the
pupil diameter can decrease as the eye’s gaze changes from
infinity to a near object. As the eye changes from a distance
gaze to a near gaze, the typical pupil diameter decreases. This
change 1n pupil diameter may be linear with convergence and
sigmoid with accommodation. In an eye treated with an
exemplary prescriptive shape, the pupil diameter at near gaze
can typically have the inner region of the prescriptive shape as
the dominant refractive component. Consequently, the
change of pupil size from larger to smaller (distance gaze to
near gaze) can be equivalent to a change 1n power. In com-
parison, the distance gaze pupil will have an effective power
based onthe combination of the inner region add and the outer
region of the prescriptive shape, with the outer region becom-
ing a more dominant refractive component. Therefore, each
refractive shape can be customized to each particular 1ndi-
vidual because of the many different combinations available.
By changing the power of the cornea, for example, from
emmetropia at the “distance” pupil size to within a range of
about —1.0 diopters to about —4.0 diopters myopic for “near”
pupil size, 1t may be possible to mitigate presbyopia.

A general prescription may go as follows. First, measure
the continuous pupil size and/or size change at different dis-
tances and lighting conditions, such as for at least one (op-
tionally two or more, 1n some cases all) of: Distance-Photo-
pic; Distance-Mesopic, Distance-Scotopic, Near-Photopic,
Near-Mesopic, and/or Near-Scotopic. The pupil size can be
aifected by the lighting conditions as well as viewing dis-
tances. The refractive shape can also include adjustments
and/or optimization for lighting. In photopic conditions, the
pupil 1s typically constricted. In scotopic conditions, the pupil
1s usually dilated. Under mesopic conditions, the pupil can be
variably dilated or constricted depending on the specific type
of mesopic condition. Second, calculate the pupil diameter
continuous rate of change for the following combinations:
Distance-photopic to scotopic, Near-photopic to scotopic,
Photopic-Distance to near, Mesopic-Distance to near, and/or
Scotopic-Distance to near. It 1s possible to design a shape and
ablation size such that patient 1s substantially emmetropic as
pupil size goes from larger (distant) to smaller (near), typi-
cally within a range. The presbyopic lens power can compen-
sate focus such that the lens 1s the mnverse of the rate of pupil
change. To do this, the power can change (for example—3 D)
tor different pupil diameters.

Power/Shape_Requirement=

Co + A(pupil_diameten + B(pupil_n':lia:trlfattmj2 + C(pupil_diameteﬁ?’ + ...

The Power/Shape Requirement 1n the above equation may
be eflective power, and/or may be manifest power. The power
can change with changes 1n pupil diameter. For a linear power
shape, the coellicient A can be calculated as follows.

d(power) ,

d(pupil_diameten -

Solving for the linear coetficient,
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, PowerChangeRequirement— (|

pupil_diameter rate_of change

The target manifest can be targeted to the patient’s request
or a doctor’s recommendation by using the effective distance
power equation as described above in the “target manifest™
section.

Multifocal Shapes

A good refractive shape (including a multi-focal shape)
may be at or near an optimum compromise between distance
and near sight. The near add has an “effective” power—it may
not have a single power because of the multi-focal shape. The
sum of the peripheral and central add may give the distance
power—again 1t may not have a single power because of the
multi-focal shape.

The Age Dependent Presbyopic Shape

As discussed above, as one ages, accommodation
decreases. This 1s shown 1n FIG. 33. At 60, accommodation
can decrease significantly, even to nearly zero. Studies have
shown that pupil sizes decrease as one gets older. As seen 1n
the figure, the slope or rate of change 1n accommodation also
changes with age. It 1s possible to optimize the pupil depen-

dencies to the age related change 1n accommodation. The rate
of distance and near acuities for a central add shape can be

Near_acuity=-2.103+0.37879*Pupil size(Dim)

Distance acuity=0.40001-0.0677*Pupil size(Dim)

According to these equations, as the pupil size decreases,
the near acuity gets better, at a rate of 0.37 lines per millime-
ter. The distance acuity gets worse, but at much slower rate of
0.07 lines per millimeter. Therefore, 1t 1s possible to optimize
the treatment parameters for the patient’s age by targeting the
treatment for less myopia. It 1s possible to allow a shiit in the
centering of the “range” by taking the residual accommoda-
tion 1nto account 1n the customization of the treatment.

