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structures such that the second region approximates the
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closed.

20 Claims, 22 Drawing Sheets

Related U.S. Application Data

(60) Provisional application No. 62/265,799, filed on Dec.
10, 2015, provisional application No. 62/222,553,
filed on Sep. 23, 2015.

(51) Int. CL

GO2B 19/00 (2006.01)
F21V 5/00 (2018.01)
F2IK 9/64 (2016.01)
B82Y 20/00 (2011.01)
F21Y 101/00 (2016.01)
(52) U.S. CL
CPC oo F21V 5/046 (2013.01); GO2B 1/002

(2013.01); GO2B 1/005 (2013.01); GO2B
1/007 (2013.01); GO2B 5/1809 (2013.01);
GO2B 5/1876 (2013.01); GO2B 19/0014
(2013.01); GO2B 19/0052 (2013.01); GO2B
27/30 (2013.01); HOIQ 15/0086 (2013.01);
F21Y 2101/00 (2013.01); GO2B 2207/101

(2013.01)

(56) References Cited
U.S. PATENT DOCUMENTS

12/2009 Werner et al.
8/2013 Yu et al.
3/2016 Arbabi et al.

2009/0296223 Al
2013/0208332 Al
2016/0077261 Al

OTHER PUBLICATIONS

Genevet, “Breakthroughs in Photonics 2013: Flat Optics: Wevefronts
Control with Huygens’ Interfaces”, IEEE Photonics J., (IEEE,

USA) vol. 6, No, 2, Apr. 1, 2014, pp. 1-4 (ISBN: XP011546594).
Sigma-Aldrich tech. note, “Matenials for High and Low Refractive
Index Coatings™, downloaded Jul. 2016 at www.sigmaaldrich.com/
materials-science/organic-electronics/ri-coatings.html (3 pages).
Mao, “Nanopatterning Using a Stmple Bi-Layer Lift-Ofl Process for
the Fabrication of a Photonic Crystal Nanostructure”, Nanotechnol-
ogy 24 (2013), (IOP Pub. Ltd., Feb. 1, 2013), downloaded at
1opscience.1po.org (6 pgs).

Mao & Karlicek, Jr., “Surface Patterning of Nonscattering Phos-
phors for Light Extraction”, Optics Litrs, vol. 38, No. 15, pp.
2796-2799 (Optical Soc. Amer. Aug. 1, 2013), downloaded at
researchgate.net/publication/254260035 (4 pgs).

Sales, “Diffractive-Refractive Behavior of Kinoform Lenses”, Applied
Optics, vol. 36, No. 1, Jan. 1, 1997 (pp. 253-257).

Yu, “Flat Optics: Controlling Wavetronts With Optical Antenna
Metasurtaces”, IEEE J. of Selected Topics in Quantum Electronics,
vol. 19. No. 3, May/Jun. 2013 (23 pages).

Lo, “New Architecture for Space Telescopes Uses Fresnel Lenses”,
SPIE Newsroom (The Internat. Soc. for Optical Eng’g., Aug. 9,
2006) numbered “10.1117/2.1200608.0333” (2 pages).

Buralli, “Optical Performance of Holographic Kinoforms”, Applied
Optics, vol. 28, No. 5, Mar. 1, 1989 (pp. 976-983).

Lu, “Planar high-numerical-aperture low-loss focusing reflectors
and lenses using subwavelengh high contrast gratings”, Optics
Express, vol. 18, No. 12, Jun. 7, 2010, pp. 12606-12614 (9 pgs).
Vo, “Sub-wavelength grating lenses with a twist”, IEEE Phot. Tech.
Lett., vol. 26, No. 13, Jul. 1, 2014 (pp. 1376-1378).

Yao, “Wide Wavelengh Tuning of Optical Antennas on Graphene
with Nanosecond Response Time”, Nano Letters 14, 214 (Amer.

Chem. Soc. Pubs. 2014) pages marked with letters A to F (6pgs).
Khorasaninejad, “Melalenses at visable wavelenghts: Diffraction-
limited focusing and subwavelengh resolution 1maging”, Science
vol. 352, Issue 6290 (Jun. 3, 2016) pp. 1190-1194 (6 pgs w/
abstract).




US 10,132,465 B2

Sheet 1 of 22

Nov. 20, 2018

U.S. Patent

O e . T
1

121

11111111111111111

' o
vy B R i T o Ty A Ny W, O N g O N, T ¥ e
. . . . . . . . . . . . . . . . . . . - "-.- -:1-:.:- ‘"

™

N oo e e D ey 'f-'l"ll'l"f"l"l'l"l'ﬂ‘l'l"l'ﬂ1hii ll'-ﬂ"l¢

105




U.S. Patent Nov. 20, 2018 Sheet 2 of 22 US 10,132,465 B2

EE O

4 s
- +-- .- .
4
"
F o o-
R
" -
]
]
1
1 -
. - .
1 1 . .
x . . -
- .
- . s et
] ! R -
. - - -
1 - . T
. L om ok omom
] e .
" X . LR -
. - - -
. »
1 . - " W T
1 - "'r-"*"
. o ke -
!, - - -*' .,.q.'r*.ll.'. LT LT
| S L w e
- .o -
1 X,
B T T T L T LT Lt LT L LTt LT L LT Lt L LT L LTl LT T LT LT T LT T T e ® 1T m bk = = @ komomomomom ks komkomkEsm s mkoEE o
e e T T T e T L T T e T L T e e T e T e T e T e e e T e T e T T Tt e T T T e e e e e e T T e e T et T T LT LT T LR
- - . ate . . - . -
1 uTs - - .
\ . L on - - h
. -
A r -
1 . . -

' - - k- -
- Lo ko= = = n
L - . "o Lo
. 1k B - - - - =
P - e - EILS

a
[
'

w sk hhhhhbhbhhsbhbsiiihbhbsbsbsbsbsbsbsbsbsbhihihihsbsbebsbsbRs&S
a
[

'
P -
+_+.a_4.4,4_4,4.4.4.4.4.4.4.4.«.+_1_-._-._1.1_-.,1_1,-._4.1_4,*.*,*.-,1_-,1_1,-.J-,J-.J-,J-.J-,a.ﬂ-.-.J-,a_ﬂ-,ﬂ-.l,-.-l.-_l.-.l,-.-l,-_l,-.l,-.-l,-_l,-.l,-.n,-_-,-,-,-.%-’




U.S. Patent Nov. 20, 2018 Sheet 3 of 22 US 10,132,465 B2

[ T T

d .F!!H!H!!!H!H!H!H!H!H!H. - - - - .!!!H!!!H!H!!!!!H!!!H!H. - .!!H!!!H!H!H!!!H!P - - - -

- e

1

] i .
! \ . .
' ! . *
! v 1
! Y K .
] 1
Ly Ly ]
' o«
! - L
’
! L
I L dr i wak e de w4 dr e ma e dm mrndn e b omak i dm e e de ma s e e ek e ol mac o el ma dp e o g dmde nd o i Eradp e e i ma dp e memd e mA e R o wand e i o dpde o mah dp ol s o el ma s e dmanh dp e Ernde e b ma dp e we = dr i ki mrak s g Eac e e oma g de de e'E




US 10,132,465 B2

Sheet 4 of 22

Nov. 20, 2018

U.S. Patent




U.S. Patent Nov. 20, 2018 Sheet 5 of 22 US 10,132,465 B2

......................
..................................................................................................................................
............................................................

ar

- —— —
- o s el iy T i SR R
ol TSR
. . . . - e e . . e -
ey

A T T R T T T e e T T T T T T T T T T e A T T A T L T R R R R R T T T T T S A T T L T T T

A N R N R T




U.S. Patent Nov. 20, 2018 Sheet 6 of 22 US 10,132,465 B2

‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘‘
..........................................
..........................................................................................................................................................

201

R et A O Y Y a@u—

R T T T T T T B T T R R R R T I R I T I R T T L T R T R I T T T T R I T B R R I I A



US 10,132,465 B2

Sheet 7 of 22

Nov. 20, 2018

U.S. Patent

e LK R TeRTE __.—t.-.-_.-.-.-_.-.-.-_.-.-_..-.__.-_1-_.____ s .-_____._-__....__.._..__._-__...__111_-_11-__-_ " a
i- I-.1 . . "-... . . .-....I.-I_I__.- ! L
L ) I_I- L] L ]
..-." . - . l h.-_.rl' .-."-.
- L I
" o ..“..1 P
. . . = e 1
. L e
..-." . . . - “IlI.Il...- ] .-."I .
I- . a .l-.l-... . .'-.-.
* -
o - A
o N . o L
* - e .- ) L I I I T R N BT B B
..-." . .._.I HIIIII Il.l-_.- Illlll-. lll- Ill. _-.-. .-_- .__.._..-..-_.-_Il_..- 1.-__.l.-“ “m..uthluil “. "'"1U| lu ".h"_..lu “.- .-_H.-
- . * L L |
o ' e
u LA )
”. g "
- watt .
q. L %
.t" ’ . .-....I«..-_ t".-_.
.”- . . ...l.in.l: il ”—."
o Lt Y
.l" . . ‘l"..l‘ll‘. . . Fu-...
e . t__.I-.l .a W
5 i i
pLIE . gt e
.'- ' ‘-'.-I ' - i
s R b
-'I LN .:l. - . . - m ¥ .
* L L &= r
.”" . s _1.._. ___......1 b LR T I_-.I_-.I_-. - ___.I_-.l_-.-.ln_-.l_-.l_-.l_-.ll..-_l_..i-_..-...vl..-.il!.-_l_.-.l.-_l.-_l.-.l.-_-”-_.-..I“.I....
| -
. ”- . l. hlll-_.. | ...1".
] I -
.i- . l...- ] ' - . I!
L] - L] L]
. L 5
* - oty -
.‘. . . .' | B L ]
. e g5
..-." ) ) -..-ln_r ol ﬁu.
.”- . - ll.ll!-.. .“.__.-.
[ | w_w @ F
i Lok 3
- . .-_._ ) 1’
L e o ¥
X e s
”.. .1. ._.rl.-.ll.-.._...._l-_._-_.-..ll.l A’ ama Eap I.._.-IIII.._II II . II ) II __-Il M I‘lﬁ.ll!'lllllllll!'nIlIlI_-I.I _..."". .
4 s
L T g
- ]
._-.“ R n_-_.-...._- ““ .
..-.h I..-ln-..—.ﬂl . : ...l".
+" e -...-_.-.- o _-"_—.
L] L] L] 1%
.- . l11|l = ..-i
" 'l' . . ' '
- B o
e, e g
sl . - " A
: o 4
’ '“. . [y ll“'.r H ” “-.-.
..-.-. . . !-.I.-.H -.-
‘- l.a."" “-.
- -y k
3 T e L R e e e =
. -_I. . i . L r -_ - w - 1 ._.1.-._.-.-.-.1.-..1.-.__-.-.-_..- .-.IIII-.I.- -.r “
- . - +*
o R . -.E.-.
- Cooen e
L 2t L] ‘.lﬂ ..
”" : l"l_ -.'l'..lq i-“.
» - B F + .
.”-” . l..-.rll.-.-_l. ._..-”
] . . w L ’ o
"u” . “-.l--d-_. .. .-_“.
g ._..,......._.uu o ...
.3 e T
s il .
".-. CaTe I.lI-. al ”I-
[ ] - -
-.-. . - I_-r.-_.._. -
”I“ : " u ._.t-..IJ__..I. " “""
LA e __.Il_
“" . .-.-_n-._-.-_.-.-._-_.iln_l-r-_-.- L uu._.u.-...u-”.. “__.l|._-_.-.-_.I|.-.-_ B e l!l_-.l_._lml .__-lq. +.“
3 S LT e
[ L G
"..1.11_-: - l-_..-... “..w” .
| . A - 1Y .
v - ..“-_-_—.._ v e
X o ra
-.'” ‘. Il.“I_ | ] " -
S . mhkF - r
3 R nt
g A
. . .k ., " T
1. . . P
. e T o0
N .,...u..u..., . o,
i"__ , ..II.III.I. ] l“-
”-1 -t * "
.l.1. N ...I.a.

-!-lnuu.ﬂ-.. __...'.___-__-_-_i.-_-_-.-_...___-rtl.-_lt_..l.---.---

-

T e L e g l._-..._-_._-_q_-.._-_.-._-_.I -.I.I.ll.l!l-..lllu.l-.-._.lul-..._-_ .

+ k

s e o LT

_..
I
[ ]
....rn"”"- ._------“
i A
.-_"".I""-._..-. - Il"-:..-.-_-
. . »
o

il . - . om 1

m, ...q.a....,m”

_..."- ’ ’ . .1-11-.-_“4...-1 ) “-"

”-__. Coag¥ o .-"

' ™ r

.. et -

.“"- ’ - .-.II.III_ ..I.I__

- . ..-..I. . ...l.‘.

.".. . ..__..-tl...__.!-_. ’ ."-_ . . .

l-.“ ur". n . - . ”-." ”...l '.-l...
T e . L e "
W R LT e
-I”. ) . ......H_ .H. .II.I.I IIH.I‘.II I”..
-".. . ._.-hith". | . el .-_lIl_-_l S
”-” "' - . l_”

" - . . aw-h %.
T R et

“-“ . . .In_“I:.--.-l_ . ”I“..

5 e w

- - . x - & w

» " ™.

" . .-..I...-lJ ¥

”-” . :.II.-.l_l._.II_..I. “ -

" - -

- ) et | .

--.I“ : Tk .-_lh-_- " 1”

L] w i -,

) . .....I.!il_. ..h._.'

.._..-_.. . .-_._...hI_.-_-._._ - .-“

| -4 B - ¥

" RS0 “

LI N L '

“._. - _._...-u_.._. . . . N

] . ]

".-” - 1-_|IlI|-_u|l-_||lllll|lr_-||l.._lll...l._.lllll.._ l.l..I..-Ll..I..I..l..I..I1.l..I...lllll!lllll!lllll!llta e At ”

, m B L

“I. ’ u l.-“llu]. ...".l_._ - "
A A
N o -....._..__.l. ' o
T S N At PR SRy
-...-...-_ .-..l..l..l_.-l- ..I.-'.-I.-..-.._.-l-..-'.-I.-I_l...I.ll.l.l.ll.ll.ll.ll.ll.ll.lllll.l'll.' . III ll- - R ..m- .1'.-..I”l”-.-...-.lu -I ”I”l“ﬁ.l I.-} -.I"l”l"__ ”I_- .-H.I -

. . . . t-_" = -...-...-_H

I_H__. t!-“.-.. ..-...”-.""..-'...ﬂ! . l'l!l!lj_.l.!l!- h-_..-_..I-_hiI ."" .l-_l!l!llrj_ - i ’
'“Fi.'”.!.t ) . - .'.' 'I.' ‘l- . '-“Frl" ) -~ a .. . '- ) N y "II".- l'l-l'l'.



U.S. Patent Nov. 20, 2018 Sheet § of 22 US 10,132,465 B2

L)
.
=1
1
[
o
P . P P - - . .
- - - - 4
Coe e e - - - - v
g R R L T R CRR
. - . P T . .
. Ty . . .- .
. e A . . L.
. R S R . -
_ _ "-..-.'.,. .
- - .. - - .
. ] LI
- - 1 b'i’r - b'a- 1 k
- _ y - STals
-.l_b'-~ - - :. L
- w2 [l "
§ - Y
- F - (R
. . P . P »
[ - g
o o - - -
e T LI -
- I|IJ- - LA |
- o - - .
rl - 1k
. L] - LY
-k K -
r . N »>
- L -
. - - . 1 a
= . - -1,
- = P ="
| - - m
. . . .."'1 . hh
| = [
A *-l'_ e .
-Jr* wloa
'-lb = ) Tb.l
- - =
LI
- B J
L
. . IR
- L
b‘ .
L
. 'y o-
.t - .
- r - .
5 . . '
o : 2
L] - . ...
o - L
4' '|.I
' .
- M
. T . -
. . -
-'F“ 1 l-.\. 0
1 -
. . L A
- - - -
¥ L
. L}
. A - ,l*
- .
. - -
o 1
. - "
. .. - ey
o . - - -
P - - - .
0 *I
| |
B
]
]
Pl
. . - » .
t
- . -
I )
W
. o _:l
R .
LI -
. . P
- - A ..
W . . . -
. . ¥ | - .
-.' ) A . ..\. ..I [ r
[ ] LI . ] . 1 . .
. . . ... - . .'b. P .." P .
LW - Lk . ~
. . ' ' . . . .
--. - - llllllllii.il:‘l.lllll.ll.ll-l---iilllllil..ll.llllli----------l--
. - - . H . . L]
l. - .\.‘. - - f - -*u - - -
. - b LI Lk
- > -, - .
- - L}
. . . a Lo
] [ ] . -.| - e
. . T -
r
N N L T W
] . - T .-
. 2 . [ T
] . . . N
.. P L ]
. . . -
. . ] oy . . .
.. 1-‘&.' ".' 11..'
. -k L]
) S AL : RIS
i . "
K + R . -
. L]
. - +t b"l. - L]
- L L -+
. . B - - S - .
. - . . IR I -
i - LI L
.'.. .--1 - -
. - . a . .
v
-, . .
- .
L L]
e . )
it L] B |
] "I ke
. - . - 1
LT L 'r_ _
- -
- . . e
o o= 4. ¥ -
. . 1. . L,
= [ ]
» q. o
o A St
. s, JI l. . r.l
- - I :J.
'l. . r -
. . -4- - 0 .l
1 T
S -
. Al
- [
r
) L]
.-
r. 0 _|.I. -
. - -
-
. . - .
= 1
“~ -
. §
- r
0 0 **I -
ERERE
.. P
.4. - b‘
. . .4
X -
-
.
'r. . -
. oo " .
' .
L . Y. .
- r - .
- B .
L T - I'.' _:-l
. -,'b . Y rk
1 - ' K
! e, ¥ I
. 1 . . ] * i
Ll : - b_ ' :. .:rl._
- . . - - . . - P
. B . v
1 Y- . *
q- oy i . -
[ . T [
i S . -
C ) N - . . "
[ ST . . - .
B - . L - [ . PR Tl -
- B . e -
1 ST T v -
g . T . -
- [ - .
L L L ¥ )
. - - e - .
: "‘bbr* . . :
- R o "-."b'q. r T wl
i - hl LI - e
- -
.- - - . - ..
a- L, b-.-.'q- . "
0 0 = -- - e T " ---.- - --
H " " - -|'l - L I ' -
' ‘. .-.. - == ..-
a
L] *-.FI....'I---..I......I...:.-.---------------------------------------..-----------------------------------------------------------------------------
- - - - . - . -

[l Ty iy T e Ty iy




US 10,132,465 B2

Sheet 9 of 22

Nov. 20, 2018

U.S. Patent

T HRRAER

fedopdd T

...
; 4

»

L ..

iy

h

B L e A




-
™
o0

4

4

i

US 10,132,465 B2

Sheet 10 of 22

Nov. 20, 2018

U.S. Patent




Phase Shift {degrees)

. ..tut.ru. ”“l._..iminﬂp” .j_iw.m.
R N ..w._....__,. : Lty

-
. ..lr..lr...
e

L O o WS e g

S R e R R R
..l i.l.1.-l11.fll.l1.1.111-1 1 F F FF "= 1 Fr & Ja r = m r 11111...11-.11l.1.l.‘ N 1.1.-_1111..r1 ..1.-..[11111-.-..111111-11.'..-l.111—.r11.-11.1.1 ..
- or v .-.-1 LT - 111.1.1.1111-._1.!.1 L B .

r

1-'& L]
L

o

LB

L
v &+ By

L ]
N e S

. b. - .. . .. b. . - . . - .. .. .. ..

US 10,132,465 B2

EE N N N N NN N N N N N N N
- g i

Iil

LA 2

rors

L] 1;:;!

i

LI
1
LALH

Sheet 11 of 22
A =325 nm

s
f

400 nm

-
i
Y L]
O R
aeTaT

i

-

Ju

hi

X

[
)

b AL F o

s

x

Nov. 20, 2018

' . K4 r
- Pk roror
' . K koo
— 3 " hmoror
' . wmdoroa
— r rdraoror
' ' rir.or
— rdr ok oror
' . -l
— r homosor
. - L N
o 1..-_.._-_.11
- r .
rEdrocrr
X A or oo
r e d@rorr
r Xk oo
ra oo
.o o
1|.r....._.11 []
o
r M kow
.o -
1...1.-.‘..
roa W
ror '
.1.-.”.._
rrom
q...T.-_.r
raom
.1rl._.
rroa .
o Fh
rnon da
raow
r s A
o
ror oy
. .
rroa R
rom
rror §

L]
LR |
L]
=11

W Taa
- .
" e
atala
- .
TR
-Iri-"#'i-'l-'i-#q-

-

L ] L L} r o . l.1 r - -1 -.. ror r r - -.--

..-_..__h.__..r.h.....qa..r-.... LNC I .l“..a._ LRCNL N .I-n..-.1 .u_.....n.n.l....
.-1.l_.._.r.._|.-_-_.._.4l._n.l.1- . ...!..l..l..-ll...-_l.._.r.r.r.__l.r.._.._.r-..._
P T P T e e T T

R NN

5

P

UOISSISURL |

U.S. Patent

AR

m
L
O
v.(
>

:



US 10,132,465 B2

Sheet 12 of 22

Nov. 20, 2018

U.S. Patent

P R 4

w3 " 7

IR R R B st

v~ __w lvlmiwi %
%




U.S. Patent

Nov. 20, 2018

JE T,

4 4 4 4 4 4 a2 4 4 4 2 4 a4 d d a4 d d d d d d Jd d d d Jd d 4 d a2 d d d d d d d dd d d d Jd d d d d d a4 a4 a4 a2 a a a2
o F F F F F FFFFrFrFPrFPFPFPFPFPFPrFP PP P> P> FF PP FFrFFFrFFFrFEFrFrFFEFFEFrFPFErPr;Ssrerrrrrrrerr

" s = = % = _m_ % _ = _m_x_ = __u T ) LI ]
s m'rrrrrrrr sy sy r s e = s oam
. P i T T T e T T T T I R R R R

4 4
==

F = =g 4 ¥
my r e g

B
SEsT S

RN

LB ]

1

L IS

rdd 4k g Fe oo
Bom e Bl r o=

[ 5
-

- _m_u_u_-
.
.-.-'-'-. - .

[ m_" m_dll_* = a_ s _m su_u_mw_u ' ' g ! @m_m "
[ ]
I_-illl-ll_ll-l;l_i_-l_ll_-l_l;l wielalel e ate st

-

'_-tt#

P a
LEERE I

o g o4 a
oy o=

- e
L I R PR

FI |
4w mpFp g

E N N NN R R
P " A F R Fa s

_i_l'F :-!' T

"m '-"-".. TaTal,

. H?l?l?l?l?lH?l?l?l?l?l?l?l?l?l?l?l?l?l?l?l?l?l?l?lHHHHHHHHHHHHHHHHHHH ?l?l?l HH#H:

» - =1 -
i.' ‘-ll‘lt Wiy -'.-"-'1-' i, ~I*-b *i"-* "‘.-'#!'*'I L ; LA "l."q"q"q"q"q"qi'.i;-‘* q_-‘*-‘* . +"q.‘* #_.‘
N l" .' ‘-""‘ L N E N NN "““"""""““"““ "“.-
l‘-" L L N -'"-'--"-'--"-""‘-""
l“i*:"l"l'"'|‘:.i.#.f' L NN N N N N N N N NN "'

-I-ll'l'l-l""

e mwm o

|
B Ll
.

iy ".".",".".

llli-"

¢=:=~::*'-*-:~:? RRRERERE
'.-.:.M;":_

: -.-.*.-‘:'.':.*_'._ e
'F'-u-"'l"a--l-* lln'lll‘l:lllll--- M‘-‘-‘--‘-:-'-- R
_ 2ra'e e -.;’-.n:-:-:-.-.-.' noeie B o :_.:._:::::::::_‘
. Lo » ¥ u o
.......... dussdiagidniane: .'.'t'r'?-f:""':&..::'%'i"i::':' S
- q.- L "
. =,

& L | L L ] 'III 'I I.I
: “E-‘:-:-::F:‘-:_"'-" R o
By lI'I_I'I'I I.I I‘F‘I L oL L ] I-' I.I Lo N L | III
DA R

-' .-

'-"'-" '-I" I' I" '- . L L
e e e e ot

' L] L] L] L] I.
T
".' ".'" -' " ":':‘:I‘
EREERRE

. . '.__.'-. o M

: e

:::::E::: e ...-:E::ﬁ:.::,"'
ey '-.'-.':.: E-.:-.:-.:-.:-.:-.:-%.' =
S mmm

l - "'.'"-"-' : - '- :':'.'

¥I-l-v‘lll-l-‘l-‘l-

o s

......... |,1,.....

-'|.IIIIIIIIIIIIII.III

- l’i'..'. l'.'i
:'I*.*.*.*.*.-.*.-. '.

s
s :.'.-.-.;

Tt e

Wty Tu
ﬁ._ [ L W | ] [ ] [ ] &
:-:-rﬁ’:-:-r: ey .M m:-: '-*‘ *- e Raeas

:-:__--. '=:-" e ot
Attt ey

n "':-. Tt e

A A NN AN - IHI“I'I-I'I'H- ":':':I:

L "'-:-:-:,:_ "-.