It 1s possible that the optimum shape may be on a “linear”
power approximation as discussed above, but it may consist
of higher orders. Though the effective power can be given by
the equation above, the shape can be constant over, for
example, a central 2.5 mm and have a curvature gradient that
will blend the central add to the peripheral region. With this
shape 1t may be beneficial to choose the diameter of the
central add to match the patients near pupil such that the near
pupil will encompass only the central add when 1t’s at its
smallest, and the gradient will be customized to the patient’s
pupil size rate ol change.

Hence, by modeling the residual accommodation, the
range of pupil change may be shifted to optimize the “life”
long presbyopic correction.

Systems

The present invention also provides systems for scaling
refractive shapes and providing practical customized or opti-
mized refractive shapes that mitigate or treat presbyopia and
other vision conditions 1n particular patients. The systems can
be configured 1n accordance with any of the above described
methods and principles.

For example, as shown 1 FIG. 34, a system 1000 can be
used for reprofiling a surface of a cornea of an eye 1600 of a
particular patient {rom a first shape to a second shape having,
correctively improved optical properties. System 1000 can
comprise an input 1100 that accepts a prescriptive shape
specific for treating the vision condition, an mput 1200 that
accepts a pupil dimension of the particular patient, a module
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1300 that scales a dimension of a central portion of a refrac-
tive shape based on the pupil dimension of the particular
patient and an attribute of at least one eye previously treated
with the prescriptive shape, a processor 1400 that generates
an ablation profile, and a laser system 1500 that directs laser
energy onto the cornea according to the ablation profile so as
to reprofile a surface of the cornea from the first shape to the
second shape, wherein the second shape corresponds to the
refractive shape.

Calculating of Presbyopia Mitigating Prescriptions

Methods, Systems, and Devices described herein can be
used to generate prescriptions for treatment of refractive
errors, particularly for treatment of presbyopia. Such treat-
ments may ivolve mitigation of presbyopia alone, or may
treat a combination of presbyopia with other refractive disor-
ders.

As described above, presbyopia 1s a condition where the
degree of accommodation decreases with the increase of age.
Most people have some degree of presbyopia by the age of
about 45.

Treatments of presbyopia may involve passive and/or
active procedures. In passive procedures, treatment or miti-
gation 1s performed 1n such a way that an improved balance
between near vision and distance vision 1s provided and main-
tained. In an active procedure, restoration of full or partial
accommodation 1s a goal. So far, active procedures for the
correction of presbyopia have not been fully successtul.

With passive procedures, 1t 1s desirable to provide an
improved and/or optimal balance between near vision and
distance vision. In order to do that, patients may sacrifice
some of their distance vision to gain improved near vision. In
addition, they may sacrifice some contrast sensitivity because
of the introduction of the asphericity of the new optics of the
eye. Fortunately, the sacrifice of distance vision and contrast
sensitivity may be mitigated by taking advantage of a pupil
shrinkage when the eye accommodates.

As described below, an analytical solution for a presbyopia
shape can be achieved based on a desire for different powers
at different pupil sizes. In order to understand this, we can
take advantage of a concept of optical power that depends on
the change of pupil size and might also depend on waveiront
aberrations other than defocus terms. We will concentrate on
the pupil size dependency 1n this description.

The following approach considers the correction as a “full
pupil” correction rather than “partial pupil” correction as
employed with a central add. Healing effect, flap effect as
well as how the etflective power correlates with the manifest
refraction may be addressed with empirical studies, allowing
these effects to be fed back into the following calculations
and/or a laser ablation planning program as approprate so as
to provide optimized real-world results.

Effective Power and 1ts Application to Presbyopia

As used herein, “effective power” means the optical power
that best matches the manifest sphere at a certain pupil size.
With wavelront based ocular aberrations, the defocus-depen-
dent effective power can be written as

(1)

where R stands for the pupil radius in mm when ¢, is the
Zernike coellicient given in microns 1n order to get the effec-
tive power in diopters, and P, 1s effective power. When a
wavelront map 1s defined 1n radius R with a set of Zernike
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polynomials, when the pupil shrinks the smaller map, 1t re-
defined with a new set of Zernike polynomials, will have a
different set of Zernike coetlicients than the original set.
Fortunately, analytical as well as algorithmatical solutions of
the new set of Zernike coetlicients exist. If the original set of
Zernike coefficients is represented by {c¢,} that corresponds
to pupil radius r,, then the new set of Zernike coeflicients {b_}
that corresponds to pupil radius r, can be expressed by a
recursive formula as

ni2—1i

| | 20+ H+1 2i+ j)!

0 2 0

by, =e E (_1)JC2(;’+J'}\/ ST 0] _
J=0

Z”: bﬂ\/ml (— M2 (k2 4+ i)
“NC2ie 1l (k/2-D1CD!

k=20i+1)
step 2

where e=r,/r,, n 1s the maximum radial order. As an example,
if we set 1=1, and n=4, we have the following formula

b.0=7c.0—VT5(1-e2)c,0]e?

Therefore, a power profile with pupil size can be given as a
condition to obtain an optical surface for presbyopia correc-
tion.

In order to obtain a presbyopia prescription (which waill
here be an optical shape), let’s assume that we know the
power profile or desired effective optical powers for different
viewing conditions so as to mitigate presbyopia. From the
power profile, we can 1n general do an integration to calculate
the wavelront shape. In the following, we consider three cases
where two, three, or four power points (different desired
clfective optical powers for different associated viewing con-
ditions, often being different viewing distances and/or pupil
diameters) are known.

Two-Power-Point Solution

Let’s consider radially symmetric terms Z.” and Z,°, when
the pupil radius 1s changed from R to eR, where ¢ 1s a scaling
factor not larger than 1, since the new set of Zernike coetli-
cients for the defocus term can be related to its original
coellicients as

b.0=/c.0V15(1-e2)c,0]e. (2)

Substituting ¢, with b,”, and R* with ¢*R* in Equation 1
using Equation 2, we have

4V3e,0-12V3(1-e2)c,0=—R2P (3)

Suppose we request power p,, atradius €,R, and p, at radius
e, R, an analytical solution of the original wavetiront shape,

which is represented by c,” and c,”, can be obtained as

(1—8%)}?0—(1—8%);?1 5 (4)
R

43 (ef - ef)

Po—P1

12V5 (€3 - e})

5

RZ.

4

As an example, let’s consider a pupil with a dim distance
s1ze of 6 mm, requesting effective power of 0 D at pupil size
6 mm and bright reading pupil size of 4.5 mm, requesting
elfective power of —1.5 D. Substituting e,=6/6=1, ¢,=4.5/
6=0.75, and p,=0 and p,=-1.5, we get ¢,"=0 and c,"=-1.15.
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FIGS. 35 and 36 show the presbyopia shape and effective
power as a function of pupil size. It 1s very close to a linear
relationship.

Three-Power-Point Solution

Let’s consider radially symmetric terms Z.,°, Z..,° and 7.,
when the pupil radius 1s changed from R to eR, where ¢ 1s a
scaling factor not larger than 1, since the new set of Zernike
coellicients for the defocus term can be related to its original
coellicients as

b.0=/c.0VI5(1-e2)c, 2 +V2T(2-5e+3eMc,0]e?, (5)

Substituting ¢,” with b.”, and R* with ¢*R”* in Equation 1
using Equation 35, we have

43¢,0-12V5(1-e%)c,0+12VT(2-5¢*+3e")c"=-R°P (6)

Suppose we request power p,, at radius e,R, p, at radius e R,
and p, and radius e,R, an analytical solution of the original
wavefront shape, which is represented by ¢,’, ¢..” and ¢, can
be obtained as