. [ ]
':" ' .'r:a.:r.'.':'. :":':-!-!-.:!-. '-"E.' " o e '.:.:.:
.'" ":'I I
m e ..-.q.- »'E*"'ih -'- -*-.'-=-t=-t=-;:5:*-=: e
- . M

I'I‘I‘l.l‘ll‘ll‘ll‘l‘l‘lI‘II‘.I‘I‘I‘II‘I‘I‘I‘I‘I‘
............. 4 C e e e . .

I.I
I I
a

et .-Fu"'-"'u"u"'. Tt

SR SRR TR . M':‘:':':‘ .:.' st tuletae m e
- iy l-'ln :':':":':':;E.g“ -.r:" i T :I:-'-': :::::-::E:.:'- » IlIIlIll"':"'::

Mp,y,ﬁp, -.i-"l m A A e w
[

GO e e e : e e e

. '-.'::':.'l ' ' ' 'll '-'-'-'-'-'-'-'-'-'-'-'!'-'-'-:::':::"
L "'E:::E:_* t:'r'::: _:::.:‘.- R -.-.-.-.-.-.-.-.'.'-'-':'-::'
e . .'l'...e" ™, ----':"- :' T"'II'!":l‘ IEI'EI ll'ln

. "

!
R -..:a.-:a-r:*::ﬁ*

-rqu -rq-lr-rq-
.

----------------------------------------------
......................

-':':Eiﬁf' m-i'fm .'.':':'.'.mw.'.‘.'.'.. AN

pEp Lriele

ol M
HHHHHHHHH .
.. ] "H"HHHHHHHHHHilHHHHHHHHHHHHHHHHHHHHHHHHHHHHHHHHH
- M |
""" Al HHHH
Al s A A A N NN | | A A A A A AN N N A A A A A A N AN

e oo e o i e

H"H"HH:H:":H:":H:HHH?l?I?l?lH?l?l?l?l?lH?l?l?l?l?l?I?lHHHHHHHHHHHHHHHHHHHHHHH?l H"HHH"H"HHH"HHH:
................................................... . .
HHHHﬂﬂﬂnﬂnﬂﬂﬂi‘:ﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂ:

]
X
2
]
&
]
l

|

. i : "H"i"ﬂ" : : H"Hnﬂﬂﬂnﬂnﬂﬂﬂﬂﬂaﬂnﬂnﬂnﬂﬂﬂ Al A N

R R SRS

......... L. LA
. Hﬂﬂnnanna

Hﬂnfﬂ:ﬂaﬂ:ﬂﬂﬂnﬂiﬂnﬂﬂ | HHH"HHHH"H"H H"HHHHH"H"HHH H"H H"H"H-H | HH"HHH"I"HHH"H"IHH"HH H"HHH H"HHH"H"HHH"H"H HH :HH"HHH A

: *‘?'1 : 'f-:-.-:i:-:-:-:'-:-:-:-:-:-:-:--- e

i- n 1 [ "l:i- ] -
M 'I:::}' I'II- 'I.l" L ]

. . "-".F-":'-"- e ' '
5—% " oA u;.-, "'_. 220 -._.,.,‘-.-.'.-. ‘::-.- o T e _

Sheet 13 of 22

?.a"s:
::?*:-'5

US 10,132,465 B2



US 10,132,465 B2

Sheet 14 of 22

Nov. 20, 2018

U.S. Patent

fHu_.unu..HIH!HHEu..HIHF.F.E!EPFHPHHHIHIHHHHH HHHHH HPF.F.PH..PFHHHHH.HHH v..u__
LA MM e A M MR N KKK k
o N

|
|
e
HH
Al
A

M

E

a
Al

KR

o
M
M
)
2
|

EY

u..”HHH”H”HHH”H”HHH”H”H”H”H”HHH“P”’. A, v”
MR E XM KX KRR NN NN NN
M N KN MR RN NN NN
AL XX LN EXEXEXLNENELNEN N
v”HHHHHHHHHHHHHHHHHHHHHHHHHHHHHHHHH?.—.

o

et

A
)
A
o x a
i)

o R KM
"HHIEHHH
E
HI!’HI!H
M M A NN

H?ﬂxﬂxﬂx

H
L

F!HHEF!I!I!F!F

)

.
A
)

)
)
)

-
"?!
o
xl!
>,

b
F.JF”H“H“H“H”F”HFH E
.FHHHIHHHHHFHUFH X MM

H
FY
~
Y
e
?‘!

nHrHxHx“x”x”x“x“xwr“xnxﬂx”r”rﬂv
i
AR R A R R R AR R AR AR RN
o
; A A e A A A A A A A A A
o
! A A R RN XN
R R A A A A A A e AR A

! a0 XXX TN NN NN
: ; xxnnnxxnxxxaaxnxnxxnxxnxrxnnxxxnnr

N
A
o
F
e

Y
|
|
x
x
x
Y
.
X
X
XM
S
U Y T e e ™

i,
. 4

'H'H'H'H'H'H'H'H”‘H

“!HH“H“H”H“H”HHH“H”HHH“I”H“H” o,
N N AN X NN NN
. ” ” HIHﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂxﬂﬂﬂﬂﬂxﬂr. o

3 b 3 . 3 3 XA XX XX XN KRR N
ME M N NEREN KN NN N ; |, . ; LA A XX XXX EXEREENERSLNM K

-,
Al

-

RERE XX X B XFEXE X N X
RN MR N M Mo MMM MM N M X EE XX NP AR
”H”I”H”H“H”H”HHH”H”H”HHH”H”H”H”H ] s ] s ] . Lot HHHHHHHHHHHHPHHHHHHIHPFU
A ; ; L ;
LA X M XXX NNEXEXENREEX N s '
M e N R MR N N N M N RN ] 3
MM MK EEREERENEREE NN TR N N k
HHHHHHHHHHHHHHHHHHHHHHHHHHHHHHHHHFU s s . ] e

o e
A
x
.
H
x

st
k]
F
"?l
Ml
F
"?d
Ml
XN
-
Al
Ml
Al
|
Ml
A
Al
X
Fol
™

M
-

A
x
H
.

-
|
|
|

Al
Al
Al
Al
|

A A A
H
Al
|
A
H
Al
N
L ]
Al
H
Hi‘l!
>,
]

"
M
Al
F]
"HH
-
M
E |
M

x,

L
XXM HHHHH“HHHHH“HHH”H”H“H”F”v_v
EAEXLEXELXEELRELEXN
L HHH Hﬂﬂﬂﬂﬂﬂﬂﬂxﬂﬂﬂlﬂxﬂﬂﬂvi

¥,
W
i
i e

HE RN ; :
LA X XX XEXEXEXELEXEXERSEXER ML ; ; 3 L 3 ' 3 ; 3 , LR

]
)
)
)
|
)
X

x
) xnHnHnHnHHHHHHHHHHHHHHHHHHHHHHHHH : ; ) anx nHnHaHnnnaann“nna“nnnnnnnnnnn”
KA EE XXX XN ! ! ! o ! ! A A R o e W
E o ; o
R e A R A R R A R R KA
A o
e e e e e e e e e e ey ! A A A A AR AR R AN
.rxxnnnxnanxaaxxnxxxnxnnnxnxnxxxrrr ! - ! . ! ! i

L ; ;
r X X xannnanxxnnxnanaannnnnnxrr .

A
A
A
A
Al
2

" ! ; ; A ; . ; LAl ;
vv.“rHn“n”a”n”n"n"a"a"a"n"a"n"nna"a“u"nnr ; ; ! . A o ; v.xrannnnn
XA AR X E R X ER KX XN E AN . A X R R
v.v”xHnHrHa“n“nHn"nHﬂHﬂHﬂHﬂHﬂHﬂHﬂﬂﬂHﬂHﬂﬂﬁ ! ! o ! ! ! A A AN ! v.xran:nanan '

rxxxrxxnnanxnnnanxnnnnannnnnnnxxnxr !

xR XX HIHIHIHHHHH Y
o s IIHIHHHIHHFPHU
ER X X X Hlﬂlllﬂxﬂxr.v..__
]
R_E_X X

" FEJE B M M MM
M NN N
e
xR IIHHHIIH ]
Hﬂlﬂlllﬂﬂﬂw

.
Fﬁxﬂﬂﬂﬂlﬂlﬂﬂﬂ EX X K

; ; ; ol

N N A N N T T T T T T T T T

.
I
] I,
k R xR
: _ ,_”,.m,_m.m"m"m"m"w""m""..",".",“,",“,..
HHH lﬂl llllﬂﬂﬂllll
HHH IIHIHHIIHIII
F R KR
| e
lﬂﬂlﬂl
" nnnmnnlan ; . . . m"mu"
el .
o e :
-

) n'a":":
:a:h'l'a:a"n
S

g
e

L ]
|
o

M
*b

I

bb

o

N

. .

e

o e

"
L
'

»

]
i

)

o
T
]

it

]
e
4
)

H!F! o M

>

) .-......-.._...........-..-..................-..........1...1........................................................................................||||||..|.

v r.u..”u..”u..”u..”u..”u..Hu..Hu..”P”FHH”HHFHH”HHHHH”HHF”FH PF!.FFFP
A o N
MM M A A RN N M RN N MM NN
u..Hu..Hu..HHHHHHHHHHHHRFHFHHHHHHIHFHHHFHH’.FF u..

Wy
'I'FI'I'

FHHHHHHHHIHHFHHHPHF
u..r.u..HHHHHHHHHHHﬂﬂﬂlﬂlﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂunﬁﬂ!?

)
™

e
Y
EY)
2
Y
X
)

L
i)
»
i
ol
e
*
o
)
o
X
.!:-
i

H”HHH”HHHHHHH”H”HL .HFHPH’.”HHPHHHF”HH’.HF u..
A N
EE N N
FHPF?HH!HH!HHHHH!HH!P
E o N NN N
MR M M A N NN M N MM MK MMM N NN
R
P A M e R A M N M N NN XM NN N
A e M R MM N MM KN KK N N
A A B
F ol N i
E i N
A FFPFHHHHHHHPHHHHFPHU HFHHHHHHHHHHHHHHHHH

]
:-::r
oA A
S|
F
)
S |
Y
=

]
Y

)
:-"1-
'HP'I'

;ll\l
™ W

w
EY

X
P
o
M

]

Hd
]

AR R M A M K KKK KN KN K
u...-._v.u..HHHHHu..HHHHHHHHHHHHHHHHHHHPHHIHHHHFHJ! A P H.

U.HHHHHHHHHIHHHHHIHH.H.
Pu..Hu..HHHHHHI..ﬂHHIHHHIHHHIHHHIHHHHHHHHHHJHJFF

'k rr bbbk rr

v_.”H”H“HHHHl”H“lHH“HHIHH”IHHHI”HHIHH“H”!” ! ”v.”H“H“H“H”H”HHHHH“HHHHH“HHH”H“HHHHH”P”!P x F P
P u_ EEXXEKELRERESXESXEEXEXNLRESLNM, u..PHHHHHHHHu..Hu..HHHHHHﬂﬂﬂﬂﬂlﬂﬂﬂﬂﬁﬂﬂﬂﬂﬂﬂﬂﬂﬂﬂ.ﬂ
Mo e e M M MM N JE M N MMM N NN

HHHHHHHHHPu..r.HHHPHHHIHHHHPHHPHHIHHPHF v ~,

v.r.u_ Pv_ u..u..”u..HH“H“H“H”HHH“H”l”l“l“l”l“l“ﬂ“l“ﬂ”ﬁ”!ﬂ -,
AAXRXRERERRERREXREXZREXRERERZIIREH
AR XXX ERREXXEXERXERE N N
MEERERERERERERRERIEHRIHER®RHMR S SFXHN X
AAEREXEREXERELERELRESLLERSESLEXX
MR RN R KR XN XN
X REXERERLXENEXEREXESEXEXSXEXESLENXEX
M, AKX XETRELEXEXERRERRERSHRSTN
HFUHHHIHIHIIIHHHHHHHHEU
M EXEXRERERERZXRIRERIHETHR® S EMRRIIE.D: D}
AMEEELERE LI EILALEXERERST
Mo I R R R XX NN XA
AKX REEREERERZIEXEXEXELEXESXEENXSE N
* un..Fu..HHHHHHIHIHIHIﬂﬂﬂlﬂﬂﬂﬂﬂﬂﬂlﬂﬂﬂlﬂlﬂlﬂr.ﬂ

”H”HHH“HHH”H“H”HHH“I“H“H“H”HHH“H”HHHH El
L
MR N MR KRR R N XX N N NN
Mo RN NN R E NN NN 3
FHFHIHHHHHIHHFHHHHFHH
MM PN M N E R N A NN 3
HHFHHHHHHHHHHHIIHHH
HH?HIHHHHHHHHIHHHH
A RPN N N R E N MR N NN A
N R E NN M EN NN NN

HEX R X RN NEENEREXERERE N NN
u_.HHHHHHHlHHHHHHHHHHHHHH’.HHHHHHHHHHH “.”.

H“un”H“H“H“IHH“HHH”H“H”HHH“H”HHH“I"HHHH ..__.Fu..
AP A R N RN N NN NENERXER q
M EREEE NN EREENREEREREREEREN N
MM KRN E NN ENENE XX ~,
!.v.H.HHIHHHIHHHHﬂﬂﬂlllllﬂﬂﬂlﬂﬂﬂﬂﬂlﬂﬂﬂﬂﬂ H.H.H.
u_

P,
™ )
o

k.
>
]

~
)
»

Y

]
l

i
ok
3

o)
]
-]
F
|
A
F
]
]
F
]
]
F
i
|
F
|
|
’H
’F!
p

.

.

+
?I!
bl

;.-
‘™

”u..”HHl“HHH”H”RHHHH”H”HHI“H”H”H“I"IHHH ” _”.
A LXK K XXX XESLREXXEXRER:N ™,
LA N RN MR R EN NN E RN NN
MR N RN ERXEXEXERERIREHMS S ESERHR -,
F..FFPFHHHIHHHHIIIHIHHHHHFP
LA M A R R X XXX NEREXERX ]
ARERERZESXSEXEEREREXEXEESXSEN N
K RERERERSELX XX MXEERESLLEERSZST ~,
A A A R R EN KX XXX EREIRISEDN N
LA M A MR K E R R NN RN EEREX ]
LA XX REXXEELNENERSENEERESLERAN N
PR FEFECFE R N RN XN E N N KR X o
i HJHHIHHIHIIHHHHHIIHH u.. HHIHHHHHIIIIHHIHFHP

X REXERER X ERR MR E N KR XN NN N
u..u_.HlHHHHIlHlHHHlHlHunﬂﬂﬂlllﬂﬂﬂlllllﬂxﬂ#?!?v

e A L AN
-

+
?d

v.u..u..HHHHlIHIlHHIlIﬂlllllﬂlllﬂlllllﬂlﬂlﬂxﬂ

;-

3
Fo

u_.vu_ u..””u..u_.u..””u..”HHl"l"l"H"l"ﬂ"l"l“l"ﬂ"l“ﬂ"l"l"ﬂ" lﬂ“u_.v.u_
o KK IIHI lHlHlllﬂlﬂlﬂlllﬂﬂ!lllll?ﬂ?!r.

p

i A A A
vrrnv”nrnv”nrnvnnrrv

?!?"

”r. o X
v.rxrrr

F”?“H“H“H"H”H"ﬂ“ﬂ"ﬂ K
A RN MXEERRERDXR
AT KKK NRKHR
AR ERERZXRNXE
M B RERERRERDNIE
EEXETXLXXNS
H " HIIIHHHIIIH ]

-:.h.lllllnlﬂﬂll-

:H}HH-I"

L

‘.-I
L]

[

"

i
-

L]

»
[

-ﬁﬁ-----ﬁﬁﬁ---lﬁ-lﬁ-lﬁ-lﬁ-i--i-i-i-i-l--i--l-i-i-ii-
L ]

B -...i.-..a.n.._.rn.._.._n...n__.
Ak e ke ke a dr o F

.l.._". » r .__.u..”“u..”” g T .' - l..._ 1.-_| Tl._.._l .._11.-.._..11-.1. ..ll.l.l
- rrr..rr.r—_—._.rrrrr1. TRl I TR ...i-.-.ru...rr.r.rr—_r—.r.r.r.r.r.r.r.r.r.r..v r O E - - '
. I"w . ..-. s om l - .o . . . ' .-.- . - P . .1.1 . ..-1.... . 1r A - _
.. ._...-....I...Lll_,... . . .-.l”. il .u..- . ”..l.r. e
a ..I_.-I....... . . .”-...-.._.—. L . .
. .

l.'.'.'.'.h-.

L]

[ ot ey o e o Bl B bl B Bl )

-



US 10,132,465 B2

Sheet 15 of 22

Nov. 20, 2018

U.S. Patent

..........

L B ..- ... F o ..I....l.r.rl_ri-r.-.r.l.........n.:..-r\-hl.l.l.l.

................
..........................
.............................
..........

......................................

ey SR S ' 4
' _..E - &@TIJL.?AWJI.TTM..”.{TT Lnu.-wtt”:.r.r-i”
'k VT . L .

e
--.-* .

83




U.S. Patent Nov. 20, 2018 Sheet 16 of 22 US 10,132,465 B2

o '-. T ]
. "',-."
Al
v

- -r-!#-r-!""'-""-r'-r-l'rq- -
,;:-r’-.* *.':':'ﬁ':':'. v ”'”'*'*"’"'*"'**'ﬂ"""" :

Y

T e

l.-bl'i

ll
i
s

&

_______________ g4 om

a ey R i

.‘ . . . S e e e e e e e e
M IR I .-\.-..--i .--\.-\.-n.-\.-\.-\.q-q--\..-\.-.--..- "L L oL ;.----\.-\.-\..a.qn.-. N R R AL L e I I
o RRSAS lb"* --i-ltbh--i-tf.'l"-i"ﬁ-:- h-a-‘-l-"a-arar- T’ '-T‘ ‘.-: --u-il'lil-il‘:i':-h Yy -'--l;.:r"b- o
: : el TR . . . : ¥ N .
- .. .. o - .

-I:-I:-l:
v
N
T e e S R I SO
Fo
LI |
]
: e
¥
- -
e
. e
) M
-l . *t-
...:.. . -
L .
st
e
e
o
e
e
A
e
o
B ¥
ey

&
i)
e

l!'.-I
vy

. . W e e e e e e e e
) _‘__ - - 4 T F W FFFT f‘_' '._"_"_'l'l"_""_"_'._"_"_'l"_"_'._"_'b'."_'.'l'l'l' T v -I"# L I 'r#.#.#.#.#.#l#.#.#.#.##-ir-ir-ir##it.#l#.#ﬂ-t.#.#.#.###_
L ] N & b k& K & & &N N & & &k & & k bk bk FFE ¥ ".’-*I*- -\.q.-..._-.-..--......._.....-.--.q-:_-*
. . . . i S
. . B o b
*

d_d_d

L]

i,
--.-.- o
et T e e e e e e




US 10,132,465 B2

Sheet 17 of 22

Nov. 20, 2018

U.S. Patent

=)

E’"""""""'.""""'."'"'"'."-"-"'."""""""""""' N Eass.EE -

701

A

.

o _-—TTE T TE - - -."'."""""'""""""-"""""'-""""""""""""v"f

e
AR
3#;g%§$

EXE LY

Inly

S

e
4

¥ g :?"*1*'
2 +

w3
3
¥
%
; Z?.t g I ;
By ¢ WA RIIAR
-t :'1"*-‘_...
Dl W d
%

'
A

Yt
?
o

X
5

Wl e Bl MWW R D S ™. ﬁ

ve
7
5 90
L
i
o
]

b
ﬁ
H&
®
%

o
$

%
.;'B"' g
F&
¥
ﬁ'#_.
##?
& &
&aa
ﬁr
%
A
".*

#
2
&
&
?
&
%
.
¥
%
R
L
#
R
%

W
%gﬁgx
%ﬁﬁgﬁ
ﬁﬁﬂgé
_~ﬁ$%ﬁ§
&ﬁﬁg%.
S g &
el S g
Wog
B
Ly
o5das
‘h\z'
\
NS

»
<
2
o
&
g
&
LS
@
%
¥
&
"

3503
o268
AL

8

Sa

Sala:
SARATAY
§§
¢
2o
e
\.‘
X

R e o

m .‘ ._Mﬁ..._wnx.?ﬁsuh‘#ﬂ4x$i;ﬁ,#ﬁ4£

G P v ol

Y . W A O U G )

TN e e D W D R D 0 )

WLl A W WD WD O
WO Y A e B S N S
GO R G I e RO A e )
i e - RN T
#o R AP U Y G e ST e R S,
W - o

&
&

=Y 1

@
&
%
=
L
&
2

B
&%
2%
.8
&%y

ok
oV e
&
gﬁ
ﬁ%

Ve

@
&
=
e
o
9

¥
By
S
L
% :
2%
&

H
o
3
£
Dpsed
Sy
g
&3
&
£
¥

&
¥
-
&
o
* o
2
y4

%
3
Yo

s
8o

¢<§
ag
bY
o
Ry
L
eERy
g o2
iSoRatoel
\"H.
”\;'/
910

ga
2¥
§¢'ﬂ
%ﬁ
gﬂ
.ﬂ'g '
3
$I
@ﬁ &
ﬁﬁﬂ'

.ﬁ; s
ﬁgﬁ
ﬁ.
V4

¥
5
&
3
&
&
2
s
@
o
3
&
&
%
@

S
&
e gﬁ_
%ﬁ
&
42
&2

A
o
OIS
e
0
&8
A4
o

R g

SR e S e e
migﬁhLﬁithKEmﬂmﬂm_

R P T A o alkga o
B RS A L LY ]

. +... o Al o w0, S 84,8 ﬂwx,ﬁﬁ.#}:‘.m
O S £ L T Y e T R

T W g g
o . .__....y..;.ff ool NN N
:ﬁw&ﬁﬂﬁﬁﬁ@ﬁﬁ@ﬁﬁﬁﬂﬁwmmf

.................. mﬂu,ﬂ

LOIHSO 4




US 10,132,465 B2

Sheet 18 of 22

Nov. 20, 2018

U.S. Patent

....1.1...1.1.1.1.1.1.....1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.1.111.1.1.1.11111.1.1.1.1111111111111111-11-1... . (I S S

o A A A e A
] r.v A :.r.u_.v”v.v”nv”nv”rvr.r.vv.._rnv”nv“v.v.vv.v.v”x A
N N R R
il ol A A

g A A A A A i
L A i
ol o A A
L A A Al A i i
A A e
A A A A A e aa a a
A A A A A i
T e
ol Al A
L A il A i
A e a a a
ol A i
P A P
L A e
x”.v_ﬂvrv.rvrvrv.vr iy

..
. anr.xwvﬂn”v.”rwx”xwrr
a0 e
A
E A A
ol A i A
o i
2 P B B B K K M KKK
ool
A o a e e o o e o
O A A e A
A A A A A A A A AL
B B P oy
o A A A A A
L A A A A A A A A A
P B e P e e i P Py i P B B
A, xvvr,_.vv.v vu.rv.rvrv.vu .rﬂv_”v.”v.rv

i

a;

b

W v.v”v o
PP KK

o o Foor L0
. FroF L P Pl R L R T .
o B R
[ L rrrFr P F 1

o T T T e T T T T LR R
. FroF L P PR L R T .
o ] .u_..—_.r.v.v o P R
. T R T T R R . 3 o rrrrorororo
LI L R e N H”___ F ol i ol u_.u..u_. , u__ ol LR
[ L e e il i A A A A W A AL MW Frr L orF L r .
o FE T T T T T T T T T o~ v i b h .u_.v v_u_ v“v u__v v.r. i P!r.v“. s .v.u_ P T T T T

; o ol
> v.”v.”v_wv_ﬂxw!” e ”xﬂnv.v.a ey
A A A A A A A
A A A AN A

A A A TN A
Ll i i e
v.v.v.u..v.u_.v.rv.x””hwv_”n”!wn”xv %
vv.nvxvv.v.v.vv.v”!v”n ks o b
i P

A
ol e
.v....”.v_”.v.”v.”v.”.v_”x”.___”...__”.___”

e
by T e BB

H H E v“ !r.!r.ﬂr.u_“ H
!

o P P P .
vv.rv.xv.rv. Ao AR

N O N O N el i e N
L R R R A A .r W Fror
R R M I MW PPl P e o P .v:.u_.rr.v AR A

o

M
o oo .u_v.wv_wv.wv.”.xw!”xwv”
A A A A A A A
rv.v.u__v”v.v”v.v”v_v”v_r.v.v”v. ol
A, vv.vv.vv.u.v.u.v i
v.”.v_rv.vv.rv_rr

WA
v.”v.”u___”.v_”.v_wv_”.v_ﬂv_”.xﬂv.n -
A T al aa a
e Cn
rvv.vv.vv KX

N R N N R R S e
P T T T T R R T T E Fr e P or o0
P T T T T T T T e R Elg R

R R T R T R T S T ol Frr oL or Lo
P T T T T T R R e T T T R T o e
R T T T T T T T R T I ol LR R T R T
P A R R R R R R R & P r