(1 —ef)(1 - e3)ef —e3)po — (7)
(1 —eg)(1 —e3)(eg —e3)p1 +

(1—eg)(1 —ef)es —et)pa o2

0
CZ —_- -
43 (e} - ed)(ef — ed)ie] - €3)
(5 — 37 —3e3)(e] —e3)po -
(5 —3eg — 3e3)(eg — €3)py +
; (5-3ef—3eles—ep2
“4 =" T 2 o2 o
36\/5_(81 — e5)(ef —e1)eg —e3)
o (el —eDpo—(eg—ep + (5 —eDpr ,
CG —— R

36V7 (€} — e2)(e3 — e2)(ed — €3)

As an example, let’s consider a pupil with WaveScan pupil
s1ze of 6 mm, and dim distance pupil size of 6 mm, requesting
elfective power of 0 D and bright reading pupil of 3.5 mm,
requesting effective power of —1.5 D. In between are the dim
reading and bright distance, with combined pupil size of 4.5

mm with effective power of —-0.5 D. Substituting e¢,=6/6=1,
¢,=4.5/6=0.75, and ¢,=3.5/6=0.583 as well as p,=0, p,=-0.6

and p,=-1.5, we get ¢,"=0, ¢,"=-0.31814 and ¢, "=0.38365.
FIGS. 37 and 38 shows the presbyopia shape and the effective
power as a function of pupil sizes.

Four-Power-Point Solution

Let’s consider radially symmetric terms Z.°, Z,.°, Z.” and
7", when the pupil radius is changed from R to eR, where e
1s a scaling factor not larger than 1, since the new set of
Zernike coetficients for the defocus term can be related to 1ts
original coelficients as

b.0=7c.0-VI5(1-e2)c,O+V2T(2-5e*+3e)c O-

V3(10-45e’+63e*-28%)c e (8)

Substituting ¢,” with b,”, and R® with e°R* in Equation 1
using Equation 8, we have

4V3e,0-12V35(1-e2)e,0+12
V7(2-5+3eM) e 0-12(10-4562+63e*-28¢%)c.O=—R2P

9)
Suppose we request power p,, at radius e,R, p, at radius ¢, R,
p, and radius ¢,R, and p; and radius e,R, an analytical solu-
tion of the original wavelront shape, which 1s represented by
c,’,c.’, ¢ andcg", can be obtained as:
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3Py — f3p1 +Y3p2 —03P3 (10)

43 A

@2po — Pap1 +v2p2 —02p3

25245 A

a1 po—PLpL+v1p2 =013

14447 A

o Po — Pop1 +YopP2 — 0o P3
336A ’

where

A= (e5 — eDeg — e3)(eg — e3)(ef — e3)(er —e3)(e; — e3) (1)

g = (E% — E%)(E% — E%)(E‘% — E%) (12)

Bo = (e5 — e3)(es — e3)(e5 — &3) (13)

Yo = (eg = e1)leg — €3)(e] - €3) (14)

o = (e§ — e)(ef — e5)(e] — e3) (15)

a; = |9 — 4(&?% + E‘% + E%)]ﬂ:’g (16)

Bi = [9—4(ef + €5 + 315 (17)

y1 = [9 —4(ef + ef +e3)]yo (18)

61 = [9 — 4(ef + ef + €35)]00 (19)

@y = [45 = 35(ef + 5 + e3) + 21 (e e5 + et el + e3e3) oy (20)
B =145 - 35(&?% + E% + E%) + 21(8%8% + E%E% + E%E%)]ﬁg (21)
Yy = |45 — 35(8% + E% + E%) + 21(&?%8% + E%g% + E%E%)]yﬂ (22)
Oy = [45 —35(ef + e + e3) + 21(efer + ekes + etes)]d, (23)
a3 = (1 —ef)(1 —e3) (1 —ed)ay (24)
B = (1 —eg)(1 —e3)l - e3)f3 (25)
y3 = (1 —ef)(1 — ef)(1 — e3 )0 (26)
03 = (1 — e5)(1 — ] )(1 — €3)d4 (27)