L A R T T R E Frr PP r o
T T T T T T T T R T T T T T X R R

Ey
.u.. AN
R e BB R

)
=
b

]

« & 1 1 .« ® 1 ® ® 1 ® ® ® F 1 F [ L A o L L I N D Y R N B

o P rFF PP PFPFEFER®F PP u_.!u_. .v.!v.v_u_..__”v *, il u__u..Hu_ rrrFrr oo

vt NN ! O i el o oA ra e e

e e o A B B o B o il et e

o e T e a e e A A e Al A A A . e

et et e e e v.v.rv.rx F A ’ ettt e

ST o Rl i ST -
et AT B o M POl ol i e iy o o o oM o R Mo Py N

et T . ’ o L

et e e, A e e A A o A A A A ettt e

A A A A El e A e

v L R N e a a a ol u__.v.v:__.v.v..v.u_.v..v.u.v..v_.u.v..v..u_.__. ol LR R I I
I L, v.u.v._v.v P a PR P KK PP B K, g P Py B B A N B o M P B B N B Lt ]

.__.. ...
arv.r”.r”.v”.xwxwv”.v”.v_”_v_”
S O A -
P A
i i
A A A
AN PN K

M A
LA
N N R .ru_rxrv_rv.wn”y””v.wv”v.ﬂr.”r”r”v.”.v.
A
N

al .v.u_.v“v.v.v“v.””v.””v_”“v_””x””v_””x”x”v

.v A A A

A Al K A a a
o Pt P a P g,

AR NN N TN AN RIS
ol Al A A o
u_.”.u.””u.v.v R

uu”....w....””u”....w...“” _”....”.r””u.”.....w...“”xw..."u

- v A i ki v 3. ”! I. 3

a ”.xv v” a; v.v.”.x.”.v u._..__.u_.u__” a; ”vﬂ
e S

o o
A A

o kP e % Frr P oo .
T T A iy e .
[ T T T T T O .Hv.. o T
P T TR R Fv?v?vv.vv.vv.vﬂ?!v?vv o et e
S T o oo o o ; AR AR vvrv.v. A A A A e A x ettt e
Ve A - o a oo e a a a a a O A g rvvv.rrrvrr.rvrrrvnrxv.nr.nv”xxn £ oot o rrr.v.rrrvrv.vvrvrv.rvrvrr.rvr ol L .rv.v.vrxnrxxrv.rr.rv.rxnvrrrrx x5 oo e o o Setet e e
AR R rxrvv.v v._.v...vv.v.rvv.rnv.._.v.rv.v.v.rv P 0 BB B e W R a P o Mo P L B A e N K P o e e o o o B e e IERERERT AR
D R B R R R AR o o o Al o A A A v.uv..v.v.v.x.""" A A A o oA A A A Al I XN A ST
e e T T T R i N N R T R EOE A El EO e ol F A ol A oA A A AR e R B A AR A A ol eleTe e
R R R R R R B R RN TN o o o o o a ol o a e A F A A A A YT, A A FOAE o, A A A o o g o e P g P A CeT TN
et e e e T T o A A A e Fo A A A o ol o A A A A A A A A Al o A A A Al ol A N et TN
SRR o ool e e e e a a o o e v e e e e > oy B e o ey P P A A oo o e e e e e e e o e Al Al Al i ST
A et e A A o e R A A, EOME A A ol FOE o A A A A A B e a e a a a e A A A A A A A A et et
N M N M N AR AR A A A AL A A A A A Al A A A A A A A AL A AL A A A g A PP P A e A A A A A A A A, M SN
A FE A o EXE A M i P o M B B A B B EOE A A A A A A F S o A ettt
T T T T N e g e Al e e e i e g P R M R R B Py B B g B B g B B g g P g Mg Py o P B Mo Mg g P P o Mo g R i
e e e e e e e e T N A A A A A e el e FOME e o A A A A A R R o L Setet ettt
B o e e o e e A v o e  a t a p ae a a aw aa w M B R BB P PP B B AC a0 A e A B Al e EOE A o Al i
e e e e e e e e I o e A EA A RO A A A B R P AR EVE A A ol N i B ettt

LI B D R ro A A R R o A S A o R N R A A A A o B

T e R R v.v_v”v_r.v.vv.vv.v A e o A A o e a a a p a a  aa A e e o o o o o o™ o oo ol v.vv.vv.v e, v.rv.vv.rv.vv.vv.v.v.rv.rv. Elg ol vv.r o o o o o o o o e e o ad oo o e o o ne e T
e T :.rrv._vrvv.vv.vv.vv.v.rvv.vrv.v.v...rv.rv.v PP PP B0 B B PP R B BN B A P U P PO B AL BB P A A A A MR ALK KK NN K KK KR KK MR KRR KKK Pl e
atet R % A A A T I E o T 0 A O 0 O R S A Y O e
RN JEDERRREREREME NN - ., . .vv.rv.r....rv.rxrv.rrxrv.v.v.rv e aaa .rv.vv.r o v.....ru__.xxrv.rrrv.rv.rv.x....xv.vv.rv.rv.rv.rrrrvv.rrrv Ky e R R P M L R BERTAEREA

Vo T T e T e T e A A A Al Al A Ay i
X P )

A A A

e K Ko, ol i iy
P ....u_ A

A

] u.. u..u.. A v.! Eo
u..FH..Fu..FHFu....Fu..Fu..Hu....Fv“FHFHHHHHHHFHFHHIHPFHHHFPFF

ol i .rrrrrrrrr_nnnnnr_r_arnrrr .
” oo o o o A TR, v.xrrr.r.xr.u_“nxnxnxv.xxxnurv.xxxﬂrvr ” aq
............ A A A o i e e R ]

]
.
-,
]
.
-

M

W 1-”;!
Hd

‘o
"

™

b

i
A AR R A
r.u..u_.rrv.xrrxrxnrnxarxunjxﬂnl

e
r-::;-::;:”r-:
e
&
)

]

;:
~,

]
Y
)

rrrrrr
i

h_]
™
p_4
™

b
e
b
Fop
™




US 10,132,465 B2

Sheet 19 of 22

Nov. 20, 2018

U.S. Patent

- . . - '
-“ L “._-_”1":. Ty ..-.nI.r_-.“ " .._..._..._
- e N -Tn ¥ . . .__l._.
o o " -I -
) "y i Ui k)
e -Th N - x ama
L . &_.r._.r.-_. T'.-_.._..-_ll .-..-_.LI.L-_ - L] » .__..I_.
‘e e ey e ' el “a7aTs
Mod o n o E e, LA S
o e R e e e e R e T T R Bl el L i ey A ETE TR ke e .
i M I T A N A T I N N N N N N NN
T e e e T e
. W) A A Al AL NN W e e e T T e T T e T T
e x v elalalala a n m m  n ay B S e S o a3
) e ol b kb lllt IIIHI!IT " Il_ll

- - 1II

o2, T e o
- EEREFERERERNREREFEETR ]
Y R e e

A e e e i e W e e W e e e e

[ Y .|i.'a-| .I.-I..ﬂ'*..r'-. I"' L] I\' u .f.. ] hﬁr%.‘l
'
r

rr
o
p.l -_I

N .-'.-. bI.-I_lilIl'.-l..l.."“"“i-l.-'-"..'“[-.“.”I.I.I‘.l.'l.'l.l.'....l.....l....'ll"ll -+ “.I“ﬁ."b“

-

e
I.I-I M_
e
|

| N |
St “"ll e
N Il.‘ llll
Wty S R
o wame e
wowiel gy
l- I.ll.. | |
Ao
m&..u....
e
|| H x.lullﬂlll -
e :
o :

e

IIIIIIIIIIIII || hﬁ
e

-
.

..
a

*

n
L]

'ili
Ak

“w

o

.
]

R L

. st
. "
“.“.l_-”ﬁnu ..._.__II“-.._ ."-_Ill“..-u » e .h .I.l-_- " ...-“
e o " e Mt 24
1 . r . f " ]
s, e i ety . sty e
. x Nk » il wr
I.-..Il“.-q ) ”-I- ) ‘» . I.H-. I""1:_- - h L .Il.l"i"- .I”II 't
.._-_-_ll._. . ..-” : -.-. ,.-” "-.. ““. t". ".
”.-“l“.rh_-_..._-.u.___“..q“...“.._.“..r.“.....”_..q.”...q.”......“.-....._.”........q.__.-.4._......- " l...._-h.-.___i.__r-.l........__......-.__n._.-._.__. T e e :-. . . H. o
L T O I O e el T S v v iy e e S PR - e L N P e N
" -_._"-______-._._.-.4.-_.__..q._,.......#....q._...r.q.qH.qH.__.H;*&H#Hkﬂ#ﬂ#ﬂ;ﬂtﬂtﬂtﬂt?.....q.__.1.1.. et ; .._Hu_H*H...H.qH.qH...HkH-H.-H.-H.-.........&..r......f..r”ﬂ.._ - _-__-_#”__.
L .qwawl-..EE.r,nlrllnwlnlnqﬂqq-qﬁI-.-. B AN NN NI ph -
1

. e T T e T
P T L ' e
X O ot S A T
LI

& a - - - -

A LA

ey :

ey

Voo .-......

i-h"_....-.- o
| g o e

”"Iﬂ_.-”-.,. [ .-.'.-.II. II_. ..-"m.'

AL “ep R !
_.p-__. " A h... N n %...._...
R - »
e . :

AR R R S A N R

T L .|--.Il- ”“...'II.I"
Fafi Y
=l
oL Tt
1'-
* I”

Tululy

SN

h & h P r b b
e A R R R Nk ks
R o e )
r rr om o> s ma h om dedd deode o drodp dp i dp i B O o B dp o dp o dr O dr dr dr dp 4 b b b b b 2 m 2 2 m 2 & m o acr
TR N N T T T e A A A A M N A AN M A AN M A R T T T T TN
T T e e
L e e e e R i
L e i e e
TN T T NN N A AL MM M A A I M N M A e A N eI
N e
T T T

N k)

bl

"
"
»
w e T T T N N N N et
e e e a ae N L ALl o e -
= “.“.r.._.r....._.._1.r.........................4.4....44.......4....4......4.4....-4 e L e e e e A e -.
T o e M L . A N »
O e I I Al N A S A -
P N e a  N a  a  at o
N A R e M o s .
T o o N N NN N NS »
a e T e e e e e =
de i T i T e e e e e T M kA .
T e T k. »
WA T e e T ke .-
o b b M
Pt e e e ¥
P N N N
* Wt e e e e e e e L e e R
T i e R i S
.-I-11. o T T T S el e R e Tl e e e e e e e e e S S Sl
. P e e R ol
r b oa hom h bk omom & A b deode dp drdp @l @ B B dp dr dr b O b b b b oaom N
.-:.. T A T T e T e e T e e S e A A i) ke
i. . o b & N koA
o
.
-
»
3
Y
“w
.
L]
’
r

w o g

a 4 .. '
R A H AN e kg e

L

- - [
B o N L e e T e T e T T e e Y
ﬁ-.-.._.._._..........t.r..........q...... * . I o o N L e o
...IlI‘.'.-......-......tl..r.rl..r.r.r.....__.-.. _ s m o m o m o om om h odrode dede S dp & oy de de de e By de o dp e
ST e e ke ot R A N N e XN S AN
pC A RArE AL ERPRT Y .!__..l.-_.l...l...-...__.._..,...,_......_r-q.“-.u._....ln.

T . ]
- ..._.__-n.l.__.rr....-_-t....._.__..._.t.__..._..__..__- -
nr 1

....r
r -
ir.q........_......4..4........4.4........................_...._...........___........... ol L.l.
w e A 4 a s s s A n w1 ..
d e e e e e g T T T T T N T e e e e e 4
..”-.r.....r............._..._......_.............._......_.............._......_.............._......_.............r....._.........___.._..._.._.....r.4.._...1.._.._1.....r.._...1.._.....r..._.r......................a...r.........a................a....q.........4....4....__.....4..1.4......“.4“.4“....“_-...4“....“...“.._.“.._.-._.1._1... A .._.......__....._..........r.....r.._..ﬂ
L A el N M N N Tl N bt
B A A N et -
BTy i T T T Tt i Y i T T Ol Ty g T Ty o o T e T Yo T T T T T o Yoy i YTy i Ty i v e o Yl i T T e
...q.q....q.q.....q.q._...q.q....q.q....q.q....q.q...k.qtk.r.r.rtt.rttttut......k.q....rk.......q...&......k.q...&&.......q...&tuh_.-”-_-
N N N a  a a  a  a a  aa  a a a a aa a a
B A A N R N o a a aal a aa a aaa al el »
L A o o o Nl L e
B T o o o a lal a a ai
A A e aal aa a a a aa a a a a a a a aa al ol
B I e A A sl e
L N A N N R o o o o o o  aa a a a a a aa  aa
e A N a aal a a A aa aa a  a a a aa a a a a aa a  a a a aal a a e s sl s el el
L A A N el A N e N s s ]
B P I R o N ol o L A o A L
A A A s st s e s e ol sl o ol
B P e M e L A sl
N A N  a  a  a a a aa N a aa a a
e A A A A A e A s et
L N A N I N Nl N N A N N o
e A A A N A a a aae
N o e a e a a a  a a  a a a  a  a a  a a a  a a a a aa a aa a a a aCNER
B el M A M A ..u-_"____I.F
L N L o N N N N M T N N n
e A e a a a a a  a  a a aa a a a a a a  a  aa  a a a a N a a a a aaa L]
L N A N N N A N A sl .
B N R o N o e o o L e el ™
Wi T T Ty At T i U T i e T T Tt i Ty i T i T e Tl T T i e e e
B L o N A N e el e el S S A e )
e a waaa a  a a  a a  a a a  a  a  a  a  a  a a h  ™
e e e T A A e U T A el e
L o I N N A ot s
e A A N N Al
A e M  a a a a a a a a a  a a aa a  aa a a a ;
I M N A ol A A o S s,
N N N a  a a  a  a a aa aa
o A A e M a aa  a a  a a a a a a a a a a a aa a aa a a aa a al ol
L N  aa a a a a a  a  aa  N  A a  a  a a  aal aaal
R A A M A Al a2l e
A A N N o el
W i e i e e A e e i e e e W e A i e i e e e i W e e e e e e e e e e e e e e e e e e e e e
L I T I I I e i e i e A i
r.q4....q._1...._,........q.q.__..q4._...4.q._...4.___.__..4.«...&4.__..4.q._...q4....44....4.q....q.q...n.q...&*...&*...n.q.............rk...&&..;.1-..__.-
L N N A  a a  ara a aa  a aN a N N a a  a  a  N  a a  a  a  a a a a aala aal ry .
L ol o N S e i
- N A e A a a a  a  a a a  a a a a a a a a a aa  a a  aa a
) B A A A A A A A A A A AL AR i
ar e BT i T T T AT T T A AT A e o e e
Eo A N A a0 0 MM a0 0 AR AU S MMM AC S A A A A A e el al aE
BT T T e T T T A AT T VU e T T T T i T Tt i Y e O T e i T T i T e T ey .
I TR A A A N
o N e A e e e e a  a  a  a aa a  a a a a  at a aaa
PUATR i e U e e e e G e e e W e e e e e e e
- L A M N  a a a aE a aal a al
I N A A A Al N )
L S A I N M e N N N o e aa a a a a aa a a aala
B T o o o o A ol
e  a aa a a aa a aa a a a a a a a a a a  a  a  a aa a a a  aa a a a a a a a  T
B A o I N N I A A L Al Ll
b e T  a a a  a a a N  a a
B W i e e e e e e L e e e i e e e e i e e e
L R e e N I I A N N o o e el M W
BB A W e i e e e e e e e e e e e e e e e e e e e e e e e e e e
O A A R e A N i a e I
W B Wi e e e e e e e e e T i e e e e e e e e e e e
P o o T o i T T T T T e i T U T U Tt UVt e Ut i Tt i T T e T T i T T Ty e e
-l-.-.1.q#...t#....4#.__.4.q.....q.q._..4#._..#.q.__..q.4._..44.....q.q.._..q.q.._..q.4.__.4.q......q.q...#.q...#.q....q.q....q.q...##...##tt#...#+l..n1|.
B L TR I N A A A N N N N N T o a N ]
i I e  a a a  a a  a a a  a  aE a E a
TR N A N A A A A A N ol 2 T
L R L S o N e o S L s
Ll L T L N N A A N o
L A i a a a aa a aal a aa a a aal al a a a alt
o N I N a a e a  a N N a a a a a  a a a a Na  a a  aa a  a ’
R T o el g o o  a ar a al lI._l.-..-_
A  a a  aaa a a a a a a  aa a a a a a  a a  a a aa a a a a a a aa a a a a a s )
B A A A A AN A AL 0 i
L T A e R N o o o :
R A A A A N al a a a aaa aae *
B T i i T T e T T A T T A e e T T T i T Ty e i T e e e e e e T ae e Ty .
e N e el C A Al Al U C A ROl N0 A aa aa aa a a Eal a
N A e e A A e M e e N L E al
Wi i e e i W i W i e i e i i W i e e e e e e e e e e e e e e e e e e e e e e e
BT T e T T T T AT T i i e Y T i i T Y e T
e A A A A A e aa a a a a a a a a a a a aa a a a a a a  R a aC e -
o T i i T T e T T At A A T T O VT e I T T T T e i Tt T e i e e e e T Ty
e A e a a a aEa aa a a a a a a a  a  a a a a a a a a a a a a a  aa a ar a a  a a a aaaa .
Wi T i i YT T T it OV U Tt VU i it i T i Tt T e i Tt T e i
M A A A el ol a ol s
L P T A N N L N el T
o N e A e aa a a a a a a a aaa a a a a a a a a aa a aa a a a a al ae
A T T T e T T A A AT T T T T A T i T e Tt A e e e o T e e e
e bW e e e X e e e e e e e e e e e e e e e e e e e e e e e e e e,
LAl t.-_.._..4.4.__.44....4.q._...q.q._...q.q.__..q.4._..4.q.....q.q._...4.q.._..q.q.._..q.q._..#.q.._.#.q.__.##t##._...q.q...#..-_.__I....
Ry B P T I A M N
i A N e e i alal o
"N PR A A A A e aa a aa a a a a a a a a a a a a  a a a a a a a a a a aa a aCa al a L o “n
ur N T Tar T T A T A T T i T Ty e i Ty e T T T i T Ty e e e e e e T e e ata
N A s e e
A N A e A L A A e e o e N
B I A  al  aal al a etl el )
D I I L T g S ey e i Py i iy My
ol el e N A A A A DO N
e . L A A N N N N e S
El W ey L P T I o o L S A L Ll
Pl L e N N )
Ol L L  a aala aala -
. R N M e N o T
Wi i A e e e
PN L R T e a a  a aar  aa a al a aaa  aa aralY
s D A N A a2 AN
A M AT T O e g Ty i T T T T T T i o Ty i o Ty i Yoy Ty g T vy i vy T e e T e T
W T e N N A N A M AR S el ol
L N N I A N N R I N N a aa  aal a aa L
L] r P I ) r b b b M o R oA * - rr
P T B e N O I o R i i P M .
ue - * o N a a a a  a  N  a a a N  a a a a a aal aE aE - W
L o e e e e e e ey e e e e e e e e e e e -1-_-_-_ .
'y ol N N L e T T T o ol 3 e
P . W e a a a a  ae  a  a a aao r ...._........&......J.....L.r......f..rn...........r...n,-.l.._l-_
R o AL L o *
- -.l_.; l_.a.l.; l_l..r.ll..ll.i N l.il.il”l”lﬂ l.il_il. r ##l.#l.#l.}.l.k}.}.}.!}.!}.?}.?}.#b ......_ .-..“ .I-
II- ' . o Ll.Il..'lI. 1I.II.'l.IlWJ_u Wl. &
WE ame g % S e .
B | Ll | ._-_..I".
[ .. L)
w - - -"n -
Ml% -.uuiﬁ m _-IIH-_. T - -
" Lt i Lo ) e ..-ll-l
- ey
I M

- '
e




- I.__ I.._ l_.__ I.__ - l_.__ I.._ I...l...l...l.._.l...l”.-_

R R R REREEREREREREEREER

. N A e e e N RN N e R N
A e N T R N R R R R N N o o s e e o e W Al 3 =
. e N a3 S A o o
J Joodp b b Jdp it dpodp de dp dp o dp o dp o de Jrodp e de o dp o de e b b A & N moam n bk om ok h k dd b dpodeodp de dpodedp drode e de B ok o od dp A b A e
R o el R e Ry e ey e el i bk ik a bk N SN N s e o
Wi e g ey i e U eyl e e A e e b A A 2 e e e e e e e U e A el i
R A R N R e N A N N N R R - P e o N N N WO
A e i e e iy e e e e d Ak Mk R e ST TR M At AL AN M L MM N L A M N e
N A A N I N e -..._-.._..._.__.._.._.r.__....r....r....r.._..._..4._._._...4.-_.__......_..__..4.._.a....................q.a......................-_....—...tri-.
R N N e N N R N W a a i R R e i dr i Ak R
iyt ety e e e e iy e b A L ek P T
. WA e e e ar e e  a a aT a a T e e T T e T T A e el
e e A el gk b ke e ke b A RNl el o e
R s e P e e  a a  a  a a Na
B dr O dr b Jdr dp dp g o dp B Joodp dr b b dp b b b b b om oa T e T o g A S e e Pl P el T
. . ke N N et o e ar a0 N ) e
Jr dr dr dp i ip Jr Jr f Jr Jr dp Jr dr dp Jp b dr Jr b M b A oam o W s m & &k J Joodr Jp Jp Jr e dr Jp Jp dr dp Jp Jp & dp dp M & Jp .
. N A ke by A e g b N odr ok A kb b A MM a P e g e A .
dr kB dr i Jr b dr dr o dr dr & dr Jr ol A Jr dr b b b & a h kg drodp dp dr dF dr & & dr dp dr B O i oF 4 & Jp dp
. e e e e e e o
b e e e o & s ST N M N M NN NN e B
e SNl g T e
P R T NS M N N PN N

e A N R N M A T T

ol
T L L Pl
“ P R e e a2l ol
L B & S dy drodp o de e dp ol dp dpr dp e de ol dp Ao
I ot S
A w w a .r.t.r.T.....r.....__ .....-......_.l.-..._.........r.r........v.r.._ .r.._......._. -
R e e e i i e e e S

»

L
X

US 10,132,465 B2

: w  a a  a W e a aa a a ae
s a"a
B T T N M Sl alra e e S S w e a T ae a ur e
X e o e e e e e Cat e e T e e e e A
2 L L o T ey Y
Ay e i A e ek
P N N
N e N N
L A I I L e Sl - -
B N el e e o PR .
dr e dp i dp & dp el de dr dp b Bk dr b dr b k&
. . L T I i el e el e
__ ar T W T ey e e e e
. .. e i P
™ o T R I T e R e e e e e e Sl S Rl A gl
. . F . F . ..'-' i & b odr o & N & & b dr o dr0h kb &
e I e T S Sl S i
o o b &
. r . u._q”.._“...n.anu_-_”.q”.q”#“.-_ .-.rkH*r...H.quH.rkJ.ﬂuHu e
. . . e e e W iy dp i e R e dp
r .. & drdr & s
) a2 . il
.
R u I O N L Ll e
. . T o A
.lln..,.. ) D R o g g Y gy
il i a e a L N
el L3 a et ottt et Ty
Taas Pl B g, o
"t e N B i i M iy ot et a i et
P N AN : P T e el y W
. e wa w : ._...“.“.__.._r.__.__...k.rk...&&......&...&.._.._.._...___....-_.4.......#...&..1.....1.___....___ P
. D I T I T el e S

- P e N N
i “ H.__u..u_.__»...k._..t.q....rh._-..q...-...._....._q.q-..q......_f......-_ i
N el N N N W

L I S S T R T S S T
N N e )

.-......-...-......-...........r......_ .r.r.__ » .r.r.__ .r.r.r.__ Y .r.r.r.._ .r.r.-...._ .....-.......-_l..-.....l
L k)

Y
P Sl ka0l a2

&
e e e

™

e W A M)

Ll

Bk ke ke ok kR L LA
Ll

LR el N e
i -
A A .