As an example, let’s consider a pupil with WaveScan pupil
s1ze of 6 mm, and dim distance pupil size of 6 mm, requesting,
elfective power of 0 D and bright reading pupil size of 3.5
mm, requesting efiective power of —1.5 D. We also request
that the bright distance pupil size to be 5 mm and dim reading
pupil size o1 4.5 mm, with effective power of —=0.2 D and -0.5
D, respectively. Substituting e,=6/6=1, e,=5/6=0.833,
e,=4.5/6=0.75 and €,=3.5/6=0.583 as well as p,=0, p,=-0.2,
p,—0.5 and p,=—1.5 we get c,’=0, c, =0.2919,
¢ =0.3523 and ¢,"=-0.105. FIGS. 39 and 40 show the pres-
byopia shape and the effective power as a function of pupil
s1zes. Note that both the presbyopia shape and the effective
power are similar to those shown in FIGS. 37 and 38. How-
ever, the shape and power given with 4-term solution 1s
smoother and have a flatter power at larger pupil sizes.

It 1s also possible to use the same approach to obtain ana-
lytical solutions for conditions that use more than four power
points. For example, when we use five power points, we could
use up to 10” order of Zernike coefficients to describe the
aspheric shape that satisfies the power profile defined with
five power points. Similarly, six power points can define an
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aspheric shape using 127 order of Zernike coefficients.
Because more power points can 1n general make the analyti-
cal solution more difficult, another way of approaching the
solution 1s by more complex numerical algorithms. Due to the
availability of the recursive formula, the equations that lead to
analytical solutions might be converted to an eigen system
problem, which does have numerical solutions, optionally
making use ol the methods of William H Press, Saul A.
Teukolsky, William Vetterling, and Brian P. Flannery, in
Numerical Recipes in C++, (Cambridge University Press,
2002). Such a solution may be more accurate than use of
discrete power point.

Discussion

The first thing we want to discuss 1s how many terms we
should use 1n determining the presbyopia shape. In the two-
power-term solution, we use the pupil sizes as well as the
corresponding desired powers. Obviously, we can use this
solution for a somewhat “bifocal” design with one distance
pupil size and power (which should be zero to keep the eye at
emmetropia) and one reading pupil size and 1ts corresponding
power. From FIGS. 35 and 36, the effective power follows a
rather linear relationship with pupil size changes. This may
not be 1deal 1n that the distance power may tend to become
myopic. With a 3-power-term solution, we have one more
freedom to choose the power 1n a middle pupil size and 1n fact
the solution 1s rather close to a 4-power-term solution when
carefully designed. Unfortunately, with a 3-power-term solu-
tion, the bright distance pupil and the dim reading pupil tend
to be averaged and so do the corresponding powers. This may
become too 1ntlexible to design an 1deal shape. Theretfore, the
4-power-term solution, which tends to give a more favorable
reverse Z-curve, should be used 1n the practical implementa-
tion. The reverse Z-curve such as that shown in FIG. 41A, a
positive power gradient region between two lower slope (or
flat) regions within a pupil size variation range for a particular
eye, may be a beneficial effective power characteristic for
presbyopia mitigation.

Even with a 4-power-term solution, choosing effective
powers 1n-between dim distance pupil and bright reading
pupil should be carefully considered. For instance, 1n order to
satisy restaurant menu reading, we might want to increase
the power for dim reading. In this case, an unfavorable
S-curve would exist, as 1s also shown 1n FIG. 41 A. Presbyo-
pla-mitigation shapes corresponding to the S-curve and
Z-curve shapes are shown in FIG. 41B. These results were
generated for a 6 mm pupil with the dim distance pupil at 6
mm with a power of 0 D, the bright distance pupil at 5 mm
with power of —=0.2 D and —0.7 D, the dim reading pupil at 4.5
mm with a power of —1.2 D and the bright reading pupil at 3.5
mm with a power of —1.5 D. To reduce the fluctuation of
clfective power, we can also increase the power in bright
distance and 1n this case the distance vision can be affected (1n
addition to the contrast drop due to asphericity).