[l il FEEE R R E R R R .

o
I
"

Sheet 20 of 22

x.
il
[ ] F

e
Pl e Sl o
Ak d B de dr oW
P R Sl Sl el Y

a . e .
-

- k E IHHH E 2 IR

X E X R NN A X NN XX -

EAEEX TN X AMNXENLTETREX X B

A
Al_A
|
2
]
b |
F
M
|
A
o
A
F
Al
M
A
o
-

Al
Al
A
Al
-
Al
-
Al
F
2
-
F
Al
Al
-

- A EN XN RE RN R A

aoa x w mox A A Ll I N I Ex X xE N xE N K

&+ I HHHHHHHHH?F .HI L

Sl L A A =
. oy T e
] . o A o o o R
% I .
. . L ..-l...l-.-
Ay .
R R e s
FX o, i U
. iy i
- I
. P o b & & [ P
2 A R e e o e
-

. N E R NN E R L I JF N B I R R R R R I

M N ENEXMENER ir b & b 2 & b & & & & & ]
- X T X ETXTRERNR g i s k& sk L S N
E N DO A R R R

X HHR o .-..l......_n._.__.._.__...l...l........n......._..1.._.._.__..1.__.._.__..1..1..1..1 il dr 0 b 4 U 0 J U Jdr Jr O 0 4 O Jp Kl Hﬂl ' -_1 .
o e T A T T o T N T T S S, T e T S i i 'y | .k
. . P F l..-..._..._..__.r.._.._n.._.__.._.-.._.._.-.__.-.-.-.__.-.__.r.-.__.__.r.._.t.r.v.__.r.-. b, .r.._.....#&#######44#4#44}.#&##4#.{ IHHHI ' I.-l.._....
i T s T e e 2 .”— “ ks
aa
i s e e T T e T ) "
. A T T T e i e e A - M e N M N e A, e T T T T N AL AL N st
. . x_x L N N N e a2 N e 2 % IR

e I g o = N xR N | |

. 2w I R R R N N A e e A S N xRN
e NN Lk b E B A N2 A kN S dp e dp o dp dr Jr o dr Jplf b b U Jp Jp dp ok dp Jp o Jr e b b b b B B A & a k& )
. R a A T T T T T A A AN N = N N A AN A, N N N L A N N I R T T I R e o R
. A o o e N i )

X M dr b m b a kA A A A dr dr e e de dr e W r ip i e e i P [ '
: ¥ x .-..-_.-..-..__“.__Hin.__nnﬂ.__“.__“.__ ”.__“.r”.__ .r.rH.r....r...._.........”.r....rH.r..........._.........l..-. .__. e e o .-.l..-..........................r.r.r”.r”.r.-.....l.........r....r.r.- “.r”....r.r”.__“.__“.__“.__nn.._n.__i.v.r Lo e . e :
) ) N I_il.l..._ B e P .r....r.;..-...;..... Pt ...........l..-..l.....l..r " ....r.;..r.;................-..........l n l..r....rl..-..l.....l.....l..-..b..... > .r.;.....l.....l..-...;..r....r il e i P .rl..-.i e )

Nov. 20, 2018

ok b
»

E L] b & b b kAN E N e
RN E RN .r.._..._. i ik Jr .r.....-_l.-......._.............-..-. .....-......._..............._. o
-

»
L )

r b oa & m oa b Ak ko d drode dpode S dr Jr i dp dp i Jp dp dp dp e
.-.t......n.._.__.._n.._.__.._.._.._.r.r.__.r.._.r.._.r.r.....r.....r......_......r.r.._.r.r.._.....-_.-..-........l.....-..-.... i .._......_......._. * i
i Ak k k d S S S 4 e Jr o Jro dp O Jr de dp dp dp o & i >
L = & b &k b &k Jrodrodp o dr A Jr Jr o dp i o dp Jr dp dp i A Jp

A A R kA e d M b dpodp de b b ok dr @ o o dr & o dr i &
D R S i P
S P A N A A e A A AE AL I E I A A A I
¥ i X RO N R M ) R B RN M N e N N A e A T TN

¥
F
"

¥
¥

.
.."
i

i
L

L I B

L,

r
X
]

L}
L ]

r
'Jr

M A
]
.
.
]
"
"
]
"
L}
L}
¥
L4
L}
L
X
B
¥
+
L]
¥
X
L )
i

»
E
PR R .r.r.r.r.r.r.._..r.r.._ .r.r.t.._........-........._.....-_ X
»
E

K
E
x
.
E
L
,

.r.r.r.r.r.r.r.r.f.'.'.r.'
.__.r.-.r.-.r.-.r........-.r.r........-..-_.........-..-..-.lll_.-.
a A A Rk A A A A d ok kA A it ik
Lk k& A dr b A d Jr A Jr Jr A o o ¥
A a h h Ak kM Ak M Ak h k Ad i AW

b b oa

|
Ml
x A
A_A
-
F)
r

l

MM

E |

HJ

HHHHHIII

Al

E |
._l‘

L)

F rk

£ x m
..M.

&
-
-

-
L]
-

e T T

o
X XA KEEREEXENXEN

U.S. Patent




U.S. Patent

L e e
A i d

| ]
L

L |
'|
L
B
»
>
L ]
»
| ]

X
»
F3
X
¥
»
Fy
¥
F3
X
¥
»
»

)

-h'.i'.i'.i'.i LN

FoT)

ol
D0
-h-h-h'

.
L
r
.‘J
r

.i'i""'iI

natateete

Nov. 20, 2018

» . .
T
r
. - .
. .
LI L]
! & T -
FhN
[
- .

o
*I-
]
-

L]

L
o

o
-

¥t
e
et .
.

»

]

-
‘_J!

"
-

L]

., .
1]
.
e .
g
¥k

Cm e e .

R

o

b & -
.‘..

v -
---'JlliI .
"_4_1"
A .

FIGS. 20

oo

e

N

b

N

B A

e

N

oo

e

Now W W N

b e e e e e e e e e e A e e A

e

o

e

b e e e e A

e

o

. “'..“'.“'..“'.“'..“'.: RN

4

i

o

E
-
&
.
-
r &
r vy

4

1..1*1..1’1

r i

#.

Sheet 21 of 22

- |

-
e
0 ‘b*

L -l"_#'_kb#l#bkl#b#
. - - -

US 10,132,465 B2

l-l-l-.l-‘l-.l-l-.l-

[



U.S. Patent Nov. 20, 2018 Sheet 22 of 22 US 10,132,465 B2

-
a

. -

_1
a

S
a

-k
a

4
[
oo [ oo ' [ |
a a_a 4 a_a a a_a 4 a4 a4 _a_a I a_a 4 1 ¥ _1_a
e e o EEEEEEEE -
S e e e e e e e e e g el . '
E

lrl.-i-._-_
oy
-|-;-|
-

'

T

L ]
a

-+
Ll

e
-

L

.. ,
. - = - ]
D N A N LA R R R R R R R NS E R RN R R R R R R R R L o .}?

Oa o el N AR L RN Y R m N OF A L R

_",“' ................. . x s, i - LI

r

T

.

o

e
L
-

-

d
L]
P
I-.*b* I-" I-* I-" I-* I-* I-* I-" I-'
o
a

-
.'r . . - -
g ok ko o
. . . Tt . .
¥

% & wh sh oh wh oh ob obh obh ob wh ob ob b o ob b obh ob b ooh o oh ok osh ok
S mEEREEAEAERERERR R .. . . .
(I T T T T R T R N |

r &
!._l'r.-ll
e

o

&I
Puncge”

G. 21( FIG, 21



US 10,132,465 B2

1

COLLIMATING METALENSES AND
TECHNOLOGIES INCORPORATING THE
SAME

CROSS REFERENCE TO RELATED
APPLICATIONS

This application claims priority to U.S. application Ser.
No. 15/270,680, filed Sep. 20, 2016, which claims priority to
U.S. Provisional Application Ser. No. 62/222,553, filed Sep.
23, 2015, and U.S. Provisional Application Ser. No. 62/2635,
799, filed Dec. 10, 2015, the entire contents of which are

incorporated herein by reference.

FIELD

The present disclosure generally relates to optical com-
ponents and technologies including the same. In particular,
the present disclosure relates to collimating metalenses and
technologies including the same, such as but not limited to
lighting devices.

BACKGROUND

Interest has grown in the use of laser activated remote
phosphor (LARP) for technology 1n various lighting appli-
cations, such as automotive, projection, and other lighting
applications. One reason for that interest 1s that LARP
technology has the potential to enable to production of
lighting devices that can generate significantly higher lumi-
nance than devices that utilize light emitting diodes (LEDs),
at relatively high power levels.

FIG. 1 depicts one example of a LARP system. As shown,
LARP system 100 includes a first light source 101 1n the
form of a laser. The first light source 101 emits rays 103 of
laser light towards a dichroic beam splitter 105. The dichroic
beam splitter 105 reflects rays 103 1nto a collimating optic
107. The reflected rays 103 pass through and are focused by
the collimating optic 107 onto a wavelength converter 109
that 1s present on a substrate 111. The wavelength converter
109 includes a wavelength conversion material that func-
tions to convert (e.g., via photoluminescence) at least a
portion of light rays 103 incident thereon to light of a
different wavelength than light rays 103, in this case light
rays 115. As significant heat may be generated by the
conversion of rays 103 to rays 115, a heat sink 113 may be
coupled to the substrate 111 so as to facilitate the dissipation
or removal of excess heat.

At least a portion of the rays 115 produced by wavelength
converter 109 are collected by the collimating optic 107 and
are redirected back through the dichroic beam splitter 105,
where they are incident on a focusing lens 121. The focusing,
lens 121 focuses rays 115 on other components 123 of LARP
system 100, such as fiber/projection opfics.

LARP system 100 may also include an optional second
light source 117 (e.g., a laser or non-laser source), as shown.
When included the second light source 117 may be used to
emit light rays 119 that retlect ofl of the dichroic beam
splitter 105 towards the focusing lens 121. The resultant
mixing of rays 119 and rays 115 may result 1n a correspond-
ing change 1n the color temperature or other properties of the
light in the region down field of the dichroic beam splitter
105.

Using such a configuration tens of watts of laser light (1.e.,
rays 103) may be pumped 1nto a small (e.g. square-milli-
meter (mm-~) area of wavelength converter 109, resulting in
the production of broad or narrow-band emission of sec-
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2

ondary light (1.e., rays 115) with a relatively low etendue and
a relatively high light output (e.g., from several hundred to

above 10,000 lumens). LARP systems such as the one
shown i FIG. 1 may therefore considered attractive for
many projection applications such as digital micro-mirror
(DMD) modulators, fiber optic sources, and the generation
of highly collimated beams.

While LARP systems have shown some promise, chal-
lenges exist that have limited their practical implementation
in various lighting applications. One such challenge 1s that
the wavelength converters used 1n many LARP systems
often produce secondary light 1n a hemispherical (approxi-
mately Lambertian) pattern. For the system to be eflicient,
the collimating optic in the system needs to be able to
capture a large fraction of the hemispherical luminescence
produced by the wavelength converter. Capturing suflicient
amounts of such light with traditional collimating optics can
be diflicult, and therefore special non-imaging type optics
(e.g., a tapered total internal reflection optic as shown 1n
FIG. 1) or very low F/number aspheric lenses (often more
than one) are often used as collimating optics 1n LARP
systems. Those specialized optics are often expensive,
heavy, and can take up considerable space. It may also be
necessary to place them very close to the surface of the
wavelength conversion matenal (e.g., less than 100-200
microns (um)) which can make alignment diflicult.

Similar challenges exist with collimating optics used in
optical applications outside of the context of a LARP
system. For example 1n some LED projection systems, one
or a plurality of non-laser, high luminance LEDs 1s/are used
emit light into a hemisphere after which the emitted light 1s
collimated by one or more collimating optics. One method
of collimating the light emitted by an LED 1s to encapsulate
the LED die 1n a lens. Although encapsulation can improve
the light extraction efliciency of the LED, it may undesirably
increase the étendue of the LED by a factor of n®, where n
1s the refractive index of the lens medium. An alternative
approach may therefore be needed 1n instances where main-
tenance of etendue is desired, such as in light projection
systems.

One such alternative approach is to use collimating optics
similar to those used 1n the LARP system of FIG. 1 (either
alone or 1n combination with an encapsulating lens 1f the
increased etendue can be tolerated) to collimate light emitted
by an LED. This concept 1s illustrated in FIG. 2, which
depicts one example of a collimation system 200 1n which a
spatially extended light source 201 (e.g., an LED) emits rays
203 of light towards a collimating optic 205, with the light
source 201 being aligned with the optical axis 207 of the
collimating optic 205. In such instances, however, the same
challenges associated with the collimating optics used 1n a
LARP system (1.e., size, weight, alignment, cost, etc.) are
presented.

An interest therefore remains in the development of
alternative optics that are suitable for use 1n various appli-
cations such as LARP, high luminance LEDs, point source
collimation, laser-based microscopy and other applications
in which high numerical aperture collimation 1s desired. As
will be discussed in detail below, the present disclosure
generally relates to such alternative optics (and 1n particular
metalenses) which are suitable for those and other applica-
tions.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1 depicts one example of a prior art laser assisted
remote phosphor (LARP) system.



US 10,132,465 B2

3

FIG. 2 depicts one example of a prior art light emitting
diode (LED) collimation system.

FIG. 3A depicts a generalized cross sectional structure of
one example of a metalens consistent with the present
disclosure.

FIG. 3B 1s a generalized illustration of the conversion of
light having a first wave front up field of a metalens to light
having a second wave front down field of the metalens.

FI1G. 4 depicts one example of a LARD system including
a collimating metalens consistent with the present disclo-
sure.

FI1G. 5 depicts one example of an LED collimation system

including a collimating metalens consistent with the present
disclosure.

FIG. 6 1s a plot of phase delay (A¢) of a metasuriace,
versus the radial distance (r) from the optical axis of one
example of a target hyperboloidal phase shift for a metalens
consistent with the present disclosure.

FI1G. 7 1s a top down view of the structure of one example
of a multiregion metalens consistent with the present dis-
closure.

FIG. 8 1s a top down view of a portion of another example
ol a metalens consistent with the present disclosure.

FIGS. 9A and 9B are perspective and top down views of
one example of a umt cell consistent with the present
disclosure.

FI1G. 10 1s a plot of calculated phase shift and transmission
imparted to an 1incident visible light plane wave by a
hexagonal Bravais lattice of nanopillars consistent with
embodiments of the present disclosure.

FIG. 11 1s a top down view of one example of a multi-
region metalens consistent with the present disclosure.

FI1G. 12 1s a sitmulated plot of phase versus radial position
for one example of a one dimensional (1D) metalens with a
structure consistent with that of FIG. 7.

FIG. 13 depicts results obtained from simulations per-
formed to determine the ability of a 1D metalens having the
design of FIG. 12 to collimate light from a point source 1n
one dimension.

FIG. 14 depicts perspective and top down views of
another example of a unit cell consistent with the present
disclosure.

FIGS. 15A-15C depict alternative unit cell configurations
consistent with embodiments of the present disclosure.

FIG. 16 depicts one example of a distribution of Hexago-
nal Bravais unit cells consistent with the present disclosure.

FIG. 17 depicts one example of a metalens having a
multiregion design consistent with the present disclosure.

FIGS. 18(a)-(d) depict the calculated collimating pertfor-
mance ol one example of a metalens design consistent with
the present disclosure.

FIGS. 19(a)-(d) depict the calculated ofi-axis collimating
performance of one example of a metalens design consistent
with the present disclosure.

FIGS. 20(a)-(d) show the calculated performance of an
example metalens design consistent with the present disclo-
sure for a normally incident 450 nm plane wave.

FIGS. 20(e)-(/2) show the calculated performance of an
example metalens design consistent with the present disclo-
sure for 580 nm light emanating from the focal point.

FIGS. 21(a) and 21(b) depicts the use of a metalens
consistent with the present disclosure for collimating an
ofl-axis light source.

DETAILED DESCRIPTION

As noted in the background, specialized collimating
optics may be used 1n various optical applications such as
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LARP, LED collimation, etc., to collimate light that is
emitted from a light source 1n a distributed (e.g., hemispheri-
cal) pattern. To be eflicient, the collimating optics used
therein need to capture a large fraction of the light produced
by the light source. Although that can be accomplished by
using special non-imaging type optics (e.g., a tapered total
internal reflection optic as shown in FIG. 1) or very low
F/number aspheric lenses (often more than one) as the
collimating optic, such optics present various challenges
which have limited their practical implementation 1n various
applications such as LARP, LED collimation, etc. In par-
ticular, those optics present size, weight, and alignment
constraints that make it practically diflicult to implement
LARP and LED collimating technology 1n compact lighting
applications such as automotive lamps, compact lighting
fixtures, compact projection systems, and the like. Efforts
have therefore been made to reduce the size, cost, and/or
weight of collimating optics, so as to facilitate the 1imple-
mentation of LARP and LED collimating technology in
those lighting applications.

The inventors have considered various options for replac-
ing the specialized collimating optics often used in LARP
and LED collimation systems. One option that has been
considered 1s the Fresnel lens. Although Fresnel lenses are
well understood optical designs, practically implementing a
Fresnel lens that exhibits desirable properties for LARP,
high luminance LED, and pomt source collimation has
proven challenging. Indeed while 1t 1s theoretically possible
to design a Fresnel lens that exhibits suitable properties for
such applications, physically producing such lens can be
practically difficult. Indeed the production of Fresnel lenses
often entails the use of precision molding and polishing to
achieve high quality focusing and/or collimation, particu-
larly when environmental considerations encountered 1in
LARP and/or LED collimation (e.g., exposure to high heat
and high short wavelength tfluxes) dictate the use of glass as
a lens matenal, mstead of plastic. Fresnel lenses can there-
fore be diflicult and expensive to produce, and are often not
cost effective for a variety of applications. Some Fresnel lens
designs also can give rise to optical artifacts, scattering loss,
and aberrations, particularly 11 the lens 1s designed to have
a short focal length, a feature that 1s often desired 1n
collimating optics for LARP and LED collimation.

Flat diffractive optics have also been considered as an
option for replacing the specialized collimating optics used
in LARP, LED collimation, and other applications. For
example, 1t 1s possible to design a flat diffractive optic that
induces a spatially dependent phase modulation on light
incident thereon, e.g., by designing the optic such that the
phase change induced at its surface only needs to vary
between 0 and 2r to achieve a desired wave front. Such
optics can be produced using various approaches, such as
with a zone plate, the diffractive limit of a Fresnel lens, or
kinoform. Lithography, photo curing, and effective medium
approaches may also be leveraged to produce a desired
phase change. However all of those options can present
significant fabrication challenges in the context of producing
a lens that exhibits properties that may be considered
desirable for application in LARP and/or LED collimation.

With the foregoing 1n mind, the imnventors have identified
metasurface lenses (hereinafter, “metalenses™) as a class of
optics that may be advantageously leveraged as a replace-
ment for the collimating optics used 1n various challenging
optical applications, such as LARP, LED collimation, and
laser based spectroscopy.

As used herein, the terms “metasurface lens” and “met-
alens” are used interchangeably to refer to a lens that bends
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light with an array of nanostructures that are formed on a
(1deally flat) surface of a substrate, instead of via refraction.
More specifically, a metalens includes a metasurface that
includes an array of nanostructures, wherein the nanostruc-
ture array 1s configured to bend light incident thereon by
altering its phase. As will be described, the phase change
imparted by the metasurface can create a new wave front 1n
a region down field of the lens. For example, a metalens
consistent with the present disclosure can include an array of
nanostructures that can impart a phase change to incident
light having a spherical or hemispherical wave front up field
of a lens, such that the light 1n a region down field of the lens
has a planar wave front (i.e., a plane wave).

As used herein the term “point light source” refers to a
light source that 1s an 1deal 1nfinitesimal region that emits a
spherical or hemispherical wave of light. Single mode
optical fiber light sources are one example of a light source
that can approximate a point light source. With that 1n mind,
the present disclosure discusses the use of metalenses 1n the
context of certain applications such as LED collimation and
wavelength converted LARP. Such applications utilize one
or more LEDs and/or a wavelength converter (e.g., a
ceramic phosphor plate) which are extended sources which
emit from a finite area. In those contexts, one can consider
an LED or a wavelength converter to be an incoherent
superposition of 1deal point sources which cover the emit-
ting area of the extended source. Moreover due to the small
physical size of a wavelength converter in LARP or a high
luminance LED source in an LED collimator, one may
consider them to be close to a point source from the
geometric optics point of view, provided that all other length
scales 1n the optical system are much larger than the source
S1ZES.

In the context of the present disclosure, the term “on,”
when used 1n the context of describing a positional relation-
ship between components, means that a first component 1s
disposed above a second component, but 1s not necessarily
in direct contact with the second component. In contrast, the
term “‘directly on,” when used 1n that same context means
that a first component 1s 1n direct contact with the second
component.

As used herein the term “about” when used 1n connection
with a value or a range, means +1-5% of the indicated value
or the endpoints of the indicated range. It 1s noted that while
ranges may be specified herein by specific endpoints, such
ranges should be understood to a shorthand version of
writing all of the numerical values within that range. Thus
for example, a range of 1-10% should be understood to all
of the numerical values within that range (i.e., 1, 2, 3, 4,
etc.), as well as all ranges that may be defined by two or
more values within than range (e.g., 2-10%, 3-10%, 4-8%,
etc.) as though such values and ranges were explicitly
recited.

FIG. 3A depicts one example of a generalized cross
sectional structure of a metalens structure consistent with the
present disclosure. As shown, metalens 301 includes a
substrate 303 having a first side 309 and a second side 311.
A metasurface 305 1s formed on the first side 309 of the
substrate 303. In some embodiments, an optional antireflec-
tive coating 307 1s formed on the second side 311 of the
substrate 303. As discussed herein the metasurface 305
includes an array of nanostructures 313, which are generally
configured to mmpart a phase change to light incident
thereon.

Substrate 303 generally functions to support other ele-
ments of metalens 301, such as but not limited to metasur-
tace 305 and optional antiretlective coating 307. The sub-
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strate 303 may also be selected to transmit a suitable amount
of light of a desired wavelength or wavelength range, such
as one or more wavelengths 1n the visible region of the
clectromagnetic spectrum (1.e., from about 400 to about 700
nanometers). Without limitation, in some embodiments the

substrate 301 1s configured such that it transmits greater than
or equal to about 50%, 60%, 70%, 80%, 90%, 95%, 99%, or
even about 100% of light 1n the wvisible region of the
clectromagnetic spectrum. Without limitation, 1 some
embodiments substrate 303 transmits greater than or equal to
about 95% of visible light incident thereon.

Substrate 303 may be formed from any suitable matenal,
provided that it can adequately transmit light in a desired
wavelength or wavelength range (e.g., visible light) and can
serve as an adequate support for metasurface 305 and (where
used) optional antiretlective coating 307. In some embodi-
ments, the material of substrate 301 has a refractive index
that 1s relatively low, as compared to the refractive mndex of
materials used 1n metasurface 305. Non limiting examples of
suitable transparent materials that may be used as substrate
303 include aluminum oxide (Al,O;) silicon dioxide (S10,),
polymers, combinations thereot, and the like. Such materials
may be crystalline or amorphous (glassine). Glasses may be
desirable because of cost, ease of polishing, and lack of
birefringence.

Metasurface 305 generally functions to alter the phase of
light that 1s incident thereon, such light down field of the lens
(relative to the light source) has a desired distribution and/or
wave front. For example, in some embodiments metasurface
305 1s configured to convert light having a first wave front
(e.g., a spherical, hemispherical, etc.) in an region up field of
the lens to light having a second (e.g., planar) wave front in
a region down field of the lens.

FIG. 3B illustrates a generalized example of that concept.
As shown in that figure, a metalens 301 1s positioned
proximate to a point light source 3135, such as a wavelength
converter used in LARD, an LED, or the like. Regardless of
its specific form, point light source 315 emuits light 1n a
hemispherical wave front towards one side of metalens 301,
1.€., 1n a region up field (UFR) of metalens 301. The light 1n
the UFR may therefore be understood to have a spherical or
hemispherical wave front 317. Light incident on metalens
301 propagates through substrate 303 and 1s incident on
metasurface 305 or, more particularly, on an array of nano-
structures 313 1n metasurfacc 3035. As shown 1n this simpli-
fied example, the nanostructures 313 of metasurface 305)
convert the incident spherical wave front 317 into light
having a planar wave front 319 1n a region down field (DFR)
of metalens 301. In that way, metalens 301 can produce a
collimated light beam of parallel light rays from an incident
spherical or hemispherical wave front.

When used, the optional antireflective coating 307 gen-
erally functions to reduce reflection of light that 1s incident
on or which 1s exiting from metalens 301 depending on
whether the incident light enters on the substrate side (1.e.,
side 311) or the metalens side (1.e., side 309). It 1s noted that
while FIG. 3A depicts an embodiment of a metalens 301 in
which optional antireflective coating 307 1s disposed on the
second side 311 of substrate 303 (1.e., opposite the first side
309 bearing the metasurface 313), use of the optional
antiretlective coating 307 on the second side 311 i1s not
required. For example, in some embodiments the optional
antiretlective coating 307 1s disposed on (e.g., directly on)
the metasurface 305. In any case, a variety of materials may
be used as or 1n optional antireflective coating 307. Non-
limiting examples of such materials include transparent
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dielectric materials, such as but not limited to S10,, T10,,
MgF,, Ta,O., Nb,O., combinations thereot, and the like.
Returming to the metasurtace 305, the nanostructures 313
in metasurface 305 are generally configured to function as
resonators or waveguides that impart a phase change to light
incident thereon. In that way, the nanostructures 313 can
convert light having a first wave front 1n a region up field of
the metalens 301 to light having a second wave front in a
region down field of the metalens 301. For example, nano-
structures 313 can impart a phase change to light 1n an
incident hemispherical wave front 317, so as to produce light
having a planar wave front 319 (i.e., collimated light) in a

region down field of metalens 301.

It 1s noted that while FIG. 3B depicts metasurface 305
down field of the incident spherical wave front 317 (i.e.,
turther from the point light source 315), such a configuration
1s not required and metasurface 305 may be present on the
other or both surfaces of substrate 301. For example, meta-
surface 305 1n some embodiments may be present on both
sides of substrate 301, like a biconvex lens, in which the
collimating power of the metalens 301 may be divided
between the two metasurfaces.

Metasurface 303 includes or 1s formed from an array of
nanostructures 313. In general, nanostructures 313 are in the
form of nanoscale features that are formed on (e.g. directly
on) or are itegral with a surface of substrate 301. As used
herein, the term “nanoscale” when used 1n connection with
a feature means that the dimensions of the features are less
than 1 micron. In general, the dimensions of the nanostruc-
tures 313 will scale with the shortest wavelength of interest.
In the context of the present disclosure, which 1s largely
directed to visible light applications for metalenses, the
largest linear dimension of the nanostructure in the plane of
the substrate surface (e.g., length, width) 1s less than or equal
to 500 nanometers (nm), such as less than or equal to 150
nm, or even less than or equal to 100 nm. Without limitation,
in some embodiments the nanostructures 313 described
herein are nanoscale structures formed on a surface of
substrate 301, and have a longest linear dimension of about
100 to about 200 nanometers. In some 1nstances the largest
linear feature size of nanostructures 313 1s their height
relative to the surface of substrate 303 proximate the nano-
structure 313 1n question. In such instances the height of the
nanostructures 313 may be less than or equal to 1000 nm,
such as less than or equal to 600 nm. It noted however that
the height of the nanostructures i1s not limited to those
ranges, and that their height may be larger than 1 micron it
desired.

The distance (i1.e., “period” or “fundamental period”)
between adjacent nanostructures 313 in the metasurfaces
may vary widely, and may be selected during the design of
metalens 301 to facilitate the attainment of a desired phase
change at a particular portion of the lens. Without limitation,
in some embodiments the period between adjacent nano-
structures 313 ranges from about 50 to about 1000 nano-
meters (nm), such as from about 100 to about 500 nm, about
100 to about 300 nm, or even about 100 to about 200 nm. In
some embodiments the period between adjacent nanostruc-
tures 313 in metasurface 303 1s greater than or equal to 100
nm to facilitate production of metasurfaces 3035 via litho-
graphic or other techniques. In instances where nanostruc-
tures are included in a Bravais lattice (e.g., a hexagonal
Bravais lattice) formed by unit cells containing a plurality of
nanostructures, the period of the nanostructures may corre-
spond to one or more lattice parameters of the unit cell(s)
used to form the lattice.
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For the sake of clarity and ease of understanding, the
present disclosure will describe various examples of metal-
enses that include nanostructures 313 1n the form of cylin-
drical pillars that are formed on the surface of a substrate
301. It should be understood that the use of cylindrical
pillars 1s for the sake of example only, and that nanostruc-
tures 313 are not limited to a cylindrical pillar shape. Indeed,
the shape of the nanostructures described herein can vary
considerably. For example, the metasurfaces described
herein may include an array of nanostructures 313, wherein
the nanostructures are in the form of cylindrical pillars,
cllipsoidal pillars, spheres, rectangular prisms, other scat-
tering structures, or the like. When the nanostructures
described herein are 1n the form of pillars, such pillars may
have one or more than one side. Examples of such pillars
include cylindrical (one sided) pillars, triangular (three
sided) pillars, quadrilateral (four sided pillars), pentagonal
(ive sided) pillars, and the like.

As noted previously the dimensions of the nanostructures
described herein may vary considerably. For example 1n
some embodiments the metasurfaces described herein
include an array of nanostructures, wherein the height of
such nanostructures 1s fixed or variable across the entirety or
a portion of a metalens. In any case, the height of the
nanostructures may be in the range of from about 50 to about
2000 nm, such as about 100 nm to about 600 nm, or even
about 100 to about 200 nm. In some embodiments, the
height of the nanostructures 1s greater than 100 nm. Of
course such ranges are enumerated for the sake of example
only, and the nanostructures herein may be of any suitable
height.

The lateral size of the nanostructures described herein
may also vary considerably. For example 1n instances where
the nanostructures are in the form of cylindrical nanoscale
pillars, such pillars may have a center and a radius extending
from the center to an outer wall of the pillar. The radius of
such pillars may range, for example, from about 25 to about
500 nm, such as from about 50 to about 250 nm, or even
about 50 to about 100 nm. Without limitation, 1n some
embodiments the nanostructures are 1n the form of cylindri-
cal pillars having a diameter of greater than or equal to about
50 nm. Similarly 1n instances where the nanostructures
include or are in the form of multisided pillars or other
geometric shapes, such structures may have a lateral length
(1.e., a longest linear dimension as measured between oppos-
ing sides of a nanostructure) ranging from about 50 to about
2000 nm, such as about 100 nm to about 600 nm, or even
about 100 to about 200 nm. Of course such ranges are
enumerated for the sake of example only.

A wide variety of materials may be used to form the
nanostructures 313. In some 1nstances, it may be desirable to
select the matenials for forming the nanostructures 313 based
on the wavelength(s) of light that will be incident on the
metalens 301 1n a target application. When a target appli-
cation 1nvolves using the metalens 301 to impart a phase
change to visible light, for example, 1t may be desirable to
form the nanostructures 313 from one or more materials that
interact with visible light. Non-limiting examples of such
materials include high refractive index, low loss dielectric
materials such as dielectric oxides (110,, Nb,O., Ta,O.,
/nQ), carbides (e.g., S1C), diamond, sulfides (e.g., ZnS,
CdS, and/or nitrides (e.g., AIN). Alternatively or addition-
ally, the nanostructures 313 may be formed from or include
one or more high-index polymers (n>1.6), such as but not
limited to silicones and/or acrylics. Polymers with even
higher index may also be used, and may be formed, for
example, by highly loading a polymer matrix with nanopar-



US 10,132,465 B2

9

ticles that have a refractive index of greater than or equal to
1.8, or even greater than or equal to 2. In some embodi-
ments, the materials used to form the nanostructures 313 are
transparent to light in the region of interest (e.g., visible
light), and exhibit an absorptivity of less than 100/mm.

The nanostructures described herein are not limited to a
single material, and may be formed from more than one
material. For example, the nanostructures may include two
or more of the above noted materials, wherein alternating
layers (or other configurations) of such materials are used to
“build up” a nanostructure on the surface of a substrate.
Lithographic and other techniques to produce such struc-
tures are well understood.

The refractive index of the maternials used to form the
nanostructures 313 may impact their performance for a
given application. It may therefore be desirable to select
materials for forming the nanostructures 313 based on their
refractive index. In that regard, in some embodiments the
nanostructures 313 may be formed from or include dielectric
or other materials having an refractive index that 1s greater
than or equal to about 1.5, 2.0, 2.3, 2.5, 2.7, or more. Without
limitation, 1n some embodiments nanostructures 313 are
formed from or include dielectric materials having a refrac-
tive mndex greater than or equal to 2. Non-limiting examples
of such materials include those mentioned above.

The relationship between the refractive mdex of nano-
structures 313 and substrate 303 may also afiect the perfor-
mance of metalens 301. It may therefore be desirable to
select the materials used to form substrate 303 and nano-
structures 313 such that they have a particular refractive
index relationship. In that regard the refractive index of the
nanostructures 313 may be greater than, less than, or equal
to the refractive index of substrate 303. Without limitation,
in some embodiments the refractive index of nanostructures
313 is greater than the refractive index of substrate 303. It
1s noted, that by using nanostructures 313 that have a
refractive index greater than the refractive index of substrate
303, it 1s possible to reduce or minimize the amount of high
angle scattered light that may be trapped in then substrate
303 due to total internal reflection. Moreover, selecting the
materials of the substrate 301 and the nanostructures 313
formed thereon such that there 1s a large difference 1n the
refractive index of the nanostructures 313 and the substrate
301 can also be beneficial, as 1t can provide some resonance
or cavity enhancement eflects within the nanostructures 313,
resulting 1n the production of larger phase shifts for a given
length.

The microstructure of the materials used as nanostructures
313 may also have an impact on their optical performance.
For example, in some instances the microstructure of the
materials used to form nanostructures 313 may give rise to
artifacts 1 light down field of the lens. Alternatively or
additionally, the microstructure of the materials of nano-
structures 313 can cause anisotropic propagation of light
through metalens 301. It may therefore be desirable to select
materials for use as nanostructures 313 based on their
microstructure. For example, 1t may be desirable to use
amorphous or cubic materials (e.g., amorphous Ti0,, cubic
/nQ), so as to control anisotropic propagation eflects 1n
metalens 301. Of course, it 1s not necessary to use amor-
phous or cubic materials to form nanostructures 313, and
materials with other microstructures may also be used. It 1s
noted that nanostructures consistent with the present disclo-
sure need not have a uniform (1.e., single) nanostructure, and
that such structures may include a composite, random, or
other complicated microstructure, as desired. However, the
materials used to form the nanostructures 313
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In specific non-limiting embodiments, metalens 301
includes a substrate 303 formed from quartz, silica (S10,) or
alumina (Al,O;), and the nanostructures 313 are formed
from or include titanium dioxide (110,) or zinc oxide (ZnO).
In further examples the substrate 303 1s formed from quartz,
S10, or Al,O;, and the nanostructures 313 are formed from
amorphous Ti10, or cubic ZnO. In any of those speciific
non-limiting embodiments, the nanostructures 313 may be
in the form of include an array of cylindrical pillars, e.g.,
with a largest linear dimension (e.g., height) 1n the range of
about 100 to about 2000 nm. The lateral dimensions (in the
plane of the substrate) 1n some embodiments are constrained

by the wavelength of light, and are often less than or equal
to one half (12) of the wavelength of light.

From FIG. 3B it can be appreciated that the path length of
rays emitted from the point light source 315 in a spherical
wave front 317 increases as one moves radially outward
from the optical axis 350 (assuming the point light source
315 1s at the focus of the metalens 301). Stmilarly, the angle
of incidence at which light in the incident spherical wave
front 317 impinges on metalens 301 generally increases as
one moves radially outward from the optical axis 350. It may
therefore be desired to control the degree to which the array
of nanostructures 313 1n the metasurtace 305 alters the phase
of incident light, based at least in part on the position on
which the light 1s incident relative to the optical axis 350 of
the metalens 301. Put 1n other terms, 1t may be desirable to
configure the array of nanostructures 313 such that the phase
delay imparted by such structures to a light in an incident
hemispherical wave front 315 1s dependent on the radial
position of those nanostructures relative to the optical axis
350 of the lens.

In some embodiments therefore the array of nanostruc-
tures 313 1n the metasurface 305 1s configured to compen-
sate for the difference 1n optical path length and/or angle of
incidence as one moves radially outward from the optical
axis 350. This may be accomplished, for example, by
varying aspects of the geometry (e.g., height, width, radius,
etc.) of the nanostructures 313, either independently, 1n the
context of a unit cell containing a plurality of nanostructures
313, or even 1n the context of an array containing a plurality
of unit cells.

For example, during the design process the metasurface
305 may be subdivided into a plurality of two dimensional
(2D) unit cells, wherein each unit cell includes a plurality of
nanostructures 313. The unit cells may have any suitable
geometry, and may be symmetrical or asymmetrical. With-
out limitation, in some embodiments all or at least a portion
of the shape of the unit cells and their contents are sym-
metrical (e.g. square, hexagonal, triangular, etc.), so as to
reduce or eliminate polarization dependent eflfects. A plu-
rality of such unit cells may be used to make up one or more
regions of the metasurface 305. In such 1nstances the geom-
etry of each unit cell (e.g., length, width, etc.) and/or the
nanostructures 313 therein (e.g., nanostructure height,
width, diameter, position within a umit cell, etc.) may be
controlled such that the nanostructures 313 in each respec-
tive unit cell imparts an appropriate phase change to incident
light, based at least i part on the position of the unit cell
relative to the optical axis 350 of metalens 301.

Through appropriate design of the metasurtace 305 (or,
more particularly, nanostructures 313 and/or unit cells con-
taining such nanostructures), 1t 1s possible to design metal-
enses that exhibit useful optical properties for visible light
applications such as LARP and LED collimation. Such
properties mclude but are not limited to ligh numerical
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aperture (NA), short focal length, polarization 1nsensitivity,
and/or high lens transmission (e.g., 1n the visible region).

As used herein, the term “high numerical aperture” means
a numerical aperture that 1s greater than or equal to about
0.5. Therefore 1n some embodiments the metalenses
described herein may exhibit a NA that 1s greater than or
equal to about 0.5, such as greater than or equal to about 0.6,
greater than or equal to about 0.7, greater than or equal to
about 0.8, greater than or equal to about 0.9, or even greater
than or equal to about 0.95.

As used herein, the term “short focal length” means a
focal length that 1s less than or equal to about 5 millimeters
(mm). Therefore 1n some embodiments, the metalenses
described herein have a focal length that 1s less than or equal
to about 5 mm, less than or equal to about 4 mm, less than
or equal to about 3 mm, less than or equal to about 2 mm,
less than or equal to about 1 mm, less than or equal to about
0.5 mm, or even less than or equal to about 0.2 mm. Without
limitation, 1n some embodiments the metalenses described
herein have a focal length of less than or equal to about 1
mm.

As used herein, the term “lens transmission” means the
percentage of light that 1s within the lens numerical aperture
that 1s transmitted through the lens mnto a collimated beam
down field of the lens. In some embodiments the metalens
described herein have a lens transmission for light in the
visible range that 1s greater than or equal to about 50%, such
as greater than or equal to about 60%, about 70%, about
80%, about 90%, or even about 99%. Without limitation, 1n
some embodiments the metalenses described herein have a
metalens transmission of greater than or equal to about 80%
for light 1n the visible range.

In some embodiments the metalenses described herein
exhibit a combination of high numerical aperture, short focal
length, and high lens transmission for light in the visible
range. For example, in some embodiments the metalenses
described herein have a numerical aperture that 1s greater
than or equal to 0.5, a focal length of less than or equal to
about 2 min, and have a lens transmission greater than or
equal to 50% for wvisible light. In further non-limiting
embodiments, metalenses consistent with the present dis-
closure have a numerical aperture that 1s greater than or
equal to 0.8, a focal length of less than or equal to about 1
mm, and have a lens transmission of greater than or equal to
80% for visible light.

The overall geometry of the metalenses described herein
may vary widely. For example, the metalenses described
herein may be in the form of a substantially flat, one-
dimensional (1D) lens (analogous to a traditional refractive
cylindrical lens), a two-dimensional (2D) lens (analogous to
a traditional refractive spherical and aspherical lens), or, by
application of the metalens structures on both sides of the
substrates, 1n the form of a functional equivalent of a
traditional refractive bi-convex, bi-concave, or convex-con-
cave lens. A hybnid refractive metalens may also be formed
by the use of a substrate having one or more curved surfaces.

Without limitation, in some embodiments metalens 301 1s
in the form of a substantially flat, two-dimensional (2D)
lens. As used herein, the term “substantially flat” when used
in the context of a 2D lens means that the average surface
roughness (Ra) of the lens 1s less than about 10 nm, such as
less than about 5 nm, or even less than about 2 nm. Put
differently, 1n some embodiments the overall surface rough-
ness of the metalens 1s less than wavelength/10, so as to limit
or prevent the introduction of phase errors.

The overall dimensions of the metalenses described
herein may vary widely, and metalenses of any suitable size
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may be used. In instances where the metalenses 1s a 2D
circular lens, for example, such lenses may have a diameter
ranging from about 0.2 mm to about 3 centimeters (cm) or
more, such as from about 1 mm to about 5 mm.

In some embodiments the metalenses described herein
function to focus light incident on one side thereof and (by
reciprocity) to collimate light incident on another side
thereof. For example and with reference to FIG. 3A, the
metalens 301 may (through appropriate configuration of
metasurface 3035), be configured to focus light that 1s 1nci-
dent on a first side thereof and to collimate light that is
incident on a second side thereof. In some embodiments the
first side 1s the side of metalens to which the first side 309
of substrate 303 1s oriented, whereas the second side 1s the
side of metalens 301 to which the second side 311 of
substrate 1s oriented. Of course metasurface 305 need not be
configured 1n that manner. For example, 1n some embodi-
ments metasurface 305 may be configured to collimate light
that 1s incident on the first side 309 of metalens 301, and to
focus light that 1s incident on the second side of metalens
301, wherein the first and second sides of metalens are
defined as previously described.

As noted above, the inventors have discovered that
through appropriate configuration of a metasurface, 1t 1s
possible to produce metalenses that exhibit a combination of
properties that render them attractive for use 1n a variety of
lighting applications, such as LARP, LED collimation, laser
based spectroscopy, and the like. For example the metal-
enses described herein can exhibit a combination of short
focal length and high numerical aperture. It i1s therefore
possible to use such lenses as a collimating optic 1n a LARP
system, wherein the metalens 1s placed at a distance (d) from
the wavelength converter, where d 1s the same as or diflerent
from the focal length (1) of the metalens. This can allow a
dichroic mirror to be placed quite close to the metalens,
resulting 1n a highly compact reflective LARP system in
which the metalens can produce a highly collimated beams
from an 1ncident hemispherical/spherical wave front while
maintaining etendue. Similar advantages can be obtained in
other LARP configurations, such as transmissive LARP
(c.g., where primary light 1s incident on one side of wave-
length converter, secondary light 1s emitted on the other side
of the wavelength converter, and a collimating metalens
collimates the secondary light) and reflective LARP using
ofl-axis illumination. Moreover, similar advantages can be
attained using the metalenses described herein as a colli-
mating optic for LED collimation, collimation of near-point
sources (output from a single mode or small diameter
multi-mode fiber) optic and other systems.

Another aspect of the present disclosure 1s a laser assisted
remote phosphor (LARP) system that includes a metalens
consistent with the present disclosure as a collimating optic
(also referred to herein as a collimating metalens). Reference
1s therefore made to FIG. 4, which depicts one example of
a LARP system 400 consistent with the present disclosure.
As shown, LARP system 400 includes a collimating metal-
ens 401, a first light source 402, a dichroic beam splitter 405,
and a LARP target that includes a wavelength converter 409,
a substrate 411, and a heat sink 413. Although one or
ordinary skill will understand that other components can
also be imncluded 1n LARP system 400 (e.g., mirrors, driving
circuits, heat sinks, etc.), such components have been omit-
ted 1n the interest of brevity and ease of understanding.

In operation the first light source 402 emits primary light
rays 403 towards the dichroic beam splitter 4035. The
dichroic beam splitter 405 retlects the rays 403 towards the
collimating metalens 301. In this application the collimating
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metalens 401 includes a metasurface and a substrate that are
configured to transmit the primary light rays 403 such that
they are incident on the wavelength converter 409. The
metalens 401 i this application 1s designed to provide
different focusing properties of the primary light rays 403
than would occur with the secondary light rays 415. This
provides a degree of flexibility that cannot be obtained with
traditional refractive optics or diffractive optics. In some
respects, the metalens 401 can act as a wavelength depen-
dent optic or kind of notch filter for all or a portion of the
primary light rays 403, while focusing or collimating the
secondary light rays 415 and having little influence on
unconverted primary light that may be redirected back
through the metalens 401. Otherwise collimating metalens
401 1s configured and operates 1n much the same manner as
described herein with regard to the metalens 301 of FIG. 3
and/or the multiregion metalenses described later. Without
limitation, 1n some embodiments the metalens 401 1s a
multiregion metalens.

After passing through the metalens 401 the primary light
rays 403 are incident on wavelength converter 409. Gener-
ally, the wavelength converter functions to convert the
primary light rays 403 to secondary light rays 415, e¢.g., via
photoluminescence. The secondary light rays 4135 emitted by
the wavelength converter 409 are of a wavelength or wave-
length range that differs from the (first) wavelength of
primary light rays 403.

The wavelength converter 409 emits the secondary light
rays 415 1n a first light distribution (e.g., a hemispherical
(Lambertian) distribution), such that a first (e.g., spherical,
hemispherical, etc.) wave front of secondary light rays 415
1s 1ncident on the metalens 401. As shown, the distance
between the metalens 401 and a surface of the wavelength
converter 409 may correspond to the focal length (1) of the
metalens 401, but 1t should be understood that this i1s not
required. Consistent with the prior discussion, I may be less
than or equal to about 5 mm, 4 mm, 3 mm, 2 mm, less than
or equal to about 1 mm, less than or equal to about 0.5 mm,
or even less than or equal to about 0.2 mm. Without
limitation, 1n some embodiments 1 1s less than or equal to
about 1 mm.

As discussed herein the metalens 401 includes a meta-
surface that 1s configured to convert the first (e.g., spherical,
hemispherical, etc.) wave front of secondary light rays 415
into a second (e.g., planar) wave front, such that the sec-
ondary light rays 415 are collimated 1n a region down field
(DFR) of metalens 401, relative to wavelength converter
409. The metalens 401 may also be configured to exhibit a
combination of high numerical aperture (NA), short focal
length (1), and high lens transmission for the secondary light
rays 415. For example, the metalens 401 1n some embodi-
ments has an NA greater than or equal to 0.5 (e.g., 20.8), a
tocal length 1 of less than or equal to 2 min (e.g., =1 mm),
and has a lens transmission greater than or equal to 50% for
the wavelength(s) of the secondary light rays 415. Alterna-
tively 1n some embodiments the metalens 401 1n some
embodiments has an NA greater than or equal to 0.9, a focal
length 1 of less than or equal to 2 mm (e.g., =1 mm), and
has a lens transmission of greater than or equal to about 80%
for the wavelength(s) of the secondary light rays 415. Of
course, metalens 401 can exhibit other (e.g., higher) numer:-
cal aperture, as well as diflerent lens transmission.

The collimated secondary light rays 415 pass through the
dichroic beam splitter 405 and are focused by lens 421 onto
other optics 423 (e.g., fiber optics, projection optics, etc.) of
the LARP system 400. If desired, an optional second light
source 417 may be used to add additional color channels 419
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that reflect off of the dichroic beam splitter 405 to be focused
on the additional optics 423 by the lens 421, as shown.

The first light source 402 may be a laser light source that
1s configured to emit primary light rays 403 of any suitable
wavelength, provided that they can be retflected off of
dichroic beam splitter 405 and transmitted through the
metalens 401, as generally shown 1n FIG. 4. For example, in
some embodiments the light source 402 is a laser that emits
primary light rays 403 1n the violet, blue, green, yellow, red,
or other portion of the visible region of the electromagnetic
spectrum. Without limitation, 1n some embodiments first
light source 402 1s a blue laser that emits primary light rays
403 having a wavelength ranging from about 430 to about
4’70 nm. Alternatively, the light source 402 may be a diode
laser or other light source that emits primary light rays 403
in the near ultra-violet and/or ultra-violet regions, ranging
from 375 nm-420 nm. Alternatively, the light source 402
may emit visible light 1n range of about 470 to about 670 nm.
As will be appreciated, the wavelength of primary light rays
403 and the composition of wavelength converter 409 may
vary considerably, and may be chosen in combination based
on the desired application.

As noted previously in the embodiment of FIG. 4 the
metalens 401 1s configured with a notch filter characteristic,
such that 1t transmits light of the wavelength(s) of the
primary light rays 403. Therefore when the primary light
rays 403 are blue laser light with a wavelength 1n the range
of 430 to about 470 nm (e.g., 440 nm, 460 nm, etc.), the
metalens 401 1s configured with a notch filter characteristic
for light 1n the range of about 430 to about 470 nm (e.g., 440
nm, 460 nm, etc.).

The wavelength converter 409 generally functions to
convert mcident primary light rays 403 to secondary light
rays 415. In that regard, in some embodiments the wave-
length converter 409 1s formed from or includes one or more
photo luminescent maternials that are capable of converting
incident primary light rays 403 to secondary light rays 415.
Non-limiting examples of suitable photo luminescent mate-
rials that may be used include cerium activated garnets of the
general formula (Y, Lu, Gd),Al.O,,:Ce (e.g., Y;AlLO,,:Ce
(Ce:YAG), LuyAlLLO,,:Ce (Ce:LuAG), and (Y, Gd);ALO,,:
Ce (CE:GdYAG), europium activated oxynitrides of the
general formula (Ba, Ca, Sr)S1,0O,N,:Eu (e.g., (SrS1,0,N.:
Eu (Eu:SrS10ON), and various other phosphor materials
known 1n the art. Without limitation, in some embodiments
wavelength converter 409 1s or includes one or more of
Ce:YAG, Ce:LuAG, Ce:GdYAG, or Fu:SrSiON. In some
embodiments the wavelength converter 409 1s a ceramic
phosphor plate, meaning that 1t 1s a solid, sintered polycrys-
talline photo luminescent material, e.g. of one or more of the
materials 1dentified above as being suitable for use in the
wavelength converter 409.

As shown in FIG. 4 the wavelength converter 409 is
coupled to a substrate 411, which 1n turn 1s coupled to a heat
sink 413. Without limitation, the wavelength converter 409
in some embodiments 1s a ceramic phosphor platelet that 1s
bonded to a high reflectivity substrate 411 with an optional
high thermal conductivity adhesive (not shown). When used,
the high thermal conductivity adhesive may be formed any
suitable high thermal conductivity material, such as alumina,
zinc oxide filled silicone, low temperature glasses, and the
like. Alternatively or additionally, the wavelength converter
409 may be a ceramic phosphor that 1s coated with a highly
reflective coating, and which 1s soldered to the heat sink 413.
The heat sink 413 generally functions to remove excess heat
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that may be produced by wavelength converter 409 during
the conversion of primary light rays 403 to secondary light
rays 415.