Another parameter we can set 1s desired reading power.
Optionally we can give the patient tull power; say 2.5 D, so
the treatment can be sufficient to treat presbyopia for the
patient’s life span. However, the natural pupil size decreases
with increasing age. Therefore, a shape well suited to a patient
at the age of 45 could become deleterious at the age of 60.
Secondly, not everyone easily tolerates asphericity. Further-
more, too much asphericity canreduce the contrast sensitivity
to a level that distance vision would deteriorate. As such,
measurement of a patient’s residual accommodation becomes
beneficial 1n the success of presbyopia correction. In addition,
the various pupil sizes at different lighting conditions and
accommodation can be measured systematically and more
accurately. Such measurements may employ, for example, a
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commercially available pupilometer sold by Procyon under
the model number P-2000. A wide variety of alternative pupil
measurement techmques might be used, including visual
measurements, optionally using a microscope displaying a
scale and/or reticule of known size superimposed on the eye,
similar to those employed on laser eye surgery systems com-
mercially available from VISX, INncorroRATED of Santa Clara,
Calif.

The influence of high order aberrations on the effective
power, as described above regarding the power map, may also
be incorporated into the presbyopia-mitigating shape calcu-
lations. This may involve integration over the entire power
map, 1.¢., the average power, with appropriate adjustment so
as to avoid overestimating power (that may otherwise not
agree with the minimum root-mean-squares (RMS) criterion)
and so as to correlate with patient data. The influence of high
order spherical aberrations on eflective power calculation
should not be entirely 1gnored. In particular, the influence on
the depth of focus, and hence to the blur range during manifest
refraction test, can be determined using clinical testing.

Taking advantage of the ability to calculate presbyopia
shapes based on elfective power, presbyopia-mitigating
shapes can be derived and/or optimized based on the follow-
ing considerations. First, image quality of the presbyopia
shape at different viewing conditions can be evaluated. To do
s0, optimization of the shape itself can be pursued. This can
be done 1n several ways, such as using diffraction optics
(wave optics) or geometrical optics (ray tracing). Because we
are dealing with aberrations of many waves, 1t may be imprac-
tical to use point spread function based optical metrics. How-
ever, since the aberration we introduce belongs to high orders
only, wave optics may still work well. In fact, a comparison of
Zemax modeling with three wavelengths and using verifica-
tion tools (wave optics), as shown 1n FIG. 13, with 7-wave-
lengths show almost 1dentical results in both point spread
tunction (PSF) and modulation transfer function (MTF). FIG.
42 shows some derived shapes for a 5 mm and a 6 mm pupil,
while the corresponding MTF curves are shown 1 FIG. 43.
The simulated blurring of eye chart letter E for both cases 1s
shown 1n FIG. 44. These letters graphically illustrate verifi-
cation of presbyopia shape using a goal function with 7-wave-
lengths polychromatic PSF and a 20/20 target. The first image
shows a target at 10 m. The second to the last image shows
targets from 1 m to 40 cm, separated by 0.1 D 1n vergence.
One diopter of residual accommodation 1s assumed for each.
Even without optimization, the optical surface shown gives
almost 20/20 visual acuity over 1.5 D vergence.

The above approach 1s valid to apply 1n contact lens, intra-
ocular lens, as well as spectacles, as well as refractive surgery.
Such calculations for refractive surgery may be adjusted for
the healing effect as well as the LASIK flap effect based on
empirical studies and clinical experience.

As established above, it 1s possible to obtain analytical
expressions for the Zernike coelficients of the first few spheri-
cal aberrations of different orders to create an aspheric shape
for presbyopia correction based on one or more desired etiec-
tive powers. Healing effect, flap effect, and the correlation of
elfective power with manifest refraction will benefit from
additional patient data and empirical studies to further refine
the presbyopia shape so as to ({or example) more accurately
plan the shape for future ablation.

Each of the above calculations may be performed using a
computer or other processor having hardware, software, and/
or firmware. The various method steps may be performed by
modules, and the modules may comprise any of a wide variety
of digital and/or analog data processing hardware and/or sofit-
ware arranged to perform the method steps described herein.
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The modules optionally comprising data processing hard-
ware adapted to perform one or more of these steps by having
appropriate machine programming code associated there-
with, the modules for two or more steps (or portions of two or
more steps) being integrated into a single processor board or
separated into different processor boards in any of a wide
variety of integrated and/or distributed processing architec-
tures. These methods and systems will often employ a tan-
gible media embodying machine-readable code with mstruc-
tions for performing the method steps described above.
Suitable tangible media may comprise a memory (including a
volatile memory and/or a non-volatile memory), a storage
media (such as a magnetic recording on a floppy disk, a hard
disk, a tape, or the like; on an optical memory such as a CD,

a CD-R/W, a CD-ROM, a DVD, or the like; or any other
digital or analog storage media), or the like.

As the analytical solutions described herein some or all of
these method steps may be performed with computer proces-
sors of modest capability, 1.e., a 386 processor from Inte]™
may be enough to calculate the Zernike coellicients, and even
286 processor may be fine. Scaling of Zernike coelfficients
was described by Jim Schweigerling, “Scaling Zernike
Expansion Coefficients to Different Pupil Sizes,” J. Opt. Soc.
Am. A 19, pp 1937-1945 (2002). No special memory 1s
needed (1.¢., no butlers, all can be done as regular variables or
using registers). Also, 1t can be written 1n any of a wide variety
of computer languages, with the exemplary embodiment
employing C++. This exemplary embodiment comprises
code which performs the Zernike coelficient calculation,
shape combination (combining a regular aberration treatment
prescription as well as the presbyopia shape), and provides
graphical output for reporting purpose. It was written in C++
with Borland C++ Builder™ 6, and 1t 1s run with a laptop of

1.13 GHz CPU having 512 Mb of memory.

FIGS. 45A and 45B illustrate exemplary desired power
curves and treatment shapes for mitigating presbyopia of a
particular patient. The four power point solution was used to
establish these shapes. For a 6 mm pupil, the following table
describes the four conditions or set points from which the
shape was generated:

TABLE 5
6 mm Pupil 5 mm Pupil
Effective Pupil size Effective Pupil size
Conditions power (mm) power (mm)
1 0D 6 0D 5
2 -0.5 D 5 -05 D 4.2
3 -1 D 4.5 -1 D 3.8
4 -1.5 D 3.4 -1535 D 3.1

FIG. 45A shows the effective power profiles, while FIG.

45B shows the corresponding presbyopia shapes. To model
the healing and LASIK flap effect, we uniformly boost the
shape by 15%. In addition to the added presbyopia shape, we
also used -0.6 D physician adjustment 1n the wavefront pre-
scription generation to offset myopic bias to aim emmetropia
at normal viewing condition (bright distance) aiter surgery.

While the exemplary embodiments have been described in
some detail, by way of example and for clarity of understand-
ing, those of skill in the art will recognize that a variety of
modification, adaptations, and changes may be employed.
Hence, the scope of the present mvention should be limited
solely by the claims.

What 1s claimed 1s:
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1. A method for identifying an intra-ocular lens that maiti-
gates or treats presbyopia of an eye 1n a particular patient, the
method comprising:

inputting a set of patient parameters specific for the par-

ticular patient;

determinming a prescription for the eye based on the set of

patient parameters per a goal function so as to mitigate or
treat the presbyopia 1n the patient; and

identifying an intra-ocular lens shaped to impose the pre-

scription on the eye when the intra-ocular lens 1s
implanted into the eve.

2. The method of claim 1, wherein the goal function reflects
optical quality throughout a vergence range.

3. The method of claim 1, wherein the goal function com-
prises a ratio of an optical parameter of the eye with a diffrac-
tion theory parameter.

4. The method of claim 3, wherein the goal function com-
prises at least one parameter selected from the group consist-
ing of Strehl Ratio (SR), modulation transier function (MTF),
point spread function (PSF), encircled energy (EE), MTF
volume or volume under MTF surtace (MTFV), compound
modulation transter function (CMTF), and contrast sensitiv-
ity (CS).

5. The method of claim 4, wherein the prescription 1s
determined such that 1t has a value of about 25% CMTF over
a vergence.