As discussed above the metalens 401 can exhibit desirable
optical properties for LARP, but may be relatively small
compared to specialized collimating optics previously used
tor LARP applications. For example, the metalens 401 may
be a circular 2D lens having a diameter ranging from about
0.2 mm to about 3 centimeters (cm), such as from about 1
min to about 1 cm, or even about 1 mm to about 5 mm. The
other components of LARP system 400 may be correspond-
ingly reduced 1n size, resulting 1n a compact LARP system
that can be used 1n various compact light applications.

Another aspect of the present disclosure relates to lighting
devices that include a LARP system that includes a colli-
mating metalens. This concept 1s shown in FIG. 4, which
depicts the LARP system 400 as being optionally included
in a lighting device 495. Non-limiting examples of lighting
devices that may be used as lighting device 495 include
automotive lighting fixtures (e.g., headlamps, turn signals,
fog lamps, etc.), mterior and exterior lighting fixtures (e.g.,
overhead lighting fixtures, luminaires, spotlights (e.g., PAR
spotlights), security lighting, etc.), industrial lighting,
flashes for smart phone and other cameras, fiber optic
sources (microscopes), collimating light from an optical
fiber, combinations thereof, and the like. Without limitation,
in some embodiments lighting device 493 1s a compact light
device, such as but not limited to an automotive headlamp,
automotive tail lamp, automotive turn signal, automotive
interior light, automotive spot light, automotive fog light, or
the like. In some embodiments, lighting device 4935 1s an
automotive headlamp.

Another aspect of the present disclosure relates to a
collimation system in which a metalens consistent with the
present disclosure 1s used as a collimating optic. More
specifically, one aspect of the present disclosure relates to an
LED collimation system 1n which a collimating metalens 1s
used to collimate light from one or more LEDs, such as a
chip level or remote phosphor conversion LED. In that
regard reference 1s made to FIG. 5, which depicts one
non-limiting example of the structure of a collimation sys-
tem consistent with the present disclosure. As shown, col-
limation system 500 includes a collimating metalens 501
and a light source 502. Although one or ordinary skill will
understand that other components can be included in the
collimation system 3500 (e.g., mirrors, driving circuits, heat
sinks, etc.), such components have been omitted from FIG.
5 1n the interest of brevity and ease of understanding.

Similar to the wavelength converter 409, the light source
502 1s generally configured to emit light rays 503 of a given
wavelength or wavelength range into a region up field
(UFR) of the metalens 501. Unlike the wavelength converter
409, however, emission of the light rays 503 by the light
source 502 from a light emitting surface thereof, e.g., 1n
response to the application of a driving electric current.

The light source 502 1s aligned along the optical axis 507
of the metalens 501 and may emit light rays 503 in any
region of the electromagnetic spectrum, such as the ultra-
violet, visible, and/or infrared regions. Without limitation, in
some embodiments the light source 502 1s configured to emit
light rays 503 1n the visible region of the electromagnetic
spectrum.

Regardless of the wavelength of the light rays 503, the
light source 502 1s configured to emit a distribution of such
rays into a region up field (UFR) of the metalens 501. The
light rays 503 have a first distribution and a first wave front
in the UFR. The light rays 503 are then incident on a
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metasurtface (not shown) of metalens 501 or, more particu-
larly, on an array of nanostructures in that metasurface.

Like the metasurfaces of the previously described metal-
enses, the metasurface of the metalens 501 1s configured to
impart a phase change to the light rays 503, such that the
light rays 503 are collimated 1n a region down field of the
metalens 501 (DFR) and have a second wave front that
differs from the first wave front of the light rays 503 1n the
UFR. For example, 1n instances where the light rays 503
have a spherical or hemispherical wave front in the UFR, the
metasurface may be configured to impart a phase change to
the light rays 503 such that they are collimated and have a
have a planar wave front in the DFR. In that way, the
metalens 501 can produce a collimated light beam of parallel
light rays 503 in the DFR.

The metalens 501 in FIG. 5 (1.e., for extended source
collimation applications) generally functions in much the
same manner as the other metalenses described herein, such
as metalenses 301 and 401 in FIG. 3 and FIG. 4 (e.g., for
LARP applications), and the multiregion metalenses
described later. A detailed discussion of the structure and
function of the metalens 501 1s therefore not reiterated for
the sake of brevity. One notable exception 1s that unlike
metalenses for LARP applications (e.g., metalens 401), the
metalens 501 does not need to be configured to transmit
pump (primary) light that 1s emitted from a first light source
(c.g., a laser), such that the primary light 1s incident on a
wavelength converter. Therefore for extended source colli-
mation systems such as the one shown 1n FIG. 5, 1t 1s not
necessary to configure at least a portion of the metasurface
of the metalens 501 with notch bandpass characteristics,
¢.g., for the transmission of incident primary light.

Similar to the discussion of LARP system 400, the com-
ponents of the collimation system 500 may be made quite
small due to the relatively small size of the metalens 501 as
compared to conventional collimating optics. The collima-
tion system 500 can therefore be utilized 1n a wide variety
of lighting devices. In that regard another aspect of the
present disclosure relates to lighting devices that include a
point source collimation system consistent with the present
disclosure. This concept 1s shown 1n FIG. 5, which depicts
point source collimation system 300 as optionally being
included 1n a lighting device 595. Non-limiting examples of
lighting devices that may be used as lighting device 595
include the lighting devices enumerated above as being
suitable for lighting device 495. Without limitation, in some
embodiments lighting device 595 1s a compact lighting
device, such as but not limited to an automotive lamp,
automotive tail lamp, automotive turn signal, automotive
interior light, automotive spot light, automotive fog light, a
PAR spotlight, or the like. Without limitation, 1n some
embodiments the lighting device 5935 1s an automotive
headlamp.

The present disclosure will now proceed to describe
various examples ol metalenses that can exhibit properties
that are useful for lighting applications such as LARP, LED
collimation, and the like. Before discussing those examples,
however, 1t 1s helpiul to understand various design consid-
crations that can be leveraged to guide the design of met-
alenses consistent with the present disclosure.

As discussed brietly above, conventional diffractive
optics (e.g., spherical lenses, ball lenses, gradient index
(GRIN) lenses, etc.) can be used to collimate light from a
point source such as an LED, a wavelength converter, or the
like. In such instances, rays emanating from point light
source, situated at the focus of the lens, are refracted by the
optic. To form parallel rays at 1ts output (1.e., 1n a region
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down field of the lens), the degree to which the lens bends
light generally increases as one moves away from the optical
axis of the lens. More specifically i the case of perfect

collimation from a point source (no spherical aberration), the
collimating optic 1s designed such that 1t provides a negative

optical path length delay of Al, where Alz\/(f2+x2+y2)—fj n
which 1 1s the focal length of the lens (1n meters), and x and
y are horizontal and vertical axis coordinates on the lens (in
meters). Or more specifically, the optic 1s configured to
produce a radially dependent phase delay A¢) given by
equation (1) below:

2r

Tl f -T2 w37 )+ 00

(D)

Ag =

in which A 1s the wavelength of light passing through the
lens, n_ 1s refractive index of the medium in which the
incident light 1s propagating, 1 1s the focal length of the lens
in meters, X and y are horizontal and vertical coordinates on
the lens 1n meters, and ¢, 1s a constant phase factor which
may represent a baseline phase shift through the lens. The
radial distance (r) from the optical axis of the lens i1s given

by r:\/x2+y2. Moreover 1t 1s emphasized that A¢ 1s negative,
and decreases (1.e., becomes more negative) as the radial
distance r from the optical axis increases.

In the context of designing metalenses consistent with the
present disclosure, the imnventors have recognized that phase
of the wave front at the output side of the lens (e.g., 1n a
region down field of the lens, relative to a light source) only
needs to be determined to a multiple of 2m and, thus, the
optical phase transformation of the nanostructures in the
metasurface of a metalens only needs to be defined modulo
27t. This concept 1s generally illustrated 1n FIG. 6, which 1s
a plot of phase delay (A¢) of a metasurface, versus the radial
distance (r) from the optical axis of the metalens. It 1s noted
that that FIG. 6 1s provided to 1llustrate the general concept
of radially dependent phase delay using one example of a
metalens. It should therefore be understood the values of A¢
and r specified therein are for the sake of example only and
the metalenses described herein are not limited thereto.

Thus, unlike conventional refractive optics, the nano-
structures used 1n the metasurface of the metalenses
described herein do not need to provide the full negative
path length delay, ®¢, at each radial position of the lens.
Rather, the nanostructures only need to provide phase shiits
(A¢) up to 2w or a multiple of 2m, wherein the phase shift
provided at any point on the metasurface may vary as a
tfunction of the radial distance (r) from the optical axis of the
metalens. This 1s described 1n equation (II) below:

(IT)

di2x
o |l T )+ 4o

Ag = -

in which 1 1s number of 2 phase shiits that occur before a
(0-2m) phase jump. In many instances the metalenses
described herein are designed with 1=1, so as to limit the
amount of phase shift the nanostructures in the metasurface
must produce. It should be understood that the metalenses
described herein are not limited to those designed with 1=1,
and that 1n some embodiments 1 may be greater than or
equal to 2.

This concept 1s generally shown in FIG. 6, which 1s a plot
ol a target hyperboloidal phase shift (A¢ as calculated by
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equation (II) for the case of 1=1) of a metalens as a function
of radius (first 200 um) the optical axis of a metalens,
wherein the focal length (1) 1s 1.0 min and ¢, 1s 2m. The
phase shift may be divided into a plurality of phase jump
regions (or zones), wherein each phase jump region 1s
defined by a phase shift of 2m-0. For example 1n FIG. 6, the
first phase jump zone extends from r=0-32 um and corre-
sponds to a phase shift of 2m-0, and so forth. To avoid
ambiguities, especially with regions containing 21w phase

10 jumps, the term “phase jump regions” (also referred to as
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“phase jumps” or “phase jump zones™) 1s used to designate
regions separated by 21w increments 1n the phase change.

As can be seen from the blown up region of FIG. 6, the
target hyperboloidal phase shift becomes increasingly linear
between phase jumps as one moves radially outward from
the center of the lens. As r increases beyond a threshold
radius (e.g., corresponding to roughly 3-10 phase jumps),
the target hyperboloidal phase shift may be closely approxi-
mated by a locally periodic sawtooth phase. The imventors
have leveraged this fact to design metalenses that include
nanostructures that closely approximate the target hyperbo-
loidal phase 1n the region outside the threshold radius with
structures that produce locally periodic sawtooth phase
changes. In general, one can choose the threshold radius
(1.e., radial position) at which that transition occurs. From
FIG. 6 1t 1s also apparent that the phase jumps become
increasingly close to one another as one moves radially
outward from the axis of the lens.

With the foregoing in mind, another aspect of the present
disclosure relates to collimating metalenses. Such metal-
enses 1nclude a metasurtace that 1s formed on (e.g., directly
on) a surface ol a substrate, wherein the metasuriace
includes one or more regions. In the latter instance, the
metasurface in some embodiments may iclude a first region
and a second region, where the first region 1s proximate to
the center and/or the optical axis of the metalens, whereas
the second region 1s radially outward of the first region and
extends annularly around the first region. In some embodi-
ments, the second region 1s configured to take advantage of
the fact that the target hyperboloidal phase outside of the
threshold radius can be approximated by nanostructures that
produce a local sawtooth phase shift. For example, the
second region 1 some embodiments includes nanostructures
that are aligned with the 2 phase jumps rather than fixed to
a specific periodic array format. The nanostructures can also
be arranged to approximate a radially varying local sawtooth
phase variation that 1s functionally equivalent to a local
blazed diffraction grating, whose period varies smoothly
with radius.

In contrast, 1n some embodiments the first region that 1s
proximate to the center and/or optical axis of the metalens 1s
not designed to produce a local sawtooth phase shift. Rather,
in such embodiments the nanostructures in the first region
are configured to produce a phase shift that 1s consistent with
(e.g., Tully accounts for) the target hyperboloidal phase shift
versus radius as exemplified by FIG. 6 and described above.
More particularly, 1n some embodiments the nanostructures
of the first region are designed such that the curvature or
nonlinearity that 1s present within the first few phase jumps
of the target hyperboloidal phase shift 1s well reproduced by
the first region for accurate collimation. In other embodi-
ments, the first region may be composed ol nanostructures
that are still commensurate with the radial phase jumps, but
which are configured to produce a phase shift that closely
approximates the full target hyperboloidal phase shift.

In either case (single or multiregion metalens), the meta-
surface of the metalens 1s configured such that the nano-
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structures proximate the optical axis or the center of the lens
provide a phase shiit that 1s a first type of approximation of
a target hyperboloidal phase, whereas the nanostructures
that are radially outward from the center or optical axis of
the lens (1.e., past a threshold radial position) provide a
phase shift that 1s a second type of approximation of the
target hyperboloidal phase. In some embodiments, for
example the nanostructures in the region proximate the
center or optical axis of the lens may be configured to
provide a phase shift that approximates the full hyperboloi-
dal target phase. In contrast, the nanostructures in the region
radially outward from a threshold radius may be configured
to provide a phase shiit that approximates the hyberboloidal
target phase 1n another manner, such as with a locally
periodic sawtooth phase.

FIG. 7 provides a top down view of the structure of one
example of a multiregion metalens 700 consistent with the
present disclosure. As shown, the multiregion metalens 700
includes a metasurface 750, which 1s formed on one side of
an (1deally flat) substrate. It 1s noted that for the sake of
example, the multiregion metalens 700 1s depicted as having
a circular metasurface 750 with a radius of R. It should be
understood, however that the multiregion metalenses
described herein are not limited to that geometry, and that
the metasurface 750 may have any suitable geometric shape.

The metasurface 750 includes a first region 701 with a
radius r, that 1s disposed around a center (C) of the meta-
surfaces 750. As noted previously, the first region 701
includes a first nanostructure array that is configured to
impart a phase shift to light incident thereon that closely
approximates the full target hyperboloidal phase as specified
by equation II.

In some 1nstances the metasurface 750 further includes a
second region 703 with a radius r,. For example when r, 1s
greater than 0, the second region 703 1s disposed radially
outward of and annularly around the first region 701. For the
sake of clarity and ease of understanding the second region
703 m FIG. 7 1s depicted as a single region that extends
annularly around the first region 701. While such a configu-
ration may be used, 1t should be understood that the second
region 703 1n some embodiments may include a plurality of
subregions, wherein the subregions collectively function as
the second region 703. This concept 1s 1llustrated 1n FIG. 11,
which depicts one example of a metalens 1100 that includes
a metasurface defined by a first region 701 and a second
region 703 that i1s subdivided into a plurality of annular
subregions 1103, 1105, 1107, 1109, 1111, 1113, etc. In this
illustrated embodiment, the radial width of each of the
subregions increases as one moves radially outward from the
center of the lens, however such a configuration 1s not
required and subregions of any suitable radial width may be
used. For example, 1n some embodiments the radial width of
cach subregion within the second region 703 may be the
same, or may decrease as one moves radially outward from
the center or optical axis of the lens.

When used, the second region 703 includes a second
nanostructure array that 1s configured to take advantage of
the fact that a local sawtooth phase shift can be used
approximate the target hyperboloidal phase specified by
equation (II) in the portions of the lens that are radially
outward of the first few phase jumps (1.e., 1n the region
radially outward of the first region 701). This 1s diflerent
than the first type of approximation of the phase shift
imposed by the first array of nanostructures 1n the first region
701 of the metasurtaces 750, which are designed to provide
a phase shift that fully approximates the target hyperboloidal
phase. The second nanostructure array may therefore be
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configured to impart a phase shift to light incident thereon,
wherein the phase shift 1s a local sawtooth phase shift with
period given by the location of the phase jumps 1n equation
II. As may be appreciated, the local sawtooth phase shifts
imparted by the second nanostructure array approximates
the target hyperboloidal phase specified by equation II in the
regions outside the first few phase jumps of the lens, but may
not reproduce the non-linearity present in the phase jump
regions of that portion of the target hyperboloidal phase.

In the embodiment of FIG. 7 the metasurface 750 has a
circular shape with a radius (R) and, thus, FIG. 7 may be
understood to depict a 2D circular metalens. The radius R 1s
not particularly limited and thus, the metalens 700 (and, in
particular, metasurfaces 750) may be of any suitable size.
Without limitation, 1n some embodiments R ranges from
about 0.1 to about 10 millimeters (mm), such as about 0.1 to
about 5 mm, about 0.25 to about 5 mm, or even about 0.1 to
about 1 mm. Of course such dimensions are enumerated for
the sake of example only, and metalens 700/metasurface 750
may have a radius (R) of any suitable size.

Depending on the application for which metalens 700 1s
to be used, it may be desirable to control the radius (r,) of
the first region 701 relative to the radius (r,) of the second
region 703, or to the radius R of metasurtace 750, where
R=r,+r,. In some embodiments, the radius r, of the first
region 701 ranges from greater than 0 to about 25% of R,
such as from greater than O to about 20% of R, greater than
0 to about 15% of R, greater than 0 to about 10% of R,
greater than O to about 5% of R, greater than 0 to about 2.5%,
or even greater than O to less than or equal to 1% of R, where
r,.=R-r,. Without limitation, in some embodiments, r,
ranges from greater than O to about 1% of R, and r,=R-r;.
Thus for example, where R=2.5 mm, r, may be greater than
0 to about 0.025 mm.

In some embodiments, the radius r, may also be defined
based on the focal length of the metalens 700. For example,
in some embodiments r, may be a fraction of the focal length
(1) of the metalens 700. In some instances, r, may be equal
or about equal to one third, one quarter, one fifth, or a
smaller or larger fraction of the focal length (1) of the
metalens 700. Without limitation in some embodiments r, 1s
equal to about one quarter of the focal length of the metalens
700. Thus for example, where 1 1s about 1 mm, r; may be
about 0.25 mm 1n such embodiments.

Alternatively, 1t may be desirable to define r, based on a
calculated or predetermined number of 2m phase shiits. For
example, 1n some embodiments r, may correspond to the
radius at which a threshold number of 2 phase shifts occur,
such as from greater than O to about 15, such as from greater
than or equal to 1 to about 10, or even from about 5 to about
10 2 phase shifts.

In some embodiments the first and second nanostructure
arrays 1n the first and second regions 701, 703, respectively,
may include an array of nanostructures that form a subwave-
length high contrast grating (SWHCG) structure. As used
herein, the term “subwavelength high contrast grating”
means a nanostructure array that includes nanostructures in
the array have lateral dimensions (parallel to the substrate)
that are less than a wavelength of light that 1s to be incident
thereon.

Nanostructures within the first nanostructure array may be
grouped 1nto first unit cells, wherein a lattice (e.g., a Bravais
lattice) of first unit cells make up the entire first nanostruc-
ture array. This concept 1s illustrated 1n FI1G. 8, which depicts
a multiregion metalens 800 that includes a first region 701
including a plurality of first unit cells 820. As further shown,
metalens 800 also includes a second region 703 that includes
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a plurality of second unit cells 830. As described herein, the
geometry of the second unit cells 830 may be the same or
different from the geometry of the first unit cells 820. In
instances where the geometry of the first and second unit
cells 820, 830 1s the same, the discussion herein with regard
to the first unit cells 820 should be considered to apply to the
second unit cells 830.

The geometry of the first unit cells 820 may vary con-
siderably provided the nanostructures therein have subwave-
length lateral dimensions. The geometry of each of the first
unit cells may be the same or different and a wide variety of
different first unit cell geometries may be used. Non-limiting
examples of suitable first unit cell geometries include trian-
gular, quadrilateral (e.g., diamond, parallelogram, square,
rectangular, etc.), hexagonal, and other non-periodic or
quasi-periodic geometries. In any case, the first unit cells
820 may include a plurality (e.g., 2, 3, 4, etc.) of subwave-
length nanostructures, such as but not limited to nanoscale
pillars, spheres, efc.

Without limitation, 1n some embodiments the metasurface
of the first region 701 1s 1n the form of a Bravais lattice of
first unit cells 820. In such a lattice, each of the first unit cells
820 include one or a plurality (e.g., 1, 2, 3, 4, or more) of
nanoscale pillars, such as cylindrical subwavelength nano-
pillars. The choice of the geometry of the unit cells may vary
widely. In some embodiments the nanoscale pillars are
arranged such that each unit cell has a rectangular geometry,
with an internal angle 0 between the lattice basis vectors. In
some embodiments each unit cell contains 2 nanopillars,
wherein an array of unit cells 820 define a hexagon and
thereby form a hexagonal Bravais lattice. These concepts are
illustrated 1 FIGS. 9A and 9B, which provide perspective
and top down views, respectively of a magnified portion two
adjacent first unit cells 820 of one example of a hexagonal
Bravais lattice that may be used in a first region 701 of a
multiregion metalens 700. In the case of the hexagonal
Bravais lattice shown 1n FIG. 9A, 0=60°, and the length of
the lattice basis vectors (a,, a,) are equal, e.g., la,|=la,l.

As shown 1n this example the hexagonal Bravais lattice
includes a plurality of first unit cells 820, wherein each of the
first unit cells 820 has a rectangular geometry and includes
two nanostructures 910 (1.e., each unit cell 820 encompasses
one Nano pillar and shares one quarter of four nanopillars
with four adjacent first unit cells 820 (not shown)). Each
pillar 910 has a height h,, which may vary or be substantially
constant between pillars within a first unit cell 820. In some
embodiments h, ranges from about 50 to about 2000 nm,
such as from about 500 nm to about 1000 nm, and 1s constant
between pillars within the first and/or second regions. In
some embodiments, h, 1s about 400 to about 600 nm. In
turther non-limiting embodiments, each nanostructure 910
has the same or about the same height h, 1n the first region
701. It should be understood that such ranges are not
limiting, and that the actual height of the pillars may be
determined, e.g., by various factors such as the desired phase
shift, wavelength, refractive index, combinations thereof
and the like.

As further shown, each nanostructure 910 also has a
diameter d,. In some embodiments d, ranges from about 50
to about 250 nm, such as about 100 to about 250 nm, or even
about 200 to about 250 nm. In some embodiments, nano-
pillars 910 1n the first region 701 each have the same or
about the same height h,, but their diameter d, may vary
within the above ranges. In specific non-limiting embodi-
ments, each of nanopillars 910 1n the first region 701 have
the same height h, (where h, ranges from about 100 to about
500 nm) and the diameter (d,) of the nanostructures in the
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first region 701 varies within a range of about 100 to about
500 nm, such as within the range of about 100 to about 300
nm. Without limitation, i some embodiments d, varies
within the first region 701 1n a range of about 100 to about
290 nm, and may be set based on the radial position of a first
unit cell 820 relative to the optical axis of the metalens.

As previously described the nanopillars 910 unit cells 820
may define a hexagon. This may be accomplished, for
example, by defining the unit cell with lattice basis vectors
(a,, a,), as shown 1 FIG. 9B, where the reciprocal lattice
basis vectors (b, b,) are defined by the relation b,-a =270,
where 1, =1 or 2 and o,; 1s the Kronecker delta function
which equals one when both 1ndices are equal and zero when
indices are diflerent. To satisiy the condition for a subwave-
length grating, the reciprocal lattice basis vectors should
satisly the equation (III) below:

(10D)
15; 1] > x

where 1 and 7 are 1 and 2, respectively, and A _ 1s the
wavelength of light propagating in the medium with an
refractive index (n,_) 1 which the source 1s immersed, or
light propagating in the substrate 903 of the metalens, where
the substrate has an refractive index (n_). In instances where
the source 1s 1n air, n_=1. Typical values for the substrate
include n =1.46 for fused silica, n =1.52 for borosilicate
BK7 glass or n =1.77 for sapphire (alumina).

In some embodiments the first region 701 1ncludes hex-
agonal lattice of cylindrical nanopillars such as the one
shown 1n FIGS. 9A and 9B, wherein the lattice basis vectors
(a,, a,) for a hexagonal lattice with a fundamental period A
are defined by equation (IV) below.

2 Ao
V3 T

(IV)

where A, 1s the wavelength of incident light propagating in
air, n_ 1s 1, and A=la,|=la,|. Thus for example, for a
minimum wavelength of 500 nm for the nanostructures on a
fused silica (n=1.46) substrate, Equation IV shows that the
period A (and, consequently, a, and a,) 1s less than 395 nm.
In general, A (and a, and a,) may range from about 100 to
about 500 nm, such as from about 100 nm to about 350 nm,
or even about 200 nm to about 350 nm. Of course such
ranges are enumerated for the sake of example, and 1t should
be understood that the actual values of A, a;, and a, may
differ therefrom, e.g., based on the substrate, the propagation
medium (11 the refractive index of the propagation medium
1s higher than that of the substrate and/or the shortest
collimating wavelength.

In some embodiments the first region 701 includes a
Bravais lattice that includes an array formed from a large
number of first umt cells 820 containing nanopillars 910
having a diameter d1, as shown 1 FIG. 9A. With that in
mind, the mventors have used the fact that the duty cycle
(d,/A) of the first unit cells 820 can impact the phase shift
that such unit cells impart to incident light. To 1llustrate this
concept reference 1s made to FIG. 10, which depicts the
calculated phase shift and transmission imparted to an
incident plane wave having a wavelength of 595 nm by a
hexagonal Bravais lattice of nanopillars 910 with a height h,
o1 400 nm, and a fundamental period A of 325 nm, versus the
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duty cycle (D) of the unit cells 910 in the lattice, where
D=(d,/A). The condition for subwavelength operation for
such a lens 1s A,=z411 nm. For the sake of this calculation, the
lattice was assumed to be formed on a fused silica substrate
(n=1.46), with the light incident from the substrate side.

As shown, a hexagonal Bravais lattice of unit cells 910
can 1mpart a tull 27 (360°) phase shift for light 1n the yellow
region (595 nm) without requiring a 100% variation in the
duty cycle (d1/A) of the first unit cells 820. More specifi-
cally, the results show that transmission through the struc-
ture 1s nearly 100% at all usable phase shifts. Although the
calculations showed a destructive resonance 1050 at a duty
cycle D=0.61, in practice that destructive resonance can be
avoided because the full 2m phase shift range can be
obtained by designing a metalens using duty cycles outside
of the destructive resonance.

A high numerical aperture (NA) lens using a SWHCG
such as the one described above 1 connection with the first
region 701 can be attained using a hexagonal Bravais lattice
that includes a large set of first unit cells 820 that have a
fixed period. To achieve a spatially dependent phase shiit
specified by equation (II), however, the duty cycle of the unit
cells 820 must vary according to the duty-cycle phase
relationship of an array of such unit cells, as 1s demonstrated
by FIG. 10.

By exercising appropriate control over the duty cycle, it
1s therefore possible to design a metalens that includes a
metasurface that 1s solely formed from a hexagonal Bravais
lattice of first unit cells 820. For example, it has been shown
in the art that a metalens may be designed to include a single
region that extends annularly around the optical axis of the
lens, wherein the single region 1s includes a Bravais lattice
of unit cells with the configuration shown n FIGS. 9A and
9B, and wherein the duty cycle of the unit cells 820 varies,
e.g., as a function of their radial position relative to the
optical axis of the lens.

Such a metalens design may be understood as correspond-
ing to the design of FIG. 7, wherein r,=0 and the first region
701 defines the entirety of metasurface 750 and includes an
Bravais lattice of hexagonal unit cells with varying duty
cycle. As noted, the duty cycle of the unit cells may be varied
as a function of their radial position relative to the optical
axis of the metalens. This may be accomplished, for
example, by adjusting the diameter of the nanostructures 1n
the unit cells, while holding their position and their height
constant. More specifically, 1n instances where nanoscale
cylindrical pillars are used, the center and height of such
pillars may remain constant within the unit cells of the
lattice, while the diameter of the pillars may vary.

To demonstrate the performance of such a lens design
reference 1s made to FIG. 12, which 1s a simulated plot of
phase versus radial position for one example of 1D metalens
with a structure consistent with that of FIG. 7, where r,=0.
For the purpose of the simulation, a 1D metalens that has a
1 mm focal length, and which includes a metasurface formed
from SWHCG that in turn 1s formed from a hexagonal
Bravais lattice of cylindrical Ti10, nanopillars was used,
where the duty cycle was fixed over a certain number of unit
cells, but was allowed to vary amongst diflerent groups of
unit cells. More specifically, the duty cycle was allowed to
vary as X increased, while the fundamental period A of the
unit cells remained constant. It 1s noted that T10, was chosen
for the simulation because 1t has one of the highest refractive
indices 1n the visible region of the spectrum, 1s relatively
casy to deposit as a thin film (even in 1ts amorphous form),
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and 1s relatively amenable processes that may be practicably
used to form the nanopillars, such as etching, photolithog-
raphy, and the like.

As shown 1n FIG. 12, the phase produced by the simulated
1D lens was sampled at several points within each portion of
the metasurface that provided a 0-2m phase shift, as indi-
cated by the dots. At any given sample point, several periods
of the SWHCG were used, where the SWHCG period
number 1s defined as the number of rectangular unit cells
with a fixed duty cycle that were used to generate a par-
ticular phase sample point along the x dimension. In the case
of a 2D lens, one can use the number of unit cells 1n both x
and y directions as the SWHCG period number. The number
of SWHCG periods (1.e., the number of fixed duty cycle unit
cells) used for each sample point 1s differentiated by the
different shading of the phase profile 1n FIG. 12, with the
number of SWHCG periods decreasing with increasing x.
Using this approach, one can maximize the resonant effects
of the SWHCG array 1n each phase jump (0-27) zone so as
to elicit a desired phase response and transmission. The
SWHCG may also permit accurate reproduction of the
sampled phases. Simulations also show that as the number
of SWHCG periods drop below a threshold number (e.g.,
three), one can still achieve a strong phase variation by
modulating the duty cycle of the unit cells within a hexago-
nal subwavelength array, but transmission falls. It may
therefore be desirable to keep as many SWHCG periods as
possible to maintain high lens transmission.

The specific sampling design shown 1n FIG. 12 shows that
the phase 1n the first phase jump zone (1.e., X ranging from
0 to about 35 microns) can be sampled quite finely (e.g., with
~9 different phase samples). Moreover, the width of the first
zone 1s sullicient to permit 5 SWHCG period s at each phase
sample. As X increases, however, the phase sampling
becomes coarser. Eventually (1.e., at some threshold value of
x), only one SWHCG period per phase sample 1s able to fit
into a given phase jump zone. Moreover 1n some 1nstances,
relatively few (e.g., three or fewer) phase sample points can
be taken at high values of x. Note that for this simulation,
when the radial position becomes significantly greater than
the focal length of the lens, the width of each phase jump
zone becomes close to A_/n_ . In such instances 1t may not be
possible to sample above the Nyquist criterion, and thus may
represent a limit for the numerical aperture of a particular
lens design. Put in other terms, as one moves radially
outward from the optical axis of a lens having a design
similar to that of FIG. 12, the 0-2m phase shifts imparted by
the nanostructures may become so close to one another that
it 1s not possible to sample the phase 1n accordance with the
Nyquist criterion.

Simulations were performed to determine the ability of a
1D metalens (equivalent to a refractive cylindrical lens)
having the design of FIG. 12 to collimate light from a point
source 1 one dimension. The results are provided 1n FIG.
13. Although the simulations were performed only 1n one
dimension (suilicient computing capability was not avail-
able to the inventors to compute the results globally), 1t 1s
expected that any given annular ring of the metasurface of
the simulated metalens will exhibit performance similar to
the simulations reported in FIG. 13. It 1s therefore expected
that the results in FI1G. 13 are a reasonable approximation of
the ability of the metalens to collimate light of the indicated
wavelengths 1n two dimensions.

The simulation results 1n FIG. 13 show that a metalens
design consistent with FIG. 12 1s expected to provide a high
degree of collimation for visible light over a design wave-
length range of 595-610 nm, which 1s a useful band for a
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range ol phosphors and light emitting diodes. Simulation
results at a test wavelength of 580 nm outside of the design
region also show a high degree of collimation (1.1° full-
width half-maximum of the central lobe) and lens transmis-
sion of 82.5%. Accordingly, metalenses with an even
broader collimating wavelength range are expected and are
contemplated by the present disclosure, although potentially
with some degradation in collimation and lens transmission.
The simulation results also show that as the point source was
shifted on the focal plan from the optical axis of the lens to
150 microns below the optical axis, the angle of the colli-
mated beam shifts 1n manner that 1s expected by geometric
optics. It 1s noted that while the simulations assumed that
light from the light source was incident on the substrate side
of the metalens (with parallel rays exiting the metasurface
side of the lens), similar performance 1s expected if the light
was 1ncident on the metasurface side of the lens. Moreover,
similar performance 1s expected in from a lens design that
incorporates a hexagonal Bravais lattice with a duty cycle
that continuously changes, rather than a fixed duty cycle in
a limited number of SWHCG periods. Use of a continuously
variable duty cycle may have reduced diffraction artifacts,
turther 1improving lens transmission into a desired phase-
space.

It can be seen from equation (II) that as the angle of the
incident light from a point light source centered on the focal
point, increases (1.e., as numerical aperture (NA) increases),
the phase shift per unit radial distance begins to approach
2nn, 1/A. Thus at high numerical aperture annular regions the
unit cell period A becomes a large fraction of An . Therefore
sampling rates of the phase (number of samples 1n a phase
mump (0-2m) zone) for even one grating period approach the
Nyquist criterion. It 1s therefore expected that high-quality
collimation of high angle incident rays will eventually
become diflicult using a SWHCG that have a fixed funda-
mental period. To compensate for the increased angle of
incidence, one can reduce the fundamental period A of the
unit cells by shrinking the lattice constants (a,, a,, etc.)
thereol as one moves radially outward from the optical axis
of the lens, while reducing the diameter d, of the nanostruc-
tures.

Another aspect of the present disclosure therefore relates
to a metalens that includes a plurality of annular SWHCG
regions, wherein the fundamental period A of each the unit
cells in the SWHCG array can vary with the radius of the
lens. Put 1n other terms, unlike the previous aspect (1in which
the fundamental period A of the unit cells was fixed) 1n this
aspect the fundamental period A of the unit cells forming the
SWHCG are allowed to vary, e.g., by positioning the nano-
pillars 910 closer or further away from one another while
retaining the geometry of the unit cell. At the same time, the
duty cycle of the umt cells may be varied by altering the
diameter d, of the nanopillars, as previously discussed.
Example metalenses 1n in accordance with aspect this aspect
may therefore include a metasurface formed of a SWHCG
array defined by a hexagonal Bravais lattice of unit cells that
include cylindrical nanostructures 910 (e.g., as shown 1n
FIG. 9A), wherein the fundamental period A of the unit cells
varies as one moves radially outward from the optical axis
of the metalens. More specifically, the lattice constants (a,,
a,, etc.) of the unit cells 820, 830, may become increasingly
small (1.¢., the pillars 910 may be moved increasingly close
to one another) as one moves radially outward from the
optical axis.

One advantage of this approach 1s that it can enable the
production of metalenses that exhibit very high numerical
aperture (NA signmificantly greater than 0.5, such as NA>0.8
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or even >0.9 or more), as compared to metalens designs 1n
which the fundamental period of the unit cells 1s held
constant. However, such advantages may entail the use of
umt cells with a larger duty cycle and/or fitting smaller
diameter pillars (d,) mto a smaller period. The overall
performance of such metalenses may therefore be negatively
aflective 1n terms of lens transmission.

Using this approach a 2D metalens can be designed. As
one example, a metalens which has diameter (D) of 4 mm
with a 1 mm focal length and a numerical aperture of 0.89
for visible wavelength collimation above 500 nm can be
designed using a hexagonal lattice of fixed period unit cells
(A=250 nm) throughout the entire 2D metalens surface for
a source 1n air, and a continuously varying duty cycle. The
relationship between phase and duty cycle may be deter-
mined from 2D simulations, analogous to FIG. 10 for a 2D
hexagonal lattice of fixed duty cycle unit cells. The height of
the nanostructures (e.g., pillars) h, 1n the unit cells may be
controlled to achieve a compromise between lens transmis-
sion and required duty cycle range. Alternatively, as an
example, one could use a larger period A=325 um near the
center of the lens, e.g., within the first 250 um, and then
decrease the period to A=2350 um at radial distances exceed-
ing 250 um.

Such a lens may be particularly suitable for use as a
collimating optic 1n an LED collimation system such as the
one shown in FIG. 5, and may produce a beam divergence
(0) of about 27° (where tan 0=D/21). Moreover, the metalens
can be designed with the metasurface on the exit side,
thereby enabling 1t to be bonded directly to a light source
(e.g., light source 502) such as an LED, e.g., with an
adhesive. Without limitation, the adhesive used 1s preferably
one with low refractive index, so as to minimize the impact
the adhesive on etendue. Alternatively, one can also bond the
metalens substrate with higher refractive index adhesive, but
use a lower index substrate material (fused silica for
example). Either method will limit the étendue gain of the
LED compared to direct transmission into air. Bonding the
metalens 501 to the light source can also provide an addi-
tional heat path for cooling the light source 502. Of course,
the metalens may also be used 1n the arrangement shown 1n
FIG. 5, wherein an air gap 1s present between the light
source (LED) 502 and the metalens 501. The collimated
beam exiting the metalens into air will be at the (e.g., lowest
attainable) etendue of the LED (light source 502) emitting
directly 1nto air, so that the collimation angle 1s the narrow-
est possible from the light source 502.

The foregoing discussion has focused on embodiments 1n
which a metalens has a single region (e.g., a first region 701)
that includes a hexagonal Bravais lattice of umt cells that
define a SWHCG, and wherein the geometry of the unit cells
in the lattice 1 each region 1s uniform throughout the lens
but the duty cycle has been allowed to vary. The discussion
has also been extended to lenses that include two or more
hexagonal lattice regions, wherein both the duty cycle and
period of the unit cells has been allowed to vary. Although
the lenses described above are usetul and may be designed
with a high collimation angle, their use of a fixed unit cell
geometry may impose some limitations that may be unde-
sirable for some applications. For example, the radial loca-
tions at which the phase 1s sampled may be incommensurate
with the phase jump locations, and may therefore entail the
use of small lattice periods at high NA locations to maintain
the Nyquist criterion. The mmventors have recognized that
such challenges can be addressed by a metalens design that
includes multiple regions, wherein the geometry of unit cells
within each region need not be the same.
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Another aspect of the present disclosure therefore relates
to collimating multiregion metalenses wherein the unit cell
geometry of the metasurface 1s not fixed throughout the lens.
Such lenses may have a general structure consistent with
FIGS. 7, 8, and/or 11, wherein the unit cell structure 1n the
first region 701 (1.e., the structure of the first unit cells 820)
differs from the unit cell structure (1.e., the structure of
second unit cells 830) 1n the second region 703 or subregions
thereol. More specifically, in some embodiments the first
region of the such metalenses mclude a SWHCG array of
first unit cells having a structure consistent with that of
FIGS. 9A and 9B, wherein the fundamental period of the
unit cells 1s fixed throughout the first region 701. In contrast,
the second region of such metalenses includes an array of
unit cells of a diflerent structure than that shown in FIGS. 9A
and 9B.

In some embodiments, the precise structure of the
SWHCG array of first unit cells 820 1n the first region 701
1s designed to impart a phase shift to light over a certain
numerical aperture (angular extent) on the metalens,
wherein the (first) phase shiit 1s a first type of approximation
ol a target hyperboloidal phase, e.g., as defined by equation
IL Non-limiting angular extents for light emitted by a point
light source at the focal point of the metalens for the first
region 701 include but not lmmited to 10°-20°. In some
embodiments, the first region 701 may be understood to
have a numerical aperture in the range 01 0.17<NA<0.34. In
contrast, the metasurface in the second region 703 (or, more
particularly, the unit cells therein) may be configured to
impart a (second) phase shift to light that 1s icident at
higher angles (e.g., angular extent ranging from greater than
20° to 70° or more), wherein the (second) phase shift 1s a
second type ol approximation of the target hyperboloidal
phase that 1s different than the first type of approximation.

As demonstrated by FIG. 6, the target hyperboloidal
phase shift defined in Equation (II) proximate the optical
axis of a metalens becomes very close to a sawtooth phase
shift at higher NA regions. The mventors have recognized
that a perfect linear phase corresponds to a prism which
bends light at a fixed angle with 100% efliciency. That 1s, the
sawtooth phase-shift at higher NA corresponds to a prism
with 2mt (or higher order) phase jumps, as well as to the
shape of a blazed diffraction grating. The inventors have
therefore conceptualized the substantially locally periodic
sawtooth phase shift occurring at higher NA as correspond-
ing to a local grating with a local period that 1s dictated by
the location of the phase jumps. Equivalently, the inventors
have considered each small azimuthal region of a few radial
phase jumps to correspond a local “blazed” grating that
diffracts a ray from the focus of the lens into its —1 order,
producing a collimated ray. With that in mind, the mnventors
recognized that a metalens providing a phase shift similar to
that of FIG. 6 may be obtained by designing the lens with a
central (first) region that includes a SWHCG grating, and
one or more annular (second) regions at higher NA that
include nanostructures approximating the function of a
diffraction grating. In operation, the two regions coopera-
tively act to generate a target hyperboloidal phase.

The mventors also recognized from equation (II) that the
radial locations of diffraction gratings formed by nanostruc-
tures can correspond precisely to phase jump locations 1n the
hyperboloidal phase. More precisely, the radial location of
the phase jumps where nanostructures defining a diffraction
grating configuration should be inserted is at radii r, , where
r, 1s defined by equation (V) below:

v =mihgy 1+ 27 Mg (V)
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As betore, 1 1s the number of 2w phase shifts per phase

Tump. In some stances 1=1 to minimize cylinder height, but

certain advantages for 1>1 exist and are discussed 1n con-
nection with certain example embodiments.

The use of a metasurface that includes multiple regions
with different geometry can provide considerable advan-
tages. Within the first region 701, the phase varies relatively
slowly so that it makes sense to sample the phase with high
resolution for best fidelity. SWHCG structures such as those
described herein are well suited for this purpose. However,
it may be diflicult to utilize such structures to provide high
quality collimation of light at high angles of incidence (high
NA), as discussed above.

In contrast, radial difiraction grating structures are well
suited to provide a sawtooth phase at high angles of 1nci-
dence (1.e., in the second region 703 and subregions thereot),
but 1t may be challenging to use such structures to provide
the full hyperboloidal phase shift, as may be desired from
the first region 701. While 1t 1s possible to design a metalens
in which an radial diflraction grating of nanostructures is
used 1n the first region 701, as well as in the second region
703, the desired hyperboloidal phase near the center of the
metalens may not be well presented. Put differently, the
desired hyperboloidal phase 1n the first region 701 (see, e.g.,
equation II and FIG. 6) deviates far from the linear sawtooth
behavior, and may be diflicult to be well approximated by
the linear phase produced by an array of nanostructures
having an radial diffraction grating structure. Furthermore as
a radial diffraction grating structure converges to the lens
center, numerous “grain boundary” slips may be needed to
accommodate the needed Nyquist azimuthal sampling, lead-
ing to a large number of spurious diffraction “defects” and
reduced collimation fidelity. The mventors have therefore
determined that a hybrid metalens using an array ol nano-
structures defining a SWHCG structure in the first region
701 proximate the optical axis (1.e., at a {irst, relatively low,
NA) and an radial diffraction grating in the second region
703 (1.e. at a second NA higher than the first NA) can
provide improved collimation fidelity, as compared to a
metalens that includes only SWHCG or radial difiraction
grating structures.

Another strong advantage of the mixed geometry
approach 1s 1t can significantly improve the ability of lens
designers to simulate the tull 2D lens numerically. Therelfore
unlike previous metalens structures, optimization of the
global structure and performance for the hybrid lenses
described herein may be performed with significantly less
computing resources, particularly at high NA. Put difler-
ently, 1t may be desirable to globally optimize the full three
dimensional (3D) structure and performance of metalenses
that are based solely on the fixed lattice approach. However,
accurate simulations require full 3D simulations of the entire
structure of the lens, 1.e., ab-initio approaches such as
fimte-difference finite-ttime (FDFT) or finite-element
(FEM). For metalens diameters on the order of a few
millimeters, this implies a simulation on the order of 10”
clements, which can require intensive large-scale comput-
ng.

In contrast, optimizations of the hybrid designs described
herein can be streamlined by leveraging symmetries and
other properties of the nanostructure array used in the
second region 703. Specifically, in the hybrid approach the
array ol nanostructures in the second region 703 can be 1n
the form of a radial diflraction grating that includes nearly
radially periodic arrays of nanostructures. The inventors
therefore recognized that one can approximate the perfor-
mance of each local grating area based on a similar infinite
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grating of a fixed period with little error. This approximation
1s believed to be justified 1in the near-field because only
near-neighbor interactions between nanostructures in the
diffraction grating structure are believed to be important.
Far-field performance can therefore be predicted on the basis
of diflraction theory applied to the local near-field calcula-
tions.

Fast computational methods such as rigorous-coupled
wave analysis (RCWA) can therefore be used for each local
diffraction grating 1n the second region 703 (i.e., for subre-
gions 1103, 1105, etc. as shown 1n FIG. 11). The structure of
cach local diffraction grating (e.g., subregion 1103, 1105,
etc.) can be optimized for diffraction into the desired order
(e.g., —1 order) with the expectation that the optimization
will be a close approximation of the global optimization
such a structure.

With regard to the first region 701, because the location of
the 27 phase jumps 1n the case of a fixed period hexagonal
lattice (1.e., a SWHCG formed of a hexagonal array of {first
unit cells as described above) will be essentially random, the
overall structure of the SWHCG structure does not have
local periodicity. In many instances, the aperiodicity 1n duty
cycle of such a nanostructure array would require a full
ab-mnitio simulation to optimize. However, the inventors
recognized that when many periods of the SWHCG 1n the
first region 701 occur within a single phase jump zone, one
can again use a local period simulation to determine the local
phase and amplitude of the scattered light, greatly reducing
computational load. Such simulations amount to roughly to
simulating the phase by linearizing the hyperboloidal phase
at each point within the phase jump zone(s) near the center
of the lens, with the results being a fairly good representa-
tion of the final behavior of the SWHCG structure 1n the first
region 701. Of course 1n some 1nstances, the first region 701
may be sufliciently small as to be amenable to a full 3D
simulation, which could then be stitched to the local periodic
simulations used to optimize the second region 703.

Further details regarding the manner 1n which the nano-
structures within the second region 703 can be optimized 1s
now provided, with reference to an example second unit cell
830 that may be included 1n the second region 730 of a
hybrid multiregion metalens consistent with the present
disclosure. As an initial matter, 1t 1s noted that unlike a first
region 701 contaiming a SWHCG of nanostructures, optimi-
zation of the transmission into the -1 order of each radial
diffraction grating 1n the second region 703 can provide near
optimal conditions for the entirety of the second region 703.
This 1s because the near periodic geometry of the nanostruc-
tures 1n the second region 703 implies that a simulation of
any given radial diflraction grating (e.g., any of subregions
1103,1105, etc.), with periodic boundary conditions, will be
very close to the physical configuration of that radial dif-
fraction grating within the second region 703 1n a physical
reproduction of the metalens.

Reference 1s now made to FIG. 14, which depicts one
example of a rectangular unit cell geometry that may be used
as a second unit cell 830 1n the second region 703 of a hybnid
multiregion metalens consistent with the present disclosure.
In this illustrated example the rectangular second unit cell
830 includes a plurality of nanostructures 910, wherein each
individual nanostructure 910 has a geometry consistent with
the foregoing discussion. In some embodiments, the nano-
structures 910 1n the second unit cell 830 are in the form of
cylindrical nanopiliars, wherein each Nano pillar has a
height (h,) and a diameter (d,, d,, d;, d ), wherein such
dimensions may be the same or different between respective
pillars 1n the second unit cell 830.
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More particularly, in this example the unit cell 830
includes at least a portion of five nanostructures 910,
wherein three of those nanostructures 910 are laterally oflset
from one another along a first axis (A), and two of those
nanostructures 910 are laterally oflset from one another
along a second axis (B), wherein the second axis (B) is
normal to the first axis (A). Each umt cell shares multiple

nanostructures 910 with adjacent unit cells. Fach second
unit cell 830 also has a length (L) and a width (W) (as shown

in FIG. 14 and FIG. 8) which may be determined by
optimization calculations in the design phase, as discussed
herein.

Returning to the discussion of optimization, local optimi-
zations can be performed on a unit cell 830 as shown 1n FIG.
14, so as to define a plurality of subregions within the second
region 703, e.g., as shown 1 FIGS. 8 and 11. As further
shown 1n FIG. 8, 1n some embodiments the second unait cells
within a particular annular subregion have a periodic azi-
muthal arrangement. As best shown 1n the zoomed 1n portion
of FIG. 8, in some embodiments the second region of a
hybrid metalens may include “grain boundaries” or “slips™
860 (1.e., regions where the unit cell arrangement discon-
tinuously changes) between adjacent annular subregions, so
as to keep the dimensions of the of the unit cells 830 within
cach annular region similar to one another.

It 1s noted that while FIG. 14 depicts one example of a
second unit cell 830 that 1s rectangular in shape and 1s
defined by five nanostructures 910, the shape of the second
unit cells 830 and the number and position of the nanostruc-
tures included therein 1s not limited to that configuration.
Indeed, the optimization of the second region 803 can enable
the use of different second unit cells structures, wherein the
shape, dimensions, and locations of nanostructures within
the second unit cells differs from that of FIG. 14. Indeed the
number of elements used 1n a second unit cell, their shape,
dimensions, and locations within the cell are all free param-
cters that may be varied.

In that regard reference 1s made to FIGS. 15A-15C, which
show different second unit cell configurations that may be
used to form radial diflraction structures within the second
region 703. Such structures may be used, for example, 1n the
production of a second region 703 of a metalens that 1s
optimized for incident light having a wavelength i the
visible, such as 580 nm. As can be seen, the second region
can include a plurality of different radial diflraction struc-
tures (e.g., 1n annular subregions (1103, 1105, 1107, 1109,
1111, 1113 within the second region 703, as shown 1n FIG.

11), wheremn the unit cells within each annular subregion
differ from one another.