6. The method of claim 4, further comprising creating the
intra-ocular lens.

7. The method of claim 1, further comprising creating the
intra-ocular lens.

8. The method of claim 1, wherein the goal function 1s
based on geometrical optics.

9. The method of claim 8, whereimn the goal function 1s
determined using ray tracing.

10. The method of claim 1, wherein the set of patient
parameters comprises at least one parameter selected from
the group consisting of pupil size, residual accommodation,
and desired power.

11. The method of claam 10, further wherein additional
patient parameters comprise at least one of the group consist-
ing of preferences for distance or near sight, preferences for
sight under bright or dim conditions, and preferences for
contrast sensitivity.

12. The method of claim 1, wherein the prescription 1s
further determined based on an expansion selected from the
group consisting of a regular polynomial (EPTP or non-
EPTP), a Zernike polynomial, a Fourier series, and a discrete
shape entirety.

13. The method of claim 12, wherein the expansion 1s a 3rd
order or 4th order non-EPTP expansion.

14. The method of claim 12, wherein the expansion 1s a 6th
order or 8th order EPTP expansion.

15. The method of claim 1, wherein the prescription 1s
further determined based on a presbyopia-add to pupil ratio
(PAR), the PAR ranging from about 0.2 to about 1.0.

16. The method of claim 1, wherein the prescription has an
optimizer value of about 5.0 or smaller.

17. A system for identifying an intra-ocular lens that maiti-
gates or treats presbyopia of an eye 1n a particular patient, the
system comprising;:

an input that accepts a set of patient parameters; and

a module comprising a tangible medium embodying

machine-readable code that 1dentifies the intra-ocular
lens, the intra-ocular lens shaped to impose a prescrip-
tion on the eye when the 1ntra-ocular lens 1s implanted
into the eye, the prescription based on the set of patient
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parameters per a goal function so as to mitigate or treat
the presbyopia 1n the patient.
18. The system of claim 17, wherein the goal function
reflects optical quality throughout a vergence range.
19. The system of claim 17, wherein the goal function

comprises a ratio of an optical parameter of the eye with a
diffraction theory parameter.

20. The system of claim 19, wherein the goal function
comprises at least one parameter selected from the group
consisting of Strehl Ratio (CS), modulation transfer function
(MTF), point spread function (PSF), encircled energy (EE),
MTF volume or volume under MTF surface (MTFV), com-
pound modulation transfer function (CMTF), and contrast
sensitivity (CS).

21. The system of claim 20, further comprising an intra-
ocular lens fabrication system.

22. The system of claim 17, further comprising an 1ntra-
ocular lens fabrication system.

23. The system of claim 17, wherein the goal function 1s
based on geometrical optics.

24. The system of claim 23, wherein the goal function 1s
determined using ray tracing.

25. The system of claim 17, wherein the set of patient
parameters comprises at least one parameter selected from
the group consisting of pupil size, residual accommodation,
and power need.
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26. The system of claim 17, wherein the module comprises
a tangible medium embodying machine-readable code that
makes use of an 1nitial optical shape, a set of 1nitial condi-
tions, and the set of patient parameters for an iterative opti-
mization so as to establish an optical shape for the intra-ocular
lens, using a goal function appropriate for presbyopia of an
eye.

277. The system of claim 26, further comprising an intra-
ocular lens fabrication system.

28. The system of claim 26, wherein the initial optical
shape 1s radially symmetric.

29.The system of claim 28, wherein the radially symmetric
shape 1s decomposed by the module 1nto a set of polynomaials
having at least two independent variables.

30. The system of claim 29, wherein one of the at least two
independent variables 1s the ratio of the customized shape
diameter to pupil diameter.

31. The system of claim 26, wherein the optimization code
1s configured to employ a method selected from the group
consisting ol Downhill Stmplex optimization, Direction set
optimization, and Stmulated Annealing optimization.

32. The system of claim 26, wherein the set of patient
parameters comprises at least one parameter selected from
the group consisting of pupil size, residual accommodation,
and desired power.
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