The unit cells 1501, 1503, 1505 all differ from one another
in terms of size and number of nanostructures, and 1n terms
of the arrangement of nanostructures within each unit cell.
For example, the unit cells structures of FIG. 15A may be
used to produce an annular radial diffraction grating that
calculations 1ndicate will bend 380 nm light by 31° with an
elliciency of 90%, whereas the structures of FIGS. 15B and
15C may be used to produce respective annular radial
diffraction gratings that calculations show will bend 580 nm
light by 45° (efhiciency of 83%) and 635° (efliciency of 68%),
respectively. This suggests that unit cells within each annu-
lar subregion of the second region 703 (e.g., subregions
1103, 1005, etc.) may differ from one another, and may be
optimized to provide different optical performance.

Similar variability can also exist with regard to the shape
ol the nanostructures within each of the annular subregions.
That 1s, each subregion within the second region 703 may
include an array of second unit cells 830, wherein each
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subregion includes unit cells that may be of the same or
different geometry as unit cells within another of the sub-
regions. For example, unit cells within the subregions may
have the same overall geometry, but may differ in duty cycle.
Alternatively or additionally, unit cells within different sub-
regions may have differing geometry. Furthermore the nano-
structures within one or more subregions may take on
different shapes, such as the elliptical cylindrical pillars 1n
FIGS. 15A-C versus the circular cylindrical pillars of FIG.
14. Those additional degrees of freedom may be leveraged
to enhance performance of a metalens design. For example,
a calculated transmission curve versus angle of incidence for
a metalens that includes annular regions that respectively
include an radial diffraction grating formed from unit cells
1501, 1503, or 1505 shows that such a lens can exhibit
roughly greater than 70%-90% transmission into the desired
—1 order for the optimized designs using elliptical elements.

Another point of note 1s that by using radial diffraction
grating structures, relatively simple optimization algorithms
known 1n the art can be used to optimize the performance of
the second region 703 of the metalens. Such algorithms
include but are not limited to local optimization algorithms
such as gradient search methods, hill climbing, trust-region
methods, and many others. Global optimization algorithms
may also be used, and may provide further advantages to
providing best optimization at the cost of computation
resources and/or time. Non-limiting examples of global
optimization algorithms that can be used include simulated
annealing, genetic search algorithms, various heuristic
search methods, sequential quadratic programming, and
others.

Note that 1n many of those algorithms, one can apply
constraints (“fabrication constraints) that are supportive of
physical fabrication of a metalens design. Examples of such
tabrication constraints include limiting the dimensions of
nanostructures, unit cells, etc. satisly manufacturing con-
straints, such as lithography constraints, constraints on
physical refractive index (1f part of optimization), geometric
constraints, constraints on number or shape of elements, and
other constraints that may apply to the particular problem.
The optimization metric can be chosen to be the power of the
diffracted light into a particular order (usually -1), given
some range of incident angles (which depend on source
s1ze), although other choices may be applicable.

Using the above optimization and design approach, a
hybrid metalens including a first region 701 and a second
region 703 with varying unit cell geometry was designed for
optimized collimation of 580 nm mnput light, which 1s near
the peak emission wavelength of many yellow phosphors
used for LEDs or LARD. The design considerations
assumed a maximum angle of incidence for light propagat-
ing i air of 70° (n_=1) and a numerical aperture of 0.96.
The basic structure of the lens 1s shown in FIG. 11, 1n that
a first region 701 and a second region 703 including a
plurality of subregions 1103, 1105, 1007, 1009, 1111, and
1113 were used. The metasurface in the first region 701 was
a SWHCG formed by a hexagonal Bravais lattice of unit
cells having a configuration consistent with FIGS. 9A and
9B. The metasurface 1n the second region (or, more particu-
larly, each subregion 1103, 1105, etc.) was formed from an
array of unit cells defimng a radial diffraction grating
structure. It 1s noted that the nanostructures in the second
region 703 1n this embodiment were elliptical or circular
nanopillars with a height of height 550 nm. The lens had a
diameter of 1.1 mm and a focal length of 200 um with the
metasurface facing the incident source and being formed on
a glass substrate.
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The first region 703 included a SWHCG formed from a
hexagonal Bravais lattice of uniformly spaced umt cells
consistent with the structure of FIGS. 9A and 9B, and
extended out to NA=0.25. For this example design, the
second region 703 was broken into six annular subregions
separated by 6 grain boundaries 860 as 1llustrated in FIG. 11.
The length (L) of each unit cell within a respective one of the
radial diffraction gratings (1.e., within each subregion 1103,
1105, etc.) 1n the second region 703 was determined using
equation (VI) below, which 1s for the -1 order:

Ag

sinf’

L (VD)

in which 0 1s the angle of incidence of a ray from the lens
focal point at distance 1 to a point on the meta-lens surface
and the free-space wavelength of the source light 15 A,.

The width (W) of each unit cell within a respective one of
the radial diffraction gratings 1n the second region 703 cell
was determined using formula (VII) below:

W=Adf tan 0 (VID)

where Q® 1s the angular width of the unit cell in the
azimuthal dimension. Because the second region 703
included a plurality of annular subregions (1103, 1105, 1107,
etc.) that smoothly vary between “slips™ or “grain bound-
aries” 860, A®T was a constant. Moreover 1n this example
design, the cell width W was imitially fixed at the beginning
of each grain boundary (1.e., at the boundary of a subregion
that 1s closest to the center of the metalens). The starting
width dimensions for W in this instance were approximately
400 nm. However the width values may vary and may be
dictated by the minimum feature size for the chosen nano-
structuring method. In some 1nstances the width values are
below A, to eliminate spurious propagating radial diffraction
orders.

The radial position, r, ot grain boundaries 860 between
adjacent annular subregions in the second region 703 were
determined using equation VIII below:

cand) g (VIII)

Wherein 0, 1s angle of incidence for a ray emanating from
the focus which give a radial grain boundary position. From
Equation VIII and the starting width W, the fixed azimuthal
width A® of the group of unit cells within annular subregion
was determined. In general, the azimuthal width of each
annular subregion (1.e., of subregions 1103, 11035, 1107, etc.)
was allowed to change relative to the azimuthal width of
other annular subregions, but remained fixed within a par-
ticular annular subregion.

In this example the minimum feature size d_. of the
nanostructures within the second region 703 was set at 100
nm, so as to account for practical limits of deep UV
lithography. As a result, both L and W were limited to greater
than 200 nm, assuming the cell consists of one cylinder and
a space between a cylinder 1n a neighboring cell. The starting
length L was determined by finding the angle of incidence
from equation (VII) and substituting into equation (VI).
Subsequent cell dimensions were determined by iteratively
increasing W by 1% increments at increasing radial posi-
tions and generating the corresponding length (L) of the cell.
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The number of nanostructures (N_) used in a set of unit
cells for a given annular region was determined by the
minimum length (L,_,,,,) value at the highest radi1 of a given
grain boundary region, 1s generally given by equation (IX)
below.

Lg,min ([X)
Nﬂ = Qdmin
Thus for a unit cell length of size L=500 nm and a d_ . of

100 nm, at huigh NA regions of the lens nm the number of
nanostructures 1s 2 according to Equation (DC).

It 1s noted that N_=2 1s also the minimum number of
nanostructures per cell allowed by the Nyquist criterion.

Therefore 1n some embodiments N_=2 for all regions of the
lens to eliminate phase distortion from aliasing. It 1s also
noted that while this example 1s based on a minimum feature
s1ze dictated by deep UV lithography limaits, finer resolution
1s possible with other approaches including EUV lithogra-
phy, e-beam lithography, nano-imprinting lithography, and
other methods know 1n the art. Therefore the number of
nanostructures for a high NA visible wavelength lens can be
greater than 2, even at the outer regions of the lens.

In one example embodiment, a hybrid metalens consistent
with the present disclosure was designed using a {irst region
701 that utilizes the unit cell design of FIGS. 9A and 9B. In
this example, a hexagonal Bravais lattice of first unit cells
820 of the structure of FIGS. 9A and 9B was used, wherein
the nanostructures 910 were circular pillars. The fundamen-
tal pertod A was A=a,=a,=320 nm, satisfying the sub-
wavelength grating criteria of equation (IV) at the design
wavelength A, of 580 nm. The center of each of the nano-
structures 910 1n the first unit cells 820 1n the first region 701
had a set of (X, y) coordinates that, when substituted into
equation (II), gave a desired a desired phase shift. RCWA
was performed using a commercially available program to
calculate the phase shift and transmission of a periodic
SWHCG of an array of first unit cells 820, while allowing
the duty cycle (d/A) to vary. The result of those calculations
produced a plot similar to that of FIG. 10. The diameter of
the nanostructures 910 was then chosen by mapping each
phase shift required at each cylinder position to the pre-
calculated phase—duty-cycle relationship. The maximum
diameter of the nanostructures 910 was 270 nm while the
mimmum diameter was approximately 100 nm for a phase
shift difference approaching 2m. The resulting pattern near
the x-axis and close to the center 1s shown 1n FIG. 16.

In the same example, the second region 703 of the
metalens was designed using a near periodic radial difirac-
tion grating structure, such as described above. More spe-
cifically, the second region included a plurality of annular
subregions, wherein each subregion includes an radial dif-
fraction grating. The grating structure of each annular sub-
region within the second region 703 was optimized as
previously described. The process starts at the end of the first
region 701, 1.e., at the intersection of the first region 701 and
the first annular region 1103, as shown in FIG. 11. For this
example the starting width W for unit cells within the first
annular subregion (1103) was roughly 400 nm, and 1t was

assumed that the unit cells included a fixed number of

cylindrical nanostructures 910. For each unit cell within a
given subregion, a width W 1s chosen by incrementing from
an initial width at the beginning of the subregion. RCWA
simulations were run at each width, varying the geometric
parameters ol a fixed number of cylinders, N_, using peri-
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odic boundary conditions based on the current unit cell. The
periodic boundary conditions assume that the near-field
phase shift and transmaission of the actual unit cell within the
lens can be well-approximated by assuming the cell and 1ts
neighboring cells form a periodic lattice, as justified earlier.
In this example the center location, major and minor axes
lengths, and rotation of the nanostructures 910 were varied
until the transmitted power of the —1 order was maximized,
and powers 1nto the other diflraction orders were minimized.
For the purpose of the calculations, incident light in the form
ol a plane wave at angle of incidence 0 with respect to the
x-ax1s was used, and the unit cells 1n each annular subregion
were aligned along their length.

The optimization calculations were performed at approxi-
mately every 1% increase in W within a respective annular
subregion, and the process was repeated for each additional
subregion (1.e., subregions 1105, 1007, 1009, etc.). For unit
cells 1n between the 1% increases of the widths W, interpo-
lation was used to determine the positions and dimensions of
the nanostructures. To enforce a fixed phase that at the
beginning of each cell (¢, in Equation (1I)], the transmission
into the -1 order was multiplied by the sine of the phase
imparted by the local grating into the -1 order, as measured
from the center of each umit cell. This produced a final
optimization metric for each annular subregion (local grat-
ing) and ensured that phase shift at the center of a unit cell
was lfixed at m/2 or ¢,=3m/2, although the actual value could
vary and such values are enumerated for the sake of
example. Moreover, 1t should be understood that the degree
to which W 1s incremented 1s not critical and can be adjusted
according to computational resources and design needs.

The foregoing process vielded a metalens that included a
first region 701 formed from a hexagonal Bravais lattice of
first unit cells 820 of the structure of FIGS. 9A and 9B, and
the general distribution shown in FIG. 16, and a second
region 703 including a plurality of annular regions, wherein
cach respective annular region included an radial difiraction
grating formed by unit cells 1501, 1503, 1505, respectively
as shown 1 FIGS. 15(A)-(C), with a first subregion includ-

ing the unit cells 1501 extending annularly around the first
region 1701, a second subregion including the unit cells
1503 extending annularly around the first subregion, and a
third subregion including the unit cells 1505 extending
annularly around the second subregion.

The performance of gratings formed by unit cells 1501,
1503, 1505 1s described above. It 1s noted that unit cell 1501
consists of 4 pillars while unit cell 1505 has 2 pillars,
coincident with the reduction 1n cell length L as required by
Equation (VI), with L=A, (380 nm) as expected at the
highest NA regions. Some selected values of elliptical
cylinder dimensions and locations of grain boundaries is
shown Table 1. The overall lens, showing region 1 1n the
center and the six grain boundary regions 1s shown 1n FIG.

17.
TABLE 1
Grain boundary regions for a hybrid metalens optimized for 580 nm
collimation with 1.1 mm diameter and a focal length of 0.2 mm
Radial Number Largest Corre- Smallest Corre-
location of cylinder sponding cylinder sponding
of pillars/  major MINnor major minor
region unit axis ax1s ax1s aXI1S
Design (m) cell diameter diameter diameter diameter
Hexagonal 0-55 2 270 N/A 100 N/A
periodic
lattice
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TABLE 1-continued

Gramn boundary regions for a hybrid metalens optimized for 380 nm
collimation with 1.1 mm diameter and a focal length of 0.2 mm

Radial Number Largest  Corre- Smallest Corre-
location of cylinder sponding cylinder sponding
of pillars/  major Minor major MINnor
region unit axis axis axis axis
Design (um) cell diameter diameter diameter diameter
Local 55-72 5 278 220 176 107
gratfing
Local 72-119 4 289 100 185 123
gratfing
Local 119-200 4 272 213 135 100
gratfing
Local 200-285 2 247 186 173 149
grating
Local 285-346 2 284 197 169 169
grating
Local 346-548 2 241 188 140 140
grating

The calculated collimating performance of the metalens
design shown 1n FI1G. 17 and depicted 1n FIGS. 18(a)-(d), for
a point source located at the focal point. The results show the
tar-field angular distribution where u, and u,, are the x and y
direction cosines 1n the glass substrate. It 1s noted that the

limit of \/ux2+uy250.65 was due to the total-internal retlec-

tion (TIR) angle limit of light generated the glass substrate
upon which the metasurface was formed, which can still
escape 1nto air. The calculations show 79% of the incident
power 1s transmitted by the lens mto the collimated region
as shown 1 FIGS. 18(a) and 18(d); another 7% 1s scattered
outside the collimated region as shown i FIG. 18(c¢).

The width of the collimated spot in the far-field 1s as
expected from the diffraction limit of a 1 mm diameter hole.
When the source 1s located ofl-axis from the focal point, but
still in the focal plane, the light remains collimated in the
corresponding off-axis direction, but contains aberrations.
This 1s shown 1 FIGS. 19(a)-(d) for the source placed
approximately 40 um ofl the optical axis, corresponding to
an angle of incidence to the center of the lens of 11.3°. From
geometric optics, this leads to a collimated beam 1nside the
silica substrate at an angle of 7.7° or u,=0.134, as observed

in FIGS. 19(b) and (d). The results also show the charac-

teristic tear-drop shape of a coma aberration. Thus, for an
extended source, corresponding to any real incoherent light
source such as the LARP source or LED, the meta-lens 1n
this example will collimate the beam with the expected
geometric divergence. However, the coma aberration will
primarily provide some angular mixing in the far-field, with
little impact on the divergence angle.

In another example embodiment, the hybrid design
approach was used to simultanecously optimize the radial
diffraction gratings in each annular region of the second
region 703 to have high lens transmission into diflerent
grating orders, depending on wavelength. The metalens 1n
this example was designed for 580 nm focusing and 450 nm
lens transmission whereby the 580 nm light was optimized
for the normal -1 order to provide spherical aberration-iree
collimation, which 450 nm light was optimized for O order
transmission. This 1s one example of a metalens configura-
tion that can be used for the LARP application in FIG. 4,
wherein the metasurface 1s configured to pass primary light
provided by first light source 402 (e.g., a blue laser), while

collimating the secondary light 415. Although not shown 1n
FIG. 4, one may use external optimized focusing optics for
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the primary light rays 403 emitted by the first light source
402. Sitmulations were run for the lens design based on a 450
nm normal mcidence plane wave, and the results are shown
in FIGS. 20(a)-(2). FIGS. 20(a)-(d) show the calculated
performance for a normally incident 450 nm plane wave.
FIGS. 20(e)-(/2) show the calculated performance for 580 nm

light emanating from the focal point 580 nm light coming
from the focal point.

In general, using the above approach one can consider
many variations on the geometric scheme to achieve met-
alens designs with various levels of optimization and
designs for different applications. One can choose to opti-
mize for high transmission over a wide wavelength range,
minimization of chromatic aberration (achromatic lens), and
other metrics that are feasible for single thin metalens. One
1s also not limited to a small number of finite rectilinear
cells. Moreover, 1t 1s possible to populate the second region
of the hybrid metalens with unit cells and umit cell arrange-
ments that are diflerent from those described above, includ-
ing regular triangular, hexagonal tessellations or other
irregular tessellations.

It 1s also noted that while portions of the foregoing
discussion focuses on a hybrid design that includes two
regions with different nanostructure array designs, the met-
alenses described herein are not limited to such designs. For
example, one could use the radial difiraction gratings
described above for the second region of a hybrid metalens
as to form the entire metasurface, bearing in mind the
challenges associated with such an approach near the central
portion of the lens. To address this, a one could simply
employ a metalens design with a pinhole in the center, rather
than any meta-clements, non-periodic element locations and
designs. Still further, a hybnid conventional Fresnel
approach could be used to define a metalens with a first
region including central or ring elements of shaped dielectric
to define Fresnel zones, and a second region using the radial
diffraction grating approach noted above.

Another embodiment of the present disclosure relates to
metalens designs in which the height of nanostructures in the
umt cells of a metasurface there 1s extended to produce
multiples of a phase shifts. This implies that/is greater than
one in equation (II). Although this approach may lead to
fabrication complexities, 1t can reduce chromatic aberration
by reducing the overall number of phase jumps in the
metalens. As wavelength shifts away from the central design
wavelength, the phase jumps move away from exact mul-
tiples of 2m leading to additional scattering and undesired
diffraction eflects that degrade collimation.

As noted above, anti-reflection coatings may be deposited
on the substrate surface or on the metasurface side of a
metalens. With the foregoing 1n mind, another aspect of the
present disclosure relates to metalenses that include a meta-
surface 1ncluding an array of nanostructures, wherein an
antireflective coating 1s deposited on a top surface of the
nanostructures. For example, an anfireflective coating may
be deposited on the upper surface of each of the nanostruc-
tures 910 shown 1n FIG. 9A, 9B, or 14. Use of the antire-
flective coating can reduce the reflection of either incoming
or outgoing light, depending on which side of the substrate
light enters. This may also enhance transmission 1n the case
ol nanostructures that tend to operate as waveguides rather
than resonators. Alternatively or additionally, highly reflec-
tive multi-layer coatings may also be useful to enhance the
phase shiit of the nanostructures through multiple passes
without increasing cylinder height. This can be another
method to improve chromatic effects by allowing for mul-
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tiple 2m phase shifts within a phase jump as in the previous
embodiment, but without greatly extending the length of the
nanostructures.

In yet another example embodiment, one may consider
different phase profiles than those that are given by Equa-
tions (I) and (II). For example, ofl-axis collimation with a
metalens design that achieves the phase shift specified in
Equation (II) can result in coma. To design a lens that may
partially compensate for aberrations such as coma, one can
determine the required phase profile needed by the meta-
lens. For a single ofl-axis point source, the generalization of
Equation (II) specified by Equation (X) below would yield
the following phase profile that a meta-lens with focal length
f should 1mpart:

(X)

A O d o7 %
#p, ) = mo [Tnm(fms 0 +

pcos®singy — V p? — 2 f pcos®tand, + £2 / cos28, )]

Here, the angle of incidence of the point source with
respect to the optic axis 1s 0,, also the angle of the ideal
collimated beam (See FI1G. 21(a)). The parameters p and @
(See FIG. 21(b)) are the distance from the optical axis and
angle from the plane of incidence (meridional plane) at
which the above phase 1s imparted by the metalens. The
other variables are defined as above, except that A 1n
equation (X) 1s a free space wavelength (1.e., A,). Equation
(X) therefore defines an i1deal phase profile for collimating
an oll-axis point source.

By comparing Equations (V) and (X), 1t can be seen that
one cannot make a single thin metalens that produces perfect
on-axis and ofl-axis imaging for a spatially extended 1nput
light distribution because the required phase depends on
where one 1s with respect to a given plane of incidence.
Equation (X) would require the local metalens phase at each
location to depend on the azimuthal angle of the plane of
incidence. However, for a circularly symmetric source, one
can have the less constrained phase by simply configuring
the lens to collimate light from a point source inclined at an
angle 0, 1n only the plane of incidence. This 1s equivalent to
setting the angle ®=0 and creating a set of meta-lens
clements only close to the plane of incidence. Rotating the
plane of mcidence of the point source in this way yields a
desired phase over the entire meta-lens given by equation XI
below:

Ad(p, D) = (XD

n
H%Fdlfnm(fmsﬁg + psindy — V p2 — 2 fptanfy + 2/ cos28, )]
i

Such a design can produce a reasonable (albeit potentially
aberrated) collimated beam for a ring source with angle of
incidence. From the edge-ray theorem, it 1s expected that
rays emanating from point sources (1n focal plane) at angles
of incidence less than 0, would lie within the collimated ring
generated by rays from point sources at 0. This implies that
a phase shift distribution as defined by Equation (XI) can
provide a reasonable degree of collimation from a circularly
symmetric extended source with maximum source size
determined by angle of incidence 0,. Many variations on the
scheme are possible that optimize phase profiles to optimize
metrics for collimation.

5

10

15

20

25

30

35

40

45

50

55

60

65

38

One can also appeal directly to the local grating optimi-
zation of an off-axis point source to generate deflected rays
from a radial line of local gratings at an azimuthal angle ¢
with respect to the incident ray. By constraining all local
gratings to be independent of ¢, one can optimize a ring of
local grating cells at each radius p to produce a desired
far-field ray bundle. Other phase distributions can also be
designed by including, for example, a linear phase to further
impart a beam detlection component.

Further details with regard to various considerations con-
cerning the design of metalenses may be found 1n Steven .
Bymes, et. al, “Designing large, high-efliciency, high
numerical-aperture transmissive meta-lenses for wvisible
light, Optics Express 5110-3124 (published Mar. 1, 2016);
available online at http://arxic.org/abs/1511.04781 as of
Nov. 17, 2015, the entire content of which 1s incorporated
herein by reference. This article 1s cited for the purpose of
reference and further detail only, and 1s not an 1indication or
admission that 1t qualifies as prior art.

EXAMPLES

The following examples pertain to additional embodi-
ments of the present disclosure.

Example 1

According to this example there 1s provided a multiregion
hybrid collimating metalens (700), including: a substrate

(303) having a first side (309) and second side (311); and a
metasurtace (305) formed on the first side (309) of the
substrate, the metasurface including a first region (701)
extending radially around an optical axis of the hybnd
multiregion collimating metalens (700) and a second region
(703) extending radially around the first region (701);
wherein: the first region (701) includes an array of first unit
cells (820) containing subwavelength spaced nanostructures
(910), such that the first region (701) functions as a sub-
wavelength high contrast grating (SWHCG); and the second
region (703) includes an array of second unit cells (830),
wherein the array of second unit cells (830) includes a near
periodic annular arrangement of nanostructures (910), such
that the second region (703) approximates the functionality
of a locally periodic radial difiraction grating.

Example 2

This example includes any or all of the features of
example 1, wherein: the array of first unit cells (820)
includes a hexagonal array of the subwavelength spaced
nanostructures (910).

Example 3

This example includes any or all of the features of
example 1, wherein the array of first unit cells (820) has a
duty cycle that varies as a function of a position of a
respective one of the first unit cells (820) 1n the first array,
relative to an optical axis of the metalens (700).

Example 4

This example includes any or all of the features of
example 1, whereimn: the array of first unit cells (820) is
configured to 1mpart a first type of approximation of a target
hyperboloidal phase to light incident thereon; the array of
second unit cells (830) 1s configured to impart a second type
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ol approximation of the target hyperboloidal phase to light
incident thereon; and the first type of approximation of the
target hyperboloidal phase 1s diflerent than the second type
ol approximation of the hyperboloidal phase.

Example 5

This example includes any or all of the features of
example 4, wherein the second type of approximation of the
target hyperboloidal phase 1s a sawtooth phase change.

Example 6

This example includes any or all of the features of
example 1, wherein the hybrnid multiregion collimating

metalens (700) has a focal length less than 2 millimeters and
a numerical aperture greater than 0.3.

Example 7

This example includes any or all of the features of
example 6, wherein the hybrid multiregion collimating
metalens (700) has a numerical aperture greater than or
equal to about 0.8.

Example 8

This example includes any or all of the features of
example 1, wherein the hybrid multiregion collimating
metalens (700) has a lens transmission of greater than 80%
for light 1n the visible region of the electromagnetic spec-
trum.

Example 9

This example includes any or all of the features of
example 1, wherein at least one of the first region (701) and
the second region (703) 1s configured as a notch pass filter
for certain wavelengths of light incident on the wherein the
hybrid multiregion collimating metalens (700).

Example 10

According to thus example there 1s provided a lighting
device (495, 595), including: a first light source (409, 502);
and a collimating metalens (401, 501) proximate the {first
light source (409, 502), the collimating metalens (401, 501)
being a hybrid multiregion collimating metalens (700)
including: a substrate (303) having a first